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PREFACE 


N this book the authors have endeavoured to produce 
a text-book which will be of use alike to the student 
and to the practical surveyor. No attempt has been 
made to deal with geodesy, on which subject several 
excellent treatises are available, but the work is 
confined to an explanation of the principal methods 
of making such astronomical observations and com- 
putations as will require to be made by geodetic and 
topographical surveyors, prospectors, and explorers 
and others interested in the application of astronomy 
to surveying. 

These methods can be applied without a detailed 
theoretical analysis of the underlying principles in- 
volved, but the authors have thought it well to include 
a certain amount of such analysis for the benefit of 
those who wish to understand the theoretical as well 
as the practical side of the subject. 

The authors are indebted to Sir Henry Lyons, 
F.RS., Dr. J. Ball of the Egyptian Desert Survey, 
and Dr, H, Knox-Shaw, for many helpful suggestions. 


M. K. R.-O. 
WwW. V.S. 
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CHAPTERI 
GENERAL 


Plane Surveying.—In plane surveying it is assumed 
that the mean surface of the earth within the area sur- 
veyed is a horizontal plane, ie. a plane normal to the 
direction of gravity as indicated by a plumb line, and no 
account is taken of the fact that, owing to the curvature 
of the earth's mean surface, the direction of a plumb line 
at one point on such a survey is not, in normal circum- 
stances, parallel to the direction of a plumb line at another 
point on the same survey. 

This assumption is justified where the area of the survey 
is small, and errors arising from it may be neglected. 
However, it is obvious that in the survey of large areas 
or in the setting out of inter-state boundaries or long 
Jengths of railway and other lines the curvature of the 
earth must be taken into account and its surface can no 
longer be considered as a horizontal plane. 

Geodetic Surveying.—Surveying which takes the earth’s 
curvature into account is known as Geodetic surveying. 
In general, the area over which the earth’s surface may 
be considered as a plane for survey work may be taken 
as about 20 square miles; for an area of 20 to 20,000 
Square miles it may be considered as part of a sphere, 
and as part of a spheroid for an area of over 20,000 
Square miles, 

x 
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Geodetic surveying necessitates the determination of 
not only the relative positions of a number of points on 
the earth’s surface but also their absolute position, re- 
ferred to certain definite axes, and for this latter purpose 
recourse must be had to astronomical observations. 

It will also be apparent that in plane surveying it is 
sometimes necessary to know the absolute position on 
the earth’s surface of one or more stations in the survey, 
as, for example, to fix the location of a proposed line of 
railway in a country where pegs would be quickly obliter- 
ated by tropical growth or other circumstances. 

Field Astronomy.—Observations for these and similar 
purposes, and the interpretation of their results, come 
under the heading of Field Astronomy and deal inter 
alia with the determination of true meridian, latitude, 
longitude, and time. The principles involved are the 
same as those in daily use in aerial and marine 
navigation, but, the circumstances being different, the 
methods are naturally somewhat different and different 
instruments are used. 

Earth’s Relation to other Heavenly Bodies.—In order 
to understand fully the methods used in Field Astronomy 
it is necessary to have a clear conception of the relation 
in which the earth stands, as regards position and motion, 


to the other heavenly bodies, viz. the sun, moon, stars, © 


and planets, as observations on these bodies supply the 
data for computations by which the required results are 
obtained. 

The apparent movements of these bodies having been 
observed from the remotest times, the conception of what 
may be called the mechanism of the system has been 
deduced and so firmly established that there is no doubt 
as to its correctness, and the results of every observation 
are consistent with it. 

The solar system consists of the sun with a number of 
planets, of which the earth is one, moving around it, 
some of which planets have attendant satellites. The 
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distances separating the bodies forming the solar syst 
though great, are as nothing compared with the. dis. 
tances which separate the solar system from the stars, 
The latter, therefore, form a background on which the 
sun, moon, and planets appear to move in consequence 
of their own movement and that of the earth from which 
we view them. 

As before mentioned, the apparent movements of th 
bodies forming the solar system have been studied fe 
the earliest times, and from the results of the mass of 
observations Kepler (6. 1571) deduced the following laws 
apvesning Bete movements. 

<epler’s Laws.—1. Each planet moves in an ellipti 
orbit of its own round the sun, the latter Belg ie the 
Bate of Hip ellipse and in one focus thereof. 

2, The radius vector, or line joining th 
planet to that of the sun, peices aaa fa aa 
times. Thus (Fig. 1) if the planet moves in a given time 
from E, to E,, and from E, to E, in the same length of 
Ea oe area Ay bss equal to the area Ag, 

» The square of the time that each planet takes to 
complete its orbit varies as the cube i-axii 
ae of that orbit. ee 

rom these laws Newton (b. 1642) deduced th 
gravitation, namely, that each planet is acted ne x 
oes ae es ion towards the sun, the magnitude of 

f ‘ing im ly ional 
the cuteness of the planet rei ini pa OOO 
om the second law it will be seen that the angular 
ey of a planet varies inversely as the aqusenae its 
oes from the sun. Let the planet, distant R from 
7 sun, move from E, to Eg (Fig. 1) in a small interval 
of time dt with linear velocity v and angular velocity 
ek ne then since dt is small the path of the planet 
lsat a ‘o E, may be considered as straight and of 

The area described by the radius vector in the time 
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dt is the area of the triangle E,SE,, which is udfR sin 6, 
where @ is the angle between the radius vector and the 

nt to the curve at E,; but the component of the 
velocity of the planet at right angles to the radius vector 
is v sin 6, and this is equal to R xw. 

Therefore the area of the triangle=}R*adt; but for 
any given interval of time dt the area of the triangle 
described by the radius vector is, by Kepler’s second law, 
constant, therefore R%w is constant, or, in other words, 
w varies inversely as R*. 


The foregoing is a statement, necessarily brief, of the 
laws which govern the movements of the planets in their 
orbits around the sun. The same laws apply, mutatis 
mutandis, to the movements of a satellite, such as the 
moon, around its primary, the earth. 

The Earth’s Orbit.—As in the case of the other planets, 
the earth’s orbit around the sun is an ellipse. The plane 
of this ellipse is called the ecliptic; the eccentricity, ¢, 
of the ellipse is small, as is therefore also its ellipticity, E. 
since, as shown below, the ellipticity is equal to one-half 
the square of the eccentricity. 
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In the ellipse (Fig. x), SB=OA 

and the eccentricity e = 

vG—P_ fb, by 

ODD) 
where OA =a, oe =b, 
b oe a —b b 

or e=(1-7\(1 +a) but the ellipticity E “ Bima 


therefore e? =E(r +2). 


If the eccentricity be decreased, 6 approaches more 
nearly in value to a, and in the limit e*=2E. 
The eccentricity of the earth’s orbit is 0-01679, or about 


I is I 
6 and the ellipticity therefore about 7200" 


os 
: SE,_0A+0S_™*OA_r+e 
In the ellipse (Fig. 1), Sh -OA=OS —s = 
OA 
The ratio of the greatest and least distances of the 
- I +0-01679 
earth from the sun is therefore 1001679 or 1-0341 : I. 


It will be seen (Fig. 2) that the earth is nearest to the 
sun at A; it is in this position on r January and is then 
said to be in perihelion, the sun being in perigee. The 
earth is farthest from the sun when at C on 2 July, and is 
said to be then in aphelion and the sun in apogee. 

The line joining A to C is called the apse line and the 
points themselves, situated at the ends of the major axis, 
the apses of the orbit. 

The movement of the earth in its orbit is accompanied 
by a rotation about its own axis, the earth making approx- 
imately 365} turns in the period of describing the orbit, 
Le. in one year. The points at which the axis of rotation 
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meets the surface of the earth are termed the terrestrial 
poles, North and South respectively. 

The terrestrial equator is the plane at right angles to the 
axis of rotation and passing through the centre of the earth. 





Fic. 2. 


The terrestrial meridian of any place on the earth is 
the plane passing through that place and containing the 
earth’s axis. The angle between the terrestrial meridians 
of two places is called the difference of longitude between 
the places. 
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Obliquity of the Ecliptic.—The plane of the ecliptic is 
not coincident with that of the equator ; the angle between 
the two planes is called the obliquity of the ecliptic, and 
has a value of about 23° 27’, which is subject to a small 
and slow periodic change. The axis of the earth is ob- 
viously inclined to the plane of the ecliptic at an angle 
of go° minus the obliquity, i.e. at about 66° 33’, and remains 
practically parallel to itself during the period of describing 
the orbit. 

On or about 22 June and 22 December, ie. about nine 
days before the earth in its orbit reaches aphelion and 
perihelion respectively, the plane containing the axis of 
the earth and the radius vector, i.e. the line joining the 
earth and sun, is perpendicular to the plane of the ecliptic 
(Fig. 2), the radius vector then making an angle with 
the plane of the equator equal to the obliquity of the 
ecliptic. The instants at which this is the case are known 
as the summer solstice and winter solstice respectively. 

On or about 22 March and 24 September the axis of 
the earth is at right angles to the radius vector ; the sun 
is therefore in the plane of the earth’s equator and, as 
will be seen, day and night are then of practically equal 
duration all over the world. The corresponding positions 
of the earth and sun are therefore known as the equinoxes, 
vernal and autumnal respectively. 

The line joining the equinoxes is obviously at right 
angles to the line of solstices. 

Celestial Sphere—The movement of the earth around 
the sun and the rotation of the former on its axis having 
been considered briefly, the conception of the celestial 
sphere may now be introduced. 

It may be stated here that any plane containing the 
centre of a sphere cuts the surface of the sphere in what 
is called a great circle, and any other plane, i.e. not con- 
taining the centre of the sphere, cuts the surface in what 
is called a small circle. In the case of the celestial sphere 
any great circle passing through the zenith is called a 
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vertical circle, the zenith being, as explained later, the point 
vertically above the observer. 

It is to be noted that the earth’s orbit, large as it is, is 
but a point compared with the distances separating the 
solar system from the stars, since the mean distance of 
the sun from the earth is only about 1/125000 that of 
the nearest star, so that straight lines from a star to all 
points on the earth, at all positions in its orbit, may for 
all practical purposes be considered parallel. 

The angular positions of the stars, and not their linear 
distances from the earth, are observed, and hence it is 
convenient to consider them as fixed upon the inner 
surface of an imaginary sphere, called the celestial sphere, 
at the centre of which the observer is stationed. It is 
obvious that as a result of the rotation of the earth the 
observer’s view of the celestial sphere appears exactly 
the same as if the earth were stationary and the celestial 
sphere rotating around the same axis, with the same 
angular velocity, but in the opposite direction, ie. from 
East to West. It is clear that the points called the North 
and South celestial poles, where the axis of the earth if 
produced would meet the celestial sphere, would appear 
stationary and the stars would preserve their angular 
distances from these points and from each other constant, 


appearing to travel along concentric paths or diurnal 


circles with uniform angular velocity. 

Rotation of the Earth on its Axis.—The earth may be 
regarded as a nearly spherical body rotating on an axis, 
the rotation being capable of experimental proof apart 
from astronomical observations, and the axis of rotation 
remaining nearly parallel to itself during the earth’s 
revolution round the sun. 

Tt must here be observed that the figure of the earth 
is not a true sphere but very néarly an oblate spheroid. 
If it were a true sphere, the resultant attraction of the 
sun and moon would pass through the centre of the earth 
and could have no effect on the direction of the earth’s 
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axis, and the position of the equinoxes would remain 
fixed. The effect of the equatorial protuberance is that 
there is a disturbing couple which would tend to put the 
axis perpendicular to the ecliptic if the earth were station- 
ary, but as the earth is in rotation gyrostatic action con- 
sequently causes the axis to describe a cone, the axis of 
which is perpendicular to the plane of the orbit. If the 
earth were hollow its axis would describe this cone in a 





comparatively short period, but since it is loaded with a 
heavy interior the rotation in the cone is slow and takes 
about 25,800 years. 

In Fig. 3 is shown the ecliptic, of which is the pole, 
and in consequence of the conical movement of the earth’s 
axis the celestial pole P is not fixed relative to the stars, 

“but describes a small circie PP’P on the celestial sphere 
in the period of about 25,800 years above mentioned. 
The plane QR of the equator is always perpendicular to 
OP. The intersection *O= of the planes of the equator 
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and ecliptic therefore also rotates in the same direction 
about the point O, causing the point of intersection 7 to 
move towards the left and the other point of intersection 
== to move towards the right, as shown by the arrows 
adjacent to these points. This slow movement of these points 
of intersection is known as precession. The apparent move- 
ment of the sun in the ecliptic being in the direction of the 
arrow at S, which may be called the forward direction, the 
point Y, known as the First Point of Aries, has a retrograde 
movement ; consequently the sun S arrives at slightly 
before it, the sun. has completed an entire circuit of its 
orbit relative to the stars; the equinox thus precedes its 
position in each revolution relative to its former position. 
When the sun in its orbital movement reaches the point 
it is in the plane of the equator and crossing it from South 
to North, i.e. the point is the vernal equinox, about 
2x March; and when at the point =, the First Point of 
Libra, the sun is again crossing the plane of the equator, 
now from North to South, ie. the point = is the autumnal 
equinox, about 21 September ; and the line = is the line 
of equinoxes. 

. The point is highly important, as it is used as a 
reference point for cataloguing the positions of stars in the 
system in general use. 

The phenomena arising from the rotation of the earth 
about its axis may now be considered. 

Let Fig. 4 represent the earth with an observer situated 
at A. The observer has a movement of translation with 
the earth in its orbit round the sun, and also a movement 
of rotation about the axis PP’. The former movement, 
owing to the dimensions of the orbit being small com- 
pared with the distance to the nearest star, has little 
effect on the appearance presented by the celestial sphere, 
but the daily rotation about the axis PP’ causes the 
celestial sphere to appear to have a movement of rotation 
in the opposite direction about the axis PP’ produced to 
meet the celestial sphere at the celestial poles. There 
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fore the points where PP’ produced cut the celestial 
phere aj to be fixed points. 
; Tra line Ap of infinite length be assumed drawn through 


_—— 
— 
> 





---p----- 


i? 


Fis. 4. 


A parallel to PP’ it will cut the celestial sphere in the 
same point as the latter produced, since the sphere is of 
infinite radius, and to the observer at A the celestial 
sphere will appear to rotate about the axis Ap; likewise, 
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to an observer at B the celestial sphere will appear to 
rotate about Bg, p being one point for all possible positions 
of the observer at any time of the day or year, although 
he cannot see the whole celestial sphere at any one time, 
since the solid earth below him hides one half. For 
example, the view of an observer at B is bounded by his 
horizon, which is a tangent at B to the sphere. 

Altitude of the Celestial Pole.—Obviously only one of 
the celestial poles is visible to the observer at B, unless 
he is on the equator, and it will be at an angle of elevation 
fae his horizon, i.e. its altitude will be @ and it will 

directly above the north point of his horizon for the 
northern hemisphere. ‘Twelve hours later the observer 
will have been carried to B’ by the rotation of the earth, 
and the celestial pole will still be at the same altitude g 
and similarly for any intermediate time, i.e. the altitude 
of the pole will remain fixed. 

Celestial Equator.—Fig. 5 represents the appearance 
presented by the celestial sphere to the observer at O, 
the celestial pole P being elevated at an angle PON above 
his horizon, 

The celestial equator QR is the great circle, perpendicular 
to PP’, in which the earth’s equatorial plane, when pro- 
duced, cuts the celestial sphere. The line EW is the 
intersection of the plane of the equator with that of the 
horizon, 

Zenith.—The point Z on the celestial sphere vertically 
above the observer is the zenith, OZ being perpendicular 
to the horizon plane NESW. OZ is the direction of a 
plumb line at O. ZS, is the zenith distance of the star Sy. 

Meridian Plane.—The plane containing ON, OP, and 
OZ is a vertical plane and is called the meridian plane, 
i.e. the meridian plane is a vertical plane passing through 
the pole and the zenith, and therefore also passing through 
the North and South points of the horizon. 

Since the meridian plane contains both the lines OP 
and OZ, it is perpendicular to each of the planes QERW 
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i i id 
\d NESW, i.e. to the plane of the celestial equator an 
i. the plane of the horizon, and therefore to their inter- 
section EW. From this it follows that the line EW ae 
at right angles to the line NS. The vertical circle E 
is known as the prime vertical. ne 
* The line Nog ie which the meridian plane cuts the 





e horizon is called the meridian line, and is 
Tenet can or geographical North and South. 

Diurnal Circles.—The celestial sphere then appears to 
rotate in a period of 24 hours about the axis POP’, and 
each star describes a circle having P as its centre. Any 
star not actually on the celestial equator describes a small 
circle of the sphere, and the paths of all stars are small 
parallel circles of which P is the pole; except that those 
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on the celestial equator have a path which is a great 
circle, 

The circle described by a star such as S, in the neigh- 
bourhood of the pole P is entirely above the observer’s 
horizon NESW, and the star never sets, but would 
always be visible to him if atmospheric conditions were 
favourable and its light were not obscured by that of 
the sun. 

The circle described by a star such as S, lies partly 
above and partly below the horizon, and the star rises 
and sets daily, rising at @ in the North-East and setting 
at b in the North-West, being above the horizon for the 
greater part of the 24 hours. 

A star situated exactly in the plane of the equator rises 
in a due easterly direction at E and sets in a due westerly 
direction at W, being above the horizon for 12 hours. 

A star such as S, south of the equator is obviously 
above the horizon for a few hours only, its path being 
for the greater part below the horizon. 

A star such as S, has its path entirely below the horizon 
and is never visible to an observer whose horizon is NESW. 

Culmination or Transit.—If the 


Crossing the meridian is known as culminatiom, transit, 
or meridian passage. 

Stars in the neighbourhood of the pole, the paths 
which lie entirely above the horizon, evidently cross 
meridian above the horizon twice in the 24 hours, 
above the pole P and once below 
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ity, and the ition of the star with reference to 
Te Woo and with reference to the meridian is con- 
tinually changing, gi tee me change is apparent to a 

sual observer in an hour or two. é 

“Altitude and Azimuth.—The angular elevation of the 
star above the horizon, viz. the vertical angle $,0H 
(Fig. 5) or the arc S,H of the vertical circle ZS,H, is called 
the altitude of the star; the horizontal angle PZSy, 
the arc NH, is called the azimuth of the star, bei 
angle between the meridian plane and the vertical | 
containing the star. Both the altitude and the azimu 
refer to a particular instant, since their values change 
as the star moves in its diurnal circle. The maximum 
altitude is the altitude at transit, and is known as the 
meridian altsiude. The instrument in general use in field 
astronomy is the theodolite, which is adapted for the 
measurement of these vertical and horizontal angles. 
Azimuth is always measured in the clockwise direction, 
and usually from the elevated pole. 





CHAPTER II 
TIME 


Hour Angle—As the earth rotates with uniform 
angular velocity, and as the stars maintain their positions 
relative to one another over long periods with only minute 
changes, the interval between successive transits of any 
star would be the same as for any other star, if the earth’s 
axis kept parallel to itself, i.e. if the position of the pole 
were constant. 

The diurnal movement of any selected star might clearly 
be used for the measurement of time, e.g. the time of the 
star’s upper transit over the meridian might be called 
oh om os and the interval to the next transit be divided 
into 24 hours. A clock set to read oh om os at one transit 
and having 24 equal hour spaces on its dial could then 
be so rated as to read oh om os again at the next upper 
transit. The time at any instant between the transits 
would be measured by what is called the hour angle of 
the star, which may be defined as follows : 

Let S, (Fig. 6) represent the position of a star a short 
time, say an hour or two, after it has crossed the meridian. 
The great circle passing through S, and containing the 
axis OP rotates with uniform velocity about the axis 
OP, and at the instant of the star’s transit this great circle 
coincides with the meridian PZS, and the time according 
to the notation indicated above would be oh om os. 

When the star is at S, the spherical angle ZPS, is its 
hour angle at that instant, and obviously bears the same 

i i since its transit bears 
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clock can be regarded as having an hour hand synchronizing 
with the arc PS, and showing oh om os wien tha star is 
on the meridian, and supplemented by a minute and a 
second hand to define the exact position of the hour hand 
at any instant. 

For the sake of uniformity, the hour angle is always 
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reckoned westwards from the meridian, but for the pur- 
poses of computation it is sometimes convenient to state 
it the shortest way from the meridian, provided that it is 
expressed so that there can be no ambiguity. 

Sidereal Day.—A day of the length described above 
would be very nearly what is called a sidereal day; there 
is, however, a small difference, due to the fact already 

2 
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mentioned that the direction of the axis of the earth, 
owing to precession, does not remain fabsolutely un- _ 


The variation in the direction of the earth’s axis intro- 
duces a corresponding slight deviation from the other- 
wise strictly circular path of a star, and consequently 
an inequality in the intervals between successive transits 
of a star and in the length of the day so measured; the 
extent of such deviation would depend on the position 
of the selected star on the celestial sphere. For the 
measurement of a day of absolutely uniform length it 
becomes necessary to select, in place of the transits of 
any star, the transits of a point so situated on the celestial 
sphere that the interval of time between successive transits 
is not affected by the change in the direction of the earth's 
axis, small though such change may be. It may now be 
stated that the point selected to define by its transits 
the sidereal day is one of the two points of intersection 
of the equator and ecliptic, viz. the First Point of Aries, 
*P, of Fig. 3, which point, owing to the precessional move- 
ment of the pole P, moves slowly along the ecliptic with 
a motion corresponding to that of the pole P in the small 
circle PP’P. The intervals between successive transits 
of this point are so nearly equal that they may for all 
practical purposes be treated as being exactly so. The 
selected point, ‘?, therefore makes a complete circuit of 
the ecliptic in the same period, about 25,800 years, as 
the pole P takes to describe its path (Fig. 3), which, being 
due to the conical movement of the earth’s axis, is also 
circular. 

Sun’s Apparent Diameter.—The earth's orbit round 
the sun has already been stated to be an ellipse with the 
sun in one focus. The sun being in the plane of the earth’s 
orbit, the sun’s centre as seen from the earth appears in 
consequence to describe a great circle on the celestial 
sphere, and as the distance from the earth to the sun 


varies, the sun’s apparent angular diameter likewise ee 
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being greatest where the distance is least, and vice versa. 
The apparent or angular semi-diameter is given for each 
day of the year in the Nautical Almanac, and the method 
of dealing with it in observations on the sun is explained 
on page 84 of this book. 

The Nautical Almanac, published by the Admiralty 
for three years in advance, contains, in common with 
similar foreign publications, particulars of the varying 
positions of celestial bodies and other data required for 
the reduction of observations, and is in constant use for 
field astronomy and all astronomical work. An abridged 
edition, which will be found sufficient in many cases for 
field astronomy, is also published. Further details of the 
information given in the Nautical Almanac will be found in 
Appendix II. 

Whitaker's Almanack gives, in necessarily restricted form, 
eae pen aceon mnie information. ; 

Declination and Right Ascension.—Referring to Fig. 7, 
which shows the apparent diurnal path of a star S,, let g 
represent the position of a star at an instant. Join ZS, 
by a great circle and produce it to cut the horizon at 
A. The star’s altitude above the horizon is measured by 
the arc AS,, which is the elevation which must be given 
to the telescope of the theodolite in order to bring the 
star to the cross wires. The star’s alvitude is, however, in 
general changing continuously. The angle between the 
meridian plane ZPN and the vertical circle ZS,A has 
already been defined as the star’s azimuth at the instant, 
which is also in general changing continuously as the 
ote Sasi Jas oe cence The co-ordinates altitude } 

vat refore i ition | 
pine t pebees Sep con: time and on the position | 

In order that the position of a body on the celestial 
sphere may be catalogued, it is necessary to select planes 
of reference which are independent of the location of the 


ol ing station, and as far ible i 
Soe as as possible independent also 








20 ASTRONOMY FOR SURVEYORS 


The planes of reference selected are (1) the equator and 
(2) the plane passing through the poles and through the 
-First Point of Aries, ‘?. F 

The angular distance from the equator is called the 
declination, which may be either North or South. PS,M 





Fis. 7. 


Fig. 7) being a great circle, the arc MS,, expressed in an- 
Wiles eunette is the declination of S,. The great circle 
PS,M is called the star’s declination circle or hour circle, 
and it accompanies the star during its diurnal rotation. 
The arc PS,, also expressed in angular measure, is the 
tolar distance, and is the complement of the declination’ 
The angular distance of M from the plane PP’, i.e. the 








arc YM, is known as the right ascension (R.A.) of the star, 
S,, or of any other star on the great circle passing through 
P and M. 


The R.A. is always measured eastwards from 7’, and is 
always expressed, not in degrees, minutes, and seconds 
of arc, but in hours, minutes, and seconds of time, 360° 
corresponding to 24 hours, since a complete revolution 
of the celestial sphere with reference to the earth takes 
24 hours. 

The angular distances, such as YM, measuring the right 
ascension, are accordingly converted into hours, minutes, 
and seconds at the rate of 15° per hour, and catalogued in 
that form as right ascensions. 

It is to be noted that owing to precession the pole P 
is not an absolutely fixed point on the celestial sphere, 
but is moving slowly in a small circle around x. Con- 
sequently the plane of the equator, and with it Y, is also 
moving with respect to the stars, ie. both the declination 
and the R.A. are affected by a gradual slow change. The 
co-ordinates of stars are given in the Nautical Almanac 
for every tenth day—in some cases for every day. 

Sidereal Time.—The approximate sidereal day has 
already been referred to. A sidereal day is strictly defined 
as the interval between successive transits of ?, and a 
clock showing sidereal time should mark oh om os when 
‘P ison the meridian. Stars succeed one another across 
the meridian in the order of their right ascensions, and 
as the latter are measured from ‘ the declination circle 
of synchronizes with the hour hand of the sidereal clock, 
and the sidereal time when any star is on the meridian 
is the same as the star’s R.A. 

The sidereal time at any instant is the hour angle of Y 
reckoned westward; from the meridian. 

Fig. 8 represents the earth in plan with an observer at 
any point @ in the plane APA’ and a star S in his meridian. 
The same star as seen by an observer at b in the plane 
BPB’ would not be in his meridian, but would be at an 
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hour angle of @, and the angle @Pb, the difference in 
longitude between the points @ and 4, is also equal to 0. 
The sidereal times at @ and 6 would differ by Gs cegerese) 


15 
hours. 


If R.A. be the right ascension of the star, the L.S.T. 
(local sidereal time) at a for the instant represented, viz. 
when the star is on the meridian, is also R.A. 


And the LS.7. at #=RA.+© 
or L.S.T. =R.A. +hour angle. 





The observer will in all cases be provided with a clock, 
from which he knows the approximate local time at any 
instant, but the clock will in practically all cases have an 
error, i.e. it will be either fast or slow, and. in order to 
determine its error, the L.S.T. can be ascertained by an 
observation for the hour angle of a suitable star. 

The hour angle cannot be directly observed with a 
theodolite, but the altitude of the star can be observed 
and the clock read at the same instant. 

The declination being known, the hour angle can be 
computed by the methods of spherical trigonometry, and 
this added to the R.A. gives the L.S.T. 
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If a sidereal clock is used, the difference between the 
L.S.T. thus ascertained and the clock reading is the 
clock error; if a mean time clock is used, its readings 
must be corrected to reduce them to sidereal time by 
methods which will be explained later. 

In the above remarks the meridian is to be regarded 
as a plane rotating with uniform angular velocity about 
the axis PP’. 

Using the ordinary conception of longitude, it is seen 
that if the difference of longitude expressed in degrees, 
minutes, and seconds between two places be converted 
into hours, minutes, and seconds at the rate of one hour 
to 15°, the result the difference between the 
locai sidereal times at the two places. 

Apparent or Solar Time.—The sun as seen from the 
earth appears to describe a great circle of the heavens in 
the course of the year, viz. the ecliptic, but as the actual 
angular velocity of the earth about the sun is not uniform, 
the apparent angular velocity of the sun is also not 
uniform. In addition, the ecliptic is inclined to the 
equator. 

The effect of these two circumstances on the solar 
day, ie. the day as measured by the sun, can be readily 
seen. 


In Fig. 9 the outer circle represents the earth as seen 
from a point in the direction of the axis produced, P, the 
north pole, being in the centre of the circle. 

The sun, if in the direction of the dotted line 1, ie. 
if anywhere in the plane containing the axis of the earth 
and the dotted line 1, would be on the meridian of any 
point such as A in that plane. When the earth has 
rotated 360° relatively to the celestial sphere, the same 
part of the celestial sphere will again be on the meridian 
of A; but the sun has in the meantime moved to a position 
indicated by the dotted line 2, and the earth has still to 
rotate through a small angle before the meridian of A 
will overtake the sun, ie. before it will again be apparent 


24 ASTRONOMY FOR SURVEYORS 


noon at A, apparent noon being the instant at which the 
centre of the true sun is on the meridian. The angular 
distance between the lines x and 2 represents movement 
in right ascension ; any change in the declination of the 
sun would make no difference to its meridian passage. 
Now since the earth is rotating with uniform angular 
velocity, if the sun were moving with uniform angular 
velocity in right ascension the intervals between its suc- 
cessive meridian passages for any one place would always 
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be equal, and the sun could be used as a time measurer 
with perfect accuracy and great simplicity. However, 
this is not, in fact, the case. The two circumstances 
just mentioned, viz. the fact, firstly, that the apparent 
movement of the sun on the celestial sphere is not per- 
formed with uniform angular velocity, and secondly that, 
even if it were so performed, the fact that the ecliptic is 
inclined to the equator, would cause the movement of the 
sun in right ascension to be variable. 

Accordingly, the intervals between successive meridian 
passages of the sun are not equal, and if the sun is to be 
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used as an exact measurer of time for civil purposes, 
allowance has to be made for this. 

Mean Time.—The sun completes its apparent path in 
the ecliptic relative to the First Point of Aries in a definite 
interval of time, called a topical year, which is found to 
be 3066-24222 sidereal days, ic. the earth has rotated 
366-24222 times relative to Y in a tropical year, or the 
point Y on the celestial sphere appears to have made 
366-24222 revolutions during one tropical year. Now as 
the sun has, during the same period, described its orbit 
once in the opposite direction, the earth has rotated 
366-24222—1, i.e. 365-24222 times relative to the sun, 
and the tropical year accordingly contains 365:24222 mean 
solar days, which is therefore the period of the annual 
return of the seasons. 

The actual days as measured by successive meridian 
passages of the true sun are not equal in length, owing 
to its unequal motion in right ascension. Accordingly, 
an imaginary body called the mean sun is introduced, 
having a uniform motion in R.A. equal to the mean motion 
of the true sun in R.A. 

In order that the mean sun may never at any time of 
the year differ greatly in R.A. from the true sun, its relation 
to the true sun is fixed as follows : 

When the true sun is in perigee, a body called the 
dynamical mean sun is assumed to be started off along the 
ecliptic with a uniform angular velocity equal to the 
mean angular velocity of the true sun, The dynamical 
mean sun would, owing to the orbit being symmetrical 
about the major axis, again coincide with the true sun 
at apogee. However, the time intervals between suc- 
cessive meridian passages of the dynamical mean sun 
would not be equal, in spite of its uniform angular velocity, 
on account of the inclination of its orbit to the equator. 
At the instant when the dynamical mean sun passes 
through the First Point of Aries, a second imaginary body, 
called the astronomical mean sun, is assumed to be started 
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off from ‘p along the celestial equator with the same angular 
velocity as the dynamical mean sun. The motion of the 
astronomical mean sun in R.A. is accordingly uniform, 
and the intervals between successive meridian passages 
thereof are equal. 

The astronomical mean sun thus defined is generally 
referred to simply as the mean sun, 

Mean time is measured by the hour angle of the mean 
sun, the instant when the mean sun crosses the meridian 
above the horizon of any station being Jocal mean 
noon for that station or local mean time (L.M.T.) 
12h oom oos. 

The instant when the centre of the true sun is on the 
meridian of a station is local apparent noon (L.A.N.) of 
that station, and the hour angle of the true sun, measured 
westwards from the meridian, gives local apparent time 
(L.A.T.), it being observed that when the hour angle is 
zero the L.A.T. is 12h oom oos, 

At any instant the local mean time is the hour angle 
of the mean sun, measured westwards from the meridian, 
+12 hours, the instant when the mean sun is on the 
meridian being mean noon, or 12 hours L.M.T. 

Equation of Time.—In general the hour angles of the 
true sun and of the mean sun will differ, ie. the L.M.T. 
and L.A.T, will not agree. The difference between them, 
expressed in minutes and seconds of time, is called the 
equation of time. The equation of time is to be regarded 
as_a correction to be applied to L.A.T. to derive the 
L.M.T. at any instant, or by applying it with the 
opposite sign to L.M.T, the L.A.T. is obtained. The 
equation of time has to be applied in all cases of observa- 
tions on the sun. Being the difference between the 
hour angles of two bodies, each of which has a definite 
position on the celestial sphere, the equation of time is 
consequently the same at any given instant for all parts 
of the earth. 

Longitude.—The difference of longitude between two 
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is the angular distance between their terrestrial 

Peitans The meridian of Greenwich is taken as the 
zero of longitudes, longitudes being expressed either as 
hours, minutes, and seconds of ee or oe minutes, 

d seconds of arc, east or west of Greenwich. 
gion the foregoing it will be seen that if two places 
differ in longitude by say 30°, i.e. if their terrestrial meri- 
dians are 30° apart, the difference between their local 
times, whether sidereal or mean, is 2 hours, for the reason 
that the time interval between the meridian passages of 
the First Point of Aries at the two places is two sidereal 
hours, and the time interval between the meridian passages 
of the mean sun is two mean time hours. E 

Standard Meridian Time.—To avoid the confusion 
which would result from the use of the local mean times 
of a large number of places, the world has been divided 
into a number of time zones, each of which uses a mean 
time differing from that of Greenwich, or G.M.T., by an 
integral number of half-hours, according to the longitude 
of the place or country concerned. For instance, G.M.T. 
is used in the British Isles, France, Belgium, Spain ; 
Germany and various other countries use the time of the 
meridian 15° E., ie. one hour ahead of Greenwich, and 
so on, ey 

Each country thus uses for ordinary civil purposes what 
is called standard meridian time, being the L.M.T. of the 
most convenient meridian differing from that of Greenwich 
by a multiple of half an hour. The standard time adopted 
in various countries is given in Appendix IV; a somewhat 
shorter list can be found in the N.A. 


‘vamples.—A place is situated in longitude 40° E. of Greenwich. 
Fel ee Pei ech cheat time) nen tho LMCT, is 
h $s P.M. i 

aye thould be noted that in all cases the day begins at midnight, 
noon being 12h oom 00s, consequently the given time is L.M.T. 
Nernst longitude when converted into time at the rate of 
15° per hour corresponds to 2h 4om oos, which is the difference 
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between the L.M.T. and the G.M.T. at any instant. The place 
being east of Greenwich, the L.M.T. is ahead of the G.M.T., 
the earth turns from west to east ; therefore to obtain the G.M.T. the 
difference of longitude must be subtracted from the L.M.T. 

‘The conversion, therefore, is as follows : 


aie hom s 
LT.=15 30 00 
long. E.= 2 40 00 


G.M.T.=12 50 00 


the " 
Find the L.A.T. ing to L.M.T., 
8h sm A.M., in | ieude CoP ae M.T., 4 March 1928, 


abe te. <a 
L.M.T., 4 March= 8 05 00 
long. W.= 4 03 00 


G.M.T.=12 08 oo 

Equation of time (E) at G.M.N., from NA 
Variation in 1 hor 

Therefore E at 12h o8moos=1im s2s05—(0-554 xg) 


=11m 52s to be added to aj 
time or subtracted from 
mean time. 





Im 525-05 (decreasing) 
5548 





hom s. 

But G.M.T.=12 08 00 
E= 52 
G.AT.=11 56 08 
long. W.= 4 03 00 


LAT.= 7 53 08 


_ Conversion of Time.—The fundamental ideas of time— 
sidereal, apparent solar, and mean—having been discussed, 
it becomes ‘necessary to show how the time at any instant, 
expressed in one of the three systems named, can be 
converted into either of the other systems. 

The necessity for such conversion arises from the fact 


The following example involves both the equation of time and 
rt 
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that star observations depend on sidereal time, and sun 
observations depend on apparent time, whereas the 
chronometer in use may be either a mean time or a sidereal 
time chronometer. 

The conversion of sidereal to mean time and vice versa 
will be dealt with first. \ 

It has already been stated (p. 25) that the tropical 
year contains 366-24222 sidereal days, and therefore 
3065-24222 mean solar days. : . 

The actual interval of time is the same, viz. a tropical 
year, in both systems of time measurement, but the 
numbers expressing it differ in the two systems, the ratio 
of the numbers being 366-24222 : 365-24222. 

This ratio is therefore the ratio between the numbers 
expressing any time interval in sidereal or mean time. 

Let M be the expression of a time interval in mean 

time. 

Let S be the expression of the same time interval in 

sidereal time. 


M = 3365-24222 a 
Then > 7366-24222 0:99726957 
S _366-24222 
and 55 ~365:a4222 


The mean time clock thus loses on the sidereal clock, 
the rate of the sidereal clock relative to the mean time 
clock being 1-00273791:1. This rate when reduced to 
minutes and seconds shows that in 1 hour of mean 
time the sidereal clock registers th 00m 093-8565, i.e. the 
sidereal clock gains 9-8565 sidereal seconds on the mean 
time clock in 1 hour of mean time. 

Correspondingly, in 1 hour as registered by the sidereal 
clock the mean time clock will register 9:8296 mean time 
seconds less than 1 hour. 

The quantity 9-8565 seconds represents what is called 
the acceleration of the sidereal clock per M.T. hour, and 


=1-00273791 
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98296 seconds represents what is called the retardation 
of the M.T. clock per S.T. hour. 

The N.A. gives for each day of the year the Greenwich 
sidereal time at Greenwich mean noon (S.T.G.M.N.). This 
figure thus forms the starting-point for conversion of 
mean time to sidereal time at that or any other place for 
which S.T. is required. 

The first step in all time conversions is to apply the 
difference of longitude to the given local time and thus 
obtain the corresponding Greenwich time of the given 
kind. The conversion of this ding Greenwich 
time into the required kind of time for the longitude of 
Greenwich is then made, and finally the difference of 
longitude is applied to obtain the required local time. 
The latitude of the station has no effect on the local time, 
which depends on the longitude only. 

Example.—! ion is si i i ° 40’ 30” E. 
iaiitude 25°. Find the LST. when the LACT. { gh som fae 
on 30 December 1927. 





hom s. 

24° 40’ 30"= 1 38 42 
L.M.T.=16 30 00 
long. E.= 1 38 42 


GMT.=14 st 18 


M.T, interval from G.M.N.= 2 5118 
From N.4S-L.GMN.=18 31 43-40 


acceleration in 2h = 19-71 
” ” sim= 8-373 
” ” 18s = 0-049 


GS.T.=21 23 2954 
long. E.= 1 38 42 


LS.T.=23 02 11°54 


Example.—At a station in longitude 15m 45s W. the L.M.T. 
2 gh 35m 40s A.M. on 19 October 1928. Find the L.S.T. at the 
instant. 


The difference of longitude being here expressed in time, it can 
be applied directly. : 
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hom s. 
LMT.=9 35 40 
long. W.= 15 45 


GMT.=9 51 25 
M-T. interval from GML, 18 Qct.=21 51 25 


eration for 2th = 03 20-986 
» om Sim = 8-378 
» oo» 350 = 0-068 


S.T. interval from G.M.N., 18 Oct.=21 55 00-432 
From N.A., $.T.G.M.N., 18 Oct.=13 46 54-14 


GS.T.=35 41 54:572 


The clock reads only to 24h, so 


24h is subtracted from the foregoing 
G.S.T. to give 
GS.T.=11 41 54°57 
long. W.= 15 45 


LST.=11 26 09:57 


Instead of working from the vious G.M.N., as has been done 
above, the GS.T. af the following G-MLN. might have been uscd, 
as the time interval to that instant is shorter, thus: 


nm 8. 
40. 


h. 
LMT.=9 35 
3 45 


long. W.= 





GM.T.=9 51 25 


M.T, interval to G.M.N., 19 Oct.= 2 08 35 
acceleration for 2h = 19-713 


» oo» m= 1-31 

o on 358 = ooge 
S.T. interval to G.M.N., 19 Oct.= 2 08 56:123 
From N.A., S.T.G.M.N., 19 Oct.=13 50 50-690 


GS.T.=11 41 54567 
long. Wi= 5. 45 


LS.T.=11 26 09:57 as before. 
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Example.—At a station in longitude 15m 45s W., the L.S.T. 
is gh 35m _4os, the date being 19 October 1928. Find the corre- 
sponding G.M.T. 

8. 





GS.T.= 9 
S.T.G.MN,, 19 Oct:=13 
S.T. interval to G.M.N.= 3 





retardation for 3h = 29°489 
” »  $Om = 9°666 
oan B88 om 0-068 
0698 = 0-002 


Total retardation = 39:225 

S.T. interval to G.M.N.= 3 59 25:69 
M.T, interval toG.M.N.= 3 58 46-465 
GM.T.= 8 o1 13:54 

It will be found, as already stated, that in all cases the 
most direct method of performing any time conversion is 
by at once converting the given local time into the cor- 
responding Greenwich time by application of the longitude 
with the appropriate sign. Methods are sometimes used 
in which the L.S.T. at L.M.N. is deduced from the 
G.S.T. at G.M.N. given in the Nautical Almanac; such 
methods have little to recommend them and should be 
avoided. 

In connection with what has been stated so far the 
following points should be borne in mind : . 

I. The true sun moves along the ecliptic (inclined at 
about 23° 27’ to the equator) with a variable motion in 
R.A., the want of uniformity being due to two causes, 
viz., firstly the unequal velocity of the earth in its orbit, 
and secondly the inclination of that orbit to the equator. 

2, The mean sun moves along the equator with a uniform 
motion in R.A. 

3. The equation of time, ie. the difference between 
apparent solar time and mean solar time, is the same all 
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over the earth at any instant. It is the difference between 
the hour angles of the mean sun and the true sun. 

4. The difference between L.S.T. and L.M.T. is the 
same all over the earth at any instant, being the difference 
between the hour angle of the First Point of Aries and that 
of the mean sun, plus or minus 12 hours, as L.S.T. is 
measured from the upper transit of Y, whereas the upper 
transit of the mean sun is t2 hours L.M.T. 

For observations on the sun it is usually necessary to 
know both the sun's declination and the equation of time 
at the instant. 

Interpolation of ‘‘ N.A,’’ Values.—It has already been 
shown (p. 7) that the sun is in the plane of the earth’s 
equator at the vernal equinox, i.e. on or about 22 March ; 
at that time the sun’s declination is therefore 00° 00’ 00”. 
Again, at the autumnal equinox, ie. on or about 24 
September, the sun is also in the plane of the earth’s 
equator, and its declination is therefore again 00° 00’ 00” ; 
but at the summer solstice, ie. on or about 22 June, the 
line joining the earth to the sun makes an angle with 
the plane of the equator equal to the obliquity of the 
ecliptic (Fig. 2), so that the sun’s declination is then 
about 23° 27’ N.; at the winter solstice, ie. on or about 
22 December, the sun’s declination is, for the same reason, 
about 23°27’S. The sun's declination thus changes during 
the year between the values of 23° 27’ N. and 23° 27’ S. 

The W.A. gives the declination and the equation of time 
both for mean noon and for apparent noon at Greenwich 
for every day of the year, with the variation in one hour 
at G.A.N. in each of these quantities. The variation in 
one hour from G.M.N. may be taken as being the same 
as the given variation in one hour from G.A.N. The 
declination or the equation of time at any other instant 
of Greenwich time can be readily derived. 

For example, suppose that an observation on the sun 
has been taken at a station in longitude 2h o5m oos East, 
20 October 1928, at 16h 30m 20s standard meridian time 

3 
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—z hours East—and it is required to find the sun’s de- 
clination at the instant of the observation. 


ar ie. Cs 

S.M.T. of observation . “ - 16 30 20 

Longitude of standard meridian, E. . 2 00 00 

G.M.T. of observation . : + 14 30 20 
ie. 2 30 20PM. 


By reference to the Nautical Almanac it is found that 
on 20 October 1928 the sun’s apparent declination at 
G.MLN. is 10° 21’ 16”7 S. (the explanation of the use of the 
word “apparent ’’ in the precept or heading to this column 
is given in Appendix II), and that the variation in 1 hour 
at G.A.N. =53”-86. 3 

When the interval between Greenwich noon and the 
instant of observation is short, it will be sufficiently 
accurate for most purposes to multiply the variation in 
one hour by the length of the interval, in hours, from 
Greenwich noon, to obtain the total variation which has 
occurred since Greenwich noon. 

Thus : variation in r hour = 53”-86 





» 2 hours =107"-72 
» 30 mins. = 26°-93 
» 20 Secs. = 0”-30 





Total variation since G.M.N. =134"-95 = 2’ 14-9 
Declination at G.M.N. =10° 21 1675S. 


Declination at instant of observation =10° 23’ 31”-6 
This method is only approximate, as the rate of varia- 
tion is not constant. Ifa more accurate value is wanted, 
the procedure is as follows: 
The quantity 53”:86 is the actual variation in x hour 
at G.A.N.; but what is required is the mean rate of 
variation over the period separating the instant of observa- 
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tion from G.M.N., as this mean rate multiplied by the 
length of the interval (2h 30m 20s in this case) gives the 
total variation in declination since G.M.N. to be applied 
to the declination at G.M.N. in order to obtain the de- 
clination at the instant of observation. The mean rate 
of variation over the period of 2h 30m 20s elapsed since 
G.M.N. may be taken as being the variation at the middle 
of the said interval, i.e. at G.M.T. th 15m 10s P.M. 


The declination of the sun is increasing, and the 
Variation in 1 hour at G.A.N. 20 Oct. is 53”-86 from N.A. 
” ” 7“ 21 Oct. is 5346 4 


Therefore change in rate in 24 hours _—0”-40 (decreasing) 
» ” ” th 15m Ios 0”-02r 








Hourly variation at G.A.N. 53:86 

Therefore hourly variation at th 15m 10s =53”-84 
Total variation in 2h 30m 20s =134”-9 or 2’ 149 
Declination at G.M.N., from N.A., 10° 21’ 16"7 


Therefore declination at instant of observation, 10° 23’ 31”-6 

The result is in this case the same as that obtained by 
the approximate method, but had the observation been 
made at another time of the year, when the hourly varia- 
tion was changing more rapidly, the results would have 
shown a small difference. 

Even this method is not mathematically strictly accurate, 
but the error will amount at the most to a fraction of a 
second of arc, and sun observations are not relied on for 
observations requiring such a degree of accuracy. That 
the error is small may be seen by computing, from the 
sun’s declination at G.M.N. of one day, the declination 
for the following G.M.N. The result will be found to differ 
but slightly from the declination given in the N.A. for 
that day. A precisely similar method is used in inter- 
polating for the value of the equation of time at any instant 
of G.M.-T. other than G.M.N. or G.A.N. 


a 


a og re 
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E; le.—To find the tion of time (E) at local it 
tine 3h 4g 208 Paw in Tongitude 93° W. on $1 October 1528. 
LAT.=3 is 20 Fa. 
long. W.= 6 20 00 


G.A.T.=10 05 20 P.M. 
m 8. 
From N.A., variation in equation of time in 1 hr.atG.A.N.= 0-099 





oe be a 

” ” » mM» = 0008 

» ” » 208 4, = 0000 
From N.A., equation of time at G.A.N. (increasing) =16 1927 





2. required value of E=16 20-2 
Alternatively : = _ 


From N.A., variation in Ein 1 hour at G.A.N., 31Oct.= 0-099 
” ” ” 1 Nov.= 0-065 





Bs change in variation in 24 hours= 0-034 
.. variation in 1 hr, at middle of interval, viz. at 5 P..t., is 
ms. 


0-099—(5 xo-034) = 00ge 





<. variation intoh = = — 0-92 
e ” sm = 
” 20s = 0-000 
Eat GA.N.=16 1927 
<. required value of E=16 20:20 


The difference in the results obtained by the two methods is in 
this case only in the second place of decimals. 


CHAPTER Lil 
SPHERICAL TRIGONOMETRY 


In observations for the purposes of field astronomy the 
body observed, for example, a star or the sun, gives a 
line of sight of indefinite length, the origin of this line of 
sight being the centre of the imaginary celestial sphere. 
To fix the direction of this line of sight, two others, 
also of indefinite are observed or deduced, one in 
the direction of the zenith Z, the other in the direction of 
the pole P, both also having their origin at O (Fig. 10). 
Sides and Angles of Spherical Triangles.—Thus OZ, OS, 
and OP define three planes passing through one point O 
and inclined to each other, and to obtain the desired results 
from the observations it is necessary to determine the 
plane trigonometrical ratios which obtain between the 
angles at which these three planes are inclined to each 
i to their lines of 


nomical work that the points S, Z, and P are on the surface 
of an imaginary celestial sphere, and therefore it is con- 
venient to assume that the three intersecting planes are 
bounded by a spherical surface having its centre at the 
common point of origin O. The three planes therefore 
cut the bounding sphere in great circles, the radius of 
which is the same as that of the sphere. The arcs of these 

i on the surface of the bounding sphere, namely 
the arcs PS, SZ, and PZ, form the sides of the spherical 
triangle PZS, but these arcs or sides are measured by the 
angles, namely, POS, SOZ, and ZOP, which they subtend 


the . 
The angles between the three planes, measured in planes 
7 


ES 


Set 
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perpendicular to their lines of intersection, are called the 
angles of the spherical triangle. In astronomical work 
they are usually denoted by the capital letters P, Z, and S, 
indicating the points at which the lines of intersection of 
the planes cut the bounding sphere ; thus the angle SZP is 
the angle between the planes SOZ and ZOP, the angle ZPS 
is the angle between the planes ZOP and POS, and the 
angle PSZ is the angle between the planes POS and SOZ. 


90° Bae 





° 


Fic, 10. 


Bearing in mind the definitions already given, and 
referring to Fig. 10, which may be compared with Fig. 7, 
Angle SZP is the azimuth 
» ZPS_,, hour angle =¢ 
_» PSZ ,,  parallactic angle 
Side PS ,, codeclinai a Heo or polar distance 
=90°—3 = 
» SZ ,, zenith pimites =e 
» PZ ,,  colatitude =90°—9 =c. 
Some of these quantities being given or observed, it 
becomes necessary to determine one or more of the others 
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in order to obtain the desired results, and to this end 
spherical trigonometry is made use of. 
The formule necessary for the solution of a spherical 
triangle may be obtained by the methods of analytical 
metry. This will necessitate making use of the relation- 
ship between the co-ordinates of a point, as referred to 
two different pairs of axes in the same plane, which relation- 
ship may, as a preliminary, be seen by reference to Fig. 11, 
where P is a point whose co-ordinates with reference to the 
axes OX and OY are x and y, and with reference to the 





Fis, 11. 


axes OK and OL are k and /, the axes OX and OY being 
in the same plane as OK and OL, and being in fact the 
axes OX and OY rotated through an angle 0. 
The relationship between the co-ordinates is : 
h=ON =OM cos 0+PM sin =x cos 6+y sin 0 
1=PN =PM cos (—OM sin 6 = cos d—x sin 0 
Now let ABC (Fig. 12) represent a spherical triangle on 
the surface of a sphere the radius of which is 7 and the 
centre of which is at O. Take three rectangular axes OX, 
OY, OZ such that the side AB of the spherical triangle 
lies in the plane OX, OY, and let the co-ordinates of C be x, 
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y, and z. Let OX’ and OY’ be the position of the axes 
OX and OY when rotated through an angle ¢ in the plane 
OX, OY, and let x’, y’, z be the co-ordinates of C with 
reference to OX’, OY’, OZ. Draw CN perpendicular to 
the plane OX’, OY’, and CS perpendicular to OX and 
CS’ perpendicular to OX’. Join S’S. 


2 


Then x=OS=rcosCOS=rcosb ~ 
y=SN =CS cos A =r sind cos A 
2=CN=CSsinA =rsinbsinA; 


but, as shown above, x’ =x cos ¢+y sin c, 
y’ =y cos c—x sinc, 


v= 
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Further, x’ =OS’ =r cos a 
y’ =—S'N =—CS’ cos B=—r sin a cos B 
# =CS’ sin B=r sin a sin B. 
Substituting in the three previous equations, 
ry cos a=r cos b cosc+r sin b cos A sinc 
—r sin a cos B =r sin b cos A cos c—r cos b sin ¢ 
rv sina sin B=r sin b sin A. 
Therefore, dividing by 7, 


cosa=cosbcosc+sinbsinccosA . . . « (2) 

sin a cos B=cosbsinc—sinbcosccosA . . (2) 

snasnBe=sinbsinA. . . ... . « (3) 
Dividing eqhation (2) by sin b gives 


/ 

cos ¢ cos A =sin ¢ cot b— S84. 008 B } 

=sinc cot b—sinAcotB |. . . (4) 

Tn the triangle ABC, for simplicity each “angle has been 

made less than 90°, and the point N therefore falls between 

OX and OX’, thus giving y and y’ opposite signs, ie. 
y=SN, and y’=—SN. 

Fundamental Equations.—The equations (t), (2), (3), 
and (4) are the fundamental formule of spherical trigono- 
metry, and are true for every spherical triangle, whatever 
be the values of the sides and angles, and therefore niay 
be applied to the special case of a triangle with one angle, 
such as A, a right angle, in which case sinA=x and 
cos A =o, 

Right-Angled Triangles.—Substitution of these values 
in equations (1), (2), and (3) gives 
5 cos a=cos b cos c from equation (r), 


cosB=2e (a) and (2), 





tan B SS oe = (2) and (3), 


sin B= —— i » (3) 


42 ASTRONOMY FOR SURVEYORS 


To apply the equations obtained above, it is only 
necessary to substitute the astronomical nomenclature for 
that employed, for generality, in these equations ; thus in 
Fig. 13, if Z is the zenith, P the pole, and S a star, the 
great circles forming the meridian circle, the declination 
circle, and the vertical circle passing through these points 
form a spherical triangle ZPS identical with the spherical 
triangle ABC, and the equations for the latter can be 
applied to the astronomical triangle. Thus from equation (1) 

cos a=cosb cosc+sinb sine cos A, 


and applying this to the astronomical triangle, the equation 
becomes 


cos z=cos ¢ cos p +sin ¢ sin p cos P. 
Similarly, cos p=cos z cos c+sin z sin c cos Z, 

Equation (1) can therefore be applied to any case in 
which two sides and the included angle, or three sides, are 
given. 

“*Cot’? Formula,—Equation (4), viz. 

cos c cos A =sin ¢ cot b—sin A cot B, 
is sometimes known as the cot formula, and may be memor- 
ized as follows. If any four consecutive parts, ie. sides 
and angles, of the spherical triangle be taken, either clock- 
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wise or anti-clockwise, such as angle B, side c, angle A, 
side b, ie. B, c, A, &, then cos (inner side) cos (inner angle) 
=sin (inner side) cot (other side) 
—sin (inner angle) cot (other angle). 
Therefore, applying this to the four consecutive parts 
Bye, A, b, 
cos ¢ cos A=sin ¢ cot b—sin A cot B. 
In applying this rule, the first of the four consecutive 
may be a side; thus for the four consecutive parts 
6, C, a, B the equation becomes 
cos a cos C =sin a cot b—sin C cot B. 

Some of the applications of these equations for practical 
purposes will now be given for reference. 

Formule for Time Observations.—For time observa- 
tions such as described later in Chapter VII the 
fundamental formula 

cos z=cos ¢ cos p+sin c sin p cos P 
can be modified to obtain the desired results. 
The quantity observed is zenith distance, ZS =z 
The N.A, gives the declination § from 


which PS =90°—5 =p 
A known quantity is the latitude 9 from 
which PZ =90°—9=c 


i. each of the three sides of the spherical triangle 
PZS (Fig. 13) is known, and the angle ZPS is to be com- 
puted. 

The above-mentioned fundamental formula gives 
cos z—cosc cosp cos z—sing sind 

sinc snp ~  COS@ cos 

=cos z secé sec g—tand tang). . . (5) 

The two terms of the right-hand side of the equation are 
computed separately by log tables, and their difference 
gives the natural cosine of the angle ZPS. The log of 
this natural cosine is then taken and the corresponding 


cos P= 
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This form of the equation is suitable for direct logarithmic 


angle looked up in the tables of log cosines to obtain the 


value of ZPS. computation, as #, c, and z are all known. The form given 
Aetosaals more suitable for logarithmic computation in equation (5) has, however, certain advantages, as, if 
station, 

may be derived as follows : a observations are to be made for several days at one station, 


the values of tan @ and sec @ remain constant, and the 


cos =cos ¢ cos p-+sine sin p cos P values of tan} and sec 8 change but slightly for any par- 








aad “ioe barsa sint ticular star. e 
An analogous expression for cos > can also be found, 
T2 sine? = eRe oF as follows : 
sine sin p ; ; 
Since cos z=cos p cosc+sin p. sin ¢. cos P 
asint? yi 4mome coup cos —cos p cos ¢ 
2S Jon eee Ol = ap caneT 
_Sin ¢ sin p+cos ¢ cos p—cos z P cos 2—008 p . 0080 
sin ¢ sin p 2 cos? ——1 =——____-f_-_"” 
_£08 (pc) —cos 2 2 sin p. sinc 
sine sin p 2 cost P= ae ntes f cer—sin pind) , 
che . p—c—; 
wasn PIE sin Peo F 05 #—c0s (+6) 
ne “~sinp sinc 
—o cin POHE 2 p—e 
a asinPt 82 | gin tte—P : 2 ee 
asin’ <$— ae sin sinc 
as=pto-+z; wi sins sin (¢=8) 
sin p sine 
e+e 
onbtete , P__ /sin s sin (s—z) 0) 
sapatte=e “Og N. capone A 
2 The value of F may thus be found from either its sine 
s—c Athos or cosine, and consequently also from its tangent, as 
ke 
P alesis sin so, 
on -—— Be ‘sin (s—c) sin (s 
SIGE Wa "ease 
wa? =y/ oa) (sc) sin =A) ne CORES 


sinc.sinp 
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Formula for Determination of Latitude by Observa- 
tion of Polaris.—In the method to be described on 
page 115 for the determination of latitude by observation 
of Polaris, the fundamental equation, No. (1), is reduced 
to the form 


sin h=sin (h +x) . cos p +cos (h +x). sin p . cos ZPS, 


and it is required to find the value of x in terms of 
hand p. 

Since p and x are both small, Taylor’s theorem may be 
applied : 


2 

sin (h-+x) =sin ht cos h— = sin k= 08h. a, oe 
e 3 

€0s (h-+2) eos h—x sin h—F cos b+ sin h ; we 


The substitution of these values in the above equation 
for sin h gives 


sin h =cos p x(a) +sin p x (b) x cos t, 
t being the angle ZPS; or 


ete ee eo, 
sinh (x-fi + ig -Vein b+ cos bf sin b—Feos h...) 


+(0-£ +f... Moos A—x sin i—Ffos h-+ sin h..) cost 


2 
=sin h+x cos h+p cost . cos h— 7 sin h—px cos ¢ sin h 


2 
Sek ee 

= a 
Pein... 


; * ry P tan 
eels bceas + pitan h+px cos ¢. tan h+* tan h+... 


2 a 


2 
“x cosh =p costeosh—F sin h—px cos ¢sin h— 
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The first approximation is x =—p cos i. 
Substituting this value for x in succeeding terms, 


x=—p cos t+4p* cos* 4. tan h—P* cos* ¢. tan h+4)* tanh 
=—p cos t—4(p* cos* ¢. tan h—f? tan h) 

=—p cos t+4p* tan h (1—cos* t) 4 
=—pcost+#p*sin®t.tankh . 2. . 2. ww  « (9) 


Computation of the Position of a Star for a Pre- 
arranged Instant.—When it is required to compute the 
position of a star at a prearranged instant for observation in 
daylight or twilight, as described on page 149, the following 
quantities are known : 

The polar distance (go°—3)=p=PS (Fig. 13) 

The colatitude (90°—9) =c =PZ 

The angle ZPS (L.S.T.—R.A. for a west star, or 
24—(L.S.T.—R.A.) for an east 





star) 
ie. in the triangle ZPS the two sides PZ and PS are 
known, and also the included angle ZPS. 
The quantities required to be computed are : 
the zenith distance z 
the azimuth angle. . PZ 
2 can be found conveniently by the fundamental formula 
cof'z =cos p cos c+sin p sin c cos P 
By formula No. (3) : 
sinz _ sinp 
sin P "sin PZS 
and sin Pas =P sin P 
sin z 
In this equation the quantities p, P, and z are known, 
2 having just been computed, and therefore sin PZS can 
be computed, but as sin A =sin (180°—A) there will be a 
doubt as to which of the two possible values of PZS is 
the correct one; in fact, one of the two values will be the 
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angle PZS, and the other the supplement of that angle. 
It will frequently happen that the surveyor will know 
from his acquaintance with the stars which of the two 
values is the correct one. The two values will, of course, 
correspond to two azimuths equally inclined to the prime 
vertical, one being north and the other south of it. 

However, a definite single solution for the angle PZS 
can be found by alternative methods. 

# having been computed as above, on page 44 it was 
shown that 

ee) 
sin p sin c 

and Hee it may be shown, or by analogy it may be 


in P_. /sin (s—f) sin (s—c) 
sinP.,/ 


seen, 
_ Z_  fsin (s—z) sin (s—c) 
Sma-s/— sintsinc - - - (10) 
Zz 

further, on 2 o/s BED ra: cat a EEN 


from either of which 2 may be found ; and as its value 


will never exceed go°, the value of PZS is obtained without 
ambiguity ; but as the angle PZS may be measured either 
eastwards or westwards from P, it is necessary to determine 
from the star's R.A. whether it is east or west of the 


Formula for Azimuth Determination —In observa- 
tions for azimuth as described in Chapter VIII, the differ- 
ence of azimuth between a terrestrial reference mark and 
a heavenly body is observed at a known instant of time ; 
it is then necessary to compute the azimuth of the heavenly 
body at that instant. In the preceding paragraph methods 
for this computation have been given, but an additional 
method largely used is as follows : 


} 
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In the triangle PZS (Fig. 13), applying the cot formula 
to the four consecutive parts Z, c, P, and p, 
cos ¢ cos P =sin c cot p—sin P cot Z 
sin c cot P—cos c cos P 
“, cot Z= cs 


Multiplying numerator and denominator by sin p gives 


sin c cos p—cos ¢ sin p cos P 
sin p sin P 


cot Z= 





Multiplying numerator and denominator by cos P gives 


_ksin (c—x) cos P 
cot Z= =p sin P cos P 

Sin (c—s) cot P (12) 
sin x 

Accordingly, to compute the azimuth angle Z the sub- 
sidiary angle x is first determined from the equation 
tan x=tan cos P; Z is then computed from equation 
(12). 

Formula for Latitude by Circum-Meridian Altitudes. 
—In observations for latitude by the method described 
in Chapter VI, known as circum-meridian altitudes, it is 
necessary to compute the difference between the altitude 
of a star a few minutes before or after its transit and its 
altitude at transit, i.e. its meridian altitude. 

The known quantities are the star’s declination and 


4 





50 ASTRONOMY FOR SURVEYORS 


therefore its polar distance, its altitude at an instant, and 
its hour angle at that instant. The star is describing a 
small circle about the pole, and it is required, as stated 
above, to find an expression, or an approximate e: i 
for the difference between its altitude at the instant of 
observation and its meridian altitude, the instant of 
observation being separated by only a short interval of 
time from the transit. 
Let Jim be the meridian altitude of the star. 
pag be the altitude when the star is at a small 
hour angle ¢ before or after transit. 
» %mandzbe the zenith distances corresponding to 
J, and h respectively. 
Equation (r) gives cos z=cos p cos c+sin p sin ¢ cos ¢, 
or, sin h=sin Q sin 5+cos Q cos 6 cos t, 
and h, 8, and ¢ being known, @ could be computed. 


This equation holds for all values of ¢ however great, 
but for small values of ¢ a more convenient approximate 
expression can be found, as follows : 


: . * agit 
sin h=sin 9 sin }+c0s 9 cos 5(1—2 sin* >) 
«. sin h=cos (p—3)—2 cos @ cos 3 sint 4 
sn 9—B=sg=00"—ly 
o sin h=sin lig—2 008 cos 3 sin? £ 
or, sin },—sin h=2 cos @ cos 3 sint £ 


2. 2c08 nth | sin m=" <9 cos 9 cos 3 sint 4 
2 ——~\ 2 2 


Now if the altitude be observed near the meridian, 
In th 


“"] =A (approximately), 
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and sin 4(/im—h)=4}(hm—h) (approximately, as hy—h is 
small) 


then 05 h1>3(lu—H) =c0s 0 cos 8 sint £ 
: cos @ cos 5 snait 
and Ii —h = 2S? a sin? = 


In this expression /,, and / are in radians, and the 
difference /»—h is also in radians. In order that the 
difference may be in seconds of arc the expression for 
Jm—h must be multiplied by the numbers of seconds in 
one radian, or it may be expressed thus : 


ag § 
2 sin® — 
Gim—hy" = , “sin 7 

The above is the approximate expression for the 
difference of altitude of a star when at an hour angle 
¢ from its meridian altitude, provided the hour angle 
be small. The expression is known as the reduction to 
the meridian. 

Formula for Calculation of Azimuth from Latitudes 
and Difference in Longitude.—To find the remaining 
angles when two sides and an included angle are known. 
From equation (11)— 

tan es sin (s—2) sin (s—c) 
2 sin s sin (s—p) 


This may be written in general terms 


tan? A _sin (s—c) sin (s—b) 
2 sin s sin (s—a) 


tan 3A +tan 3B 


But tan 4(A+3)<7 en fh eB 
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Substituting in this equation for tan $A and tan $B their 
values obtained from the above equation, viz. 

A _sin (s—c) sin (s—b) 

2 sin s sin (s—a) 


sin (s—c) sin s 
tand{At5) “Gee. 


en 2s—b—a io ¢) 


tan? 





2 
= 7 6 25—¢ 
2sin = . cos —— 
2 2 


"anes 


: _ py Sin Ha—d) L, 
Likewise tan }(A—B) sm ab) Harey oo 





CHAPTER IV 
INSTRUMENTS 


Transit Theodolite.—The observer in the field will in 
most cases be restricted to the use of one form of theodo- 
lite only, namely the ordinary portable transit theodolite, 
and a more complete equipment, such as a geodetic the- 
odolite for azimuth, a zenith telescope for latitude, or a 
prismatic astrolabe will not be available on account of 
expense and questions of transport. These instruments 
will therefore not be referred to, as all the observations 
described in this book can be made with the ordinary 
portable transit theodolite. 

‘All sizes of transit theodolite from 3 in. to 12 in, are 
employed for the purpose of field astronomy, but, bearing 
in mind the degree of accuracy required and the question 
of portability, the 5-in. or 6-in. micrometer instrument, 

ling direct to 10 secs. and by estimation to x sec., is 
probably the most useful. 

‘A good engineer’s vernier theodolite may be used for 
field astronomy, but micrometer reading of the circles 
instead of by verniers is very desirable, as is also the 
provision of a sensitive spirit level on the T-arm carrying 
the vertical circle micrometers or verniers. In addition, 
a striding level should be provided to ensure that the 
horizontal axis is horizontal, or to measure its departure 
from the horizontal. 

Various accessories not always found with the transit 
theodolite will be required, such as : 

(a) A diagonal eyepiece for use when the altitude 
exceeds about 45°; and in this connection it may be noted 

33 
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that the proportions of the instrument should be st 
that it can be transited without the focus of the ae 
having to be altered. In observing with the diagonal 
eyepiece the prism inverts the image, so that with the 
ordinary Ramsden type of eyepiece the image appears 
inverted, but correct as regards right and left. 

(b) Means for illuminating the field of view. A small 
electric lamp is best for this purpose, the rays being pro- 
jected through a lens in the hollow trunnion axis on to a 
small mirror which reflects them on to the wires. The 
lamp-socket is attached to one of the standards. A 
small oil lamp should be available in case of failure of the 
dry battery used for the electric lamp. If the instrument 
is not provided with a hollow trunnion, a paper reflector 
may be attached in front of the object glass. It is bent 
over the glass and provided with an opening to enable 
the light from the star to enter the telescope, the lamp 
being placed so that its light is reflected down the tube. 
Another method of illuminating the wires is to place a 
blob of white wax on the object glass, and the light from 
ae shining on this will be diffused down the telescope 

(c) Sighting points fixed to the upper and i 
of the telescope tube to give a tae "of sight ae 
ne ¢ ee to facilitate pointing to a star. 

lark glass to be attacl i 
obvi a on hed to the eyepiece when 
lechanical Condition.—In order that satisfi 
results may be obtained with an instrument such sete 
indicated above, it is essential that it should be kept in 
good mechanical condition and in a satisfactory state of 
adjustment. The tripod should be examined carefully 
from time to time in order to see that there is no shake 
in it. The nuts and screws of the metal-work should be 
tightened up and also the shoe fastenings, the shoes being 
sharpened up if necessary. When placing the instrument 
on its tripod it may be turned in the direction of unscrewing 
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il a slight click is heard indicating that the threads 
- ae the correct position where they will engage 
on screwing up. When carrying the instrument, tighten 
all clamps so that no movement can take place; the 
clamps should also be tightened after the instrument has 
been put into its case with the clamps loose. If the 
instrument is on its tripod but not actual use, it should 
be covered with a waterproof hood. 

When handling a theodolite it should be lifted by the 
tribrach and not by the standards or micrometer arms. 
In general, care and cleanliness are essential for keeping 
the instrument in order. ; 

Tf the instrument does not revolve smoothly on its axes, 
these should be cleaned with a piece of fine wash-leather 
and a light oil. 

If the focusing tube of the telescope appears to move 
harshly, a piece of grit has probably got on to the tube 
bearing; this should be attended to at once, as the damage 
will increase. 

The slow motion tangent screws should be cleaned 
periodically with an old toothbrush and petrol or paraffin, 
and replaced with vaseline or tallow on the threads. 

The graduations on the horizontal and vertical circles 
should be cleaned when necessary with a piece of clean 
soft rag and light oil after first dusting off all grit with a 
camel-hair brush. If the graduations require re-blacking 
a little black oil paint from a tube should be smeared over 
the divisions and cleaned off with a piece of soft tissue 


paper, S 

‘The lenses should always be kept clean and their sur- 
faces free from moisture and dust. f 

If the inner surfaces of the object glass require cleaning, 
it should be taken to pieces very carefully and the glasses 
replaced in exactly the same position relatively to each 
other; most object glasses have a slot and a mark on 
the edge to facilitate assembling. Care must be taken 
not to screw the counter-cell too tightly or the glass may 
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become strained. There is usually a mark on the outside 
edge of the object glass cell so that it can be screwed 
back into the telescope in the original position. 

The focusing lenses of internal focusing telescopes 
can be cleaned by removing the object glass and the 
diaphragm ; each side of the glass is then cleaned in turn 
with a small stick round which a piece of wash-leather 
is wrapped. 

A glass diaphragm or graticule can usually be cleaned 
with a camel-hair brush, but if not it should be cleaned 
in the same way as a lens. If the ruled lines of the 
diaphragm appear too faint, they can be blackened in 
with a piece of soft tissue paper that has first been rubbed 
with a very soft blacklead pencil, the surface being then 
cleaned with the newly torn edge of a piece of card. 

If the wire of a web diaphragm is broken, it may be 
repaired as follows with a spider line. A cardboard frame 
is made and a spider placed on one edge. The frame 
is then gently shaken so that the spider hangs from it, 
the fibre being wound up with the turns wide apart and 
the end secured in a notch. To fix the wire the diaphragm 
ting is taken out, the old wire removed, and the varnish 
cleaned from the notches with spirits of wine and warm 
water. A clean uniform piece of line is then selected and 
two little balls of wax attached to the ends, one of the 
balls being held while the other hangs freely in order to 
untwist the fibre. The line is then cleaned by rubbing it 
gently with a paint brush dipped in clean water. The 
diay ting is placed on a block of wood and the line 
stretched across the ring and adjusted by means of a pin 
to be exactly in the notches, the wax balls hanging freely 
on either side. One end of the line is fixed by a small 
drop of shellac, and when this has hardened the other end 
is fixed likewise, care being taken that the line remains 
taut. Sealing-wax dissolved in spirits of wine may be 
used instead of shellac. 

Requirements in the Non-adjustable Parts.—In spite 
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of attention to the mechanical and optical condition of 
the instrument, defects will develop by constant use, and 
owing to these and imperfections in workmanship the 
ideal requirements of a theodolite are orily partially ful- 
filled, and there will always be instrumental errors due to 
defects in different parts of the instrument. 

A particular routine in observing may be adopted for 
reducing or eliminating the effect of small defects in the 
non-adjustable parts, whilst provision is made for adjusting 
other parts to eliminate the more serious errors. 

Requirements in the non-adjustable parts are as follows : 

x. The whole instrument should be stable. To test for 
this, set up the instrument and sight a well-defined point, 
fixing all clamps lightly. Apply a firm but gentle lateral 
pressure to the eyepiece. The intersection of the cross 
wires will probably leave the sighted point, but should 
return to it on removing the pressure. 

2. The inner and outer vertical axes should have the 
same geometrical axis of rotation, namely the vertical 
axis of the instrument. To test for this, set up the instru- 
ment, and with the lower plate clamped bring the level 
on the vertical circle T-arm parallel to two foot-screws, 
and bring the bubble to the centre of its run by means 
of the foot-screws alone. Turn through go°, and bring 
the bubble, if necessary, to the centre of its run by the 
third foot-screw. Repeat until the bubble is central in 
these two positions. Turn through 180° from the original 
position ; if the bubble has left the centre of its run, bring 
it half-way back by the foot-screws and half-way by the 
‘T-arm clip-screws. Repeat until the bubble remains central 
in all positions. Now loosen the bottom horizontal plate, 
and clamp the top and turn the plates round. If the 
bubble does not remain central, the outer axis of rotation 
is not vertical, and therefore not parallel to the inner 
axis. If the error is large, the instrument must be sent 
for repair. 

3- The division of the horizontal and vertical circles 
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should be accurate. The accuracy of the divisions cannot 
be readily tested, but with modern methods of division 
the errors are unlikely to be large, and their effect can be 
reduced to any desired extent by repeating the measure- 
ment on different parts of the horizontal circle and taking 
the average of the results. In the case of the vertical 
circle, since this is fixed to the telescope this procedure is 
not possible, and the only precaution that can be taken 
to lessen the resulting error is to read both verniers as 
explained later. 

4. The zero readings of the verniers should be at the 
opposite ends of the same diameter. To test, read both 
verniers in any position and note the difference between 
the readings. Move the verniers, and again note the 
difference. A constant difference other than 180° indicates 
that the required condition is not fulfilled. Error from 
this source will arise if one vernier is used for orienting 
and the other for reading the angle. Either vernier will 
give the correct measurement if the same vernier is used 
for orienting and reading the angle. 

5. The centre of graduation of the horizontal circle 
should be in the vertical axis and that of the vertical circle 
in the horizontal axis. To test, read both verniers in any 

ition and note the difference, then rotate the verniers 
through about go® and again ascertain the difference in 
their readings. If the difference is constant there is no 
eccentricity. If there is a difference, the error is elimin- 
ated by averaging the values of the angle given by each 
vernier. 

In Fig. 14 let O be the centre of the graduated circle 
and O, the centre of the vernier circle or axis of rotation. 
When the line of sight is in the position CO,D the vernier 
readings at A and B differ by 180°. If the line of sight 
is now turned through an angle « into the position EF, 
the vernier at A moves through an angle a to G and that 
at B through the same angle to H, but neither vernier re- 
cords the angle % The reading at H is BOH or (#—error), 
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and that at G is (180°+AOG) =(180°+«-+error), since 
OHO, =0GO, =error (e). The readings differ, therefore, 
by 180°-+twice the error. If both verniers are read, 
the mean is ae I) ie, the error due to 


2 
Satis i, the circle is eliminated. 
6. ie of the graduated edge of the horizontal 
circle should be at right angles to the vertical axis, and 





Fis. 14. , 


that of the vertical circle at right angles to the horizontal 
axis. This condition is easily satisfied by the instrument 
maker within limits of error which will have no appreci- 
able effect on the readings. If the condition is not 
satisfied, for example, in the case of the horizontal circle, 
then when the vertical axis is vertical the horizontal 
circle is oblique and an observed horizontal angle is not 
measured in the horizontal plane ; the error will, however, 
be so small as to be negligible. 
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7. The relation between the greatest magnification of 
the telescope and the pitch of the tangent screw should 
be such that a just perceptible movement of the tangent 
screw will cause a just perceptible movement of the wires 
across an object observed. A similar relation should exist 
between the magnification of the micrometer lenses and 
the pitch of the micrometer screws. To test for this 
condition, centre the cross wires on a well-defined point 
and read the vernier or micrometer with all clamps fixed. 
Move the vernier or micrometer through its least count, 
or a fraction of it, if discernible, and note if the line of 
sight has moved perceptibly. 

Adjustable Parts.—The above are the more important 
requirements in the non-adjustable parts of the transit 
theodolite, and the question of the examination and 
elimination of errors in the adjustable parts will now be 
considered. 

The adjustment of the portable transit theodolite as 
used for field astronomy does not differ to any great 
extent from that of the ordinary transit theodolite, except 
that a striding level is supplied with the former for 
horizontal axis adjustment. 

Parallax.—If the image formed by the objective is not 
in the plane of the cross wires, the image will appear to 
move relatively to the cross wires as the observer moves 
his eye, and accurate sighting will be impossible, as the 
line of sight may be made to appear to intersect different 
points according to the position of the eye. This state 
of affairs is known as eyepiece parallax and is eliminated 
as follows : 

1. It is first necessary to focus the eyepiece for distinct 
vision of the cross wires ; to do this, point the telescope 
to the sky or turn the focusing screw until no object can 
be distinguished in the field, and adjust the eyepiece until 
the wires are sharply defined and on closing the eye and 
reopening it the wires appear perfectly distinct at once 
without the eye having to accommodate itself. If 
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necessary, light may be reflected down the telescope tube 
with a piece of white paper to illuminate the cross wires. 
The position of the eyepiece for correct focus depends on 
the individual’s eyesight. 

2, It is next necessary to bring the image of the object 
into the plane of the cross wires. To satisfy this condition, 
sight the telescope on to the object and, keeping the eye 
on the cross wires, turn the focusing screw until the image 
appears sharply defined and until, on moving the eye 
slightly, there is no apparent movement of the wires over 
the image since they are in the same plane. The position 
of any particular object glass for correct focus depends 
only on the distance of the object observed, and is in- 
dependent of the observer's eyesight. 

Adjustment of the Horizontal Plate Levels.—Set up 
the instrument and bring the level attached to the vertical 
circle T-arm parallel to two foot-screws, and bring the 
bubble to the centre of its run by these screws. Turn 
through 90°, and bring the bubble to the centre by the 

third foot-screw. Repeat until the bubble is central in 
both these positions. Now turn through 180° from the 
first position, and if the bubble has left the centre of its 
run bring it back half by the foot-screws and half by the 
clip-screws. Repeat until the bubble remains in the 
centre of its run when the horizontal plate is turned into 
any position. The vertical axis being now vertical, the 
bubbles on the levels of the horizontal plate should be 
brought to the centres of their run by their own adjusting 
Screws alone, when the axes of the tubes will be at right 
angles to the vertical axis. 

The T-arm level is used as being more sensitive than 
the levels on the horizontal plate, but its use may be 
dis d with as follows : 

et up the instrument and bring the longer level on the 
horizontal plate parallel to two foot-screws, and bring the 
bubble to the centre of its run by these screws. Turn 
through go°, and bring the bubble to the centre of its run 
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by the third foot-screw. Repeat until the bubble is 
central in both these positions. Now turn through 180° 
from the first position, and if the bubble has left the 
centre of its run bring it back half-way by the foot-screws 
and half by its own adjusting screws. Repeat until the 
bubble remains at the centre of its run when the plate 
is turned to any position. If the bubble of the shorter 
level on the horizontal plate is not at the centre of its 
run, bring it to the centre by means of its own adjusting 
screws alone. 

Adjustment of the Striding Level—The object of 
the striding level, as already stated, is to test the hori- 
zontality or otherwise of the horizontal axis of the tele- 
scope. The V-foot of each leg of the level gives two 
points of support on the horizontal axis; it is necessary 
that the level axis, ie. the horizontal line tangential to 
the surface of the centred bubble, which lies in the vertical 
plane through the axis of the bubble tube, shall be parallel 
to the line joining the points midway between these two 
points of support in each V. 

To adjust, place the striding level in position on the 
pivots of the horizontal axis and bring the bubble to the 
centre of its run by the foot-screws. Test for wind by 
rocking the level slowly backwards and forwards. If the 
bubble does not remain at the centre of its ruh, then the 
bubble axis and the horizontal axis of the telescope lie 
at an angle to each other when projected upon a horizontal 
plane, and the striding level is said to have wind. Correct 
this wind by the lateral adjusting screws at the end of 
the bubble tube. 

The second step is to level the instrument as before 
and place the striding level on the horizontal axis, and if 
the bubble is not exactly at the centre of its run bring it 
central with the foot-screws. Lift off the striding level 
and carefully replace it end for end. If the bubble is 
not now in the centre of its run, bring it half-way 
back by means of its vertical adjusting screw. Re-level 
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with the foot-screws and repeat until the adjustment is 
fect. 

Adjustment of the Horizontal Axis.—When the 
instrument is levelled up the vertical axis is truly vertical, 
and it is desirable, but not absolutely necessary, as eX- 
plained in Chapter V, that the horizontal axis of the 
telescope shall then be truly horizontal, ie. at right 
angles to the vertical axis, ne 

If the level on the horizontal plate is but little inferior 
in sensitivity to the striding level, as is often the case, 
the adjustment may be made as follows, after having 
adjusted the plate and striding levels as already described. 

Make the vertical axis truly vertical, and place the 
striding level in position. If the bubble of this level is 
not at the centre of its run, bring it to the centre by means 
of the adjusting screws alone which control the trunnion 
support in one standard. ° 

If the vertical axis is not made truly vertical, then the 
amount by which the striding bubble is displaced on 

rotating the telescope in azimuth through 180° must be 
corrected half by means of the trunnion adjusting screws 
and half by the foot-screws, and the adjustment continued 
until the bubble remains in the centre of its run. 

In the case of a theodolite not provided with a striding 
level, the lorizontal axis of the telescope may be adjusted 
after the collimation adjustment (which is described later) 
as follows : 

Level up the instrument and sight on to a well-defined 
object at a considerable altitude, such as the top of a 
lightning conductor, and clamp the horizontal ciréles, 
Now depress the telescope, and note the exact reading of 
the vertical wire on a staff laid horizontally on the ground 
in front of the telescope as far from it as convenient. If 
the horizontal axis is horizontal, the vertical wire should 
intersect the staff truly vertically below the object sighted, 
since the collimation adjustment will have put the line of 
collimation at right angles to the horizontal axis. Loosen 
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the top plate and turn it approximately 180°, and again 
sight the observed object at high altitude ; this obviously 
will necessitate transiting the telescope. Clamp the hori- 
zontal plates and again depress the telescope, and take 
the reading of the vertical wire on the staff. If the hori- 
zontal axis is horizontal, the reading will be the same as 
before. If not, the mean of the readings is the one which 
is truly vertically beneath the observed object, and the 
trunnion axis is adjusted until on sighting the observed 
object and depressing the telescope this true reading is 
given by the vertical wire. 

Adjustment of the Vertical Circle Zero Reading.— 
It is obvious that the vertical circle reading should be 
zero when the line of sight is horizontal. This condition, 
however, is not absolutely essential if the mean of face- 
right and face-left readings is taken, as a reversal of face 
will cause a reversal in sign of the error, which will conse- 
quently be eliminated, as may be seen from an examina- 
tion of Fig. 15. It is, however, preferable to adjust the 
instrument so that the reading is zero when the line of sight 
is horizontal, and this adjustment is carried out as follows : 

Level up the instrument by means of the foot-screws 
and horizontal plate levels, and having brought the bubble 
of the T-arm level to the centre of its run by the clip-screws, 
take the mean of the vertical circle readings when the hori- 
zontal wire intersects a well-defined point as far away as 
possible. Transit the telescope in order to reverse face, and 
on turning the telescope in azimuth through 180°, having 
again adjusted the bubble of the T-arm level, bring the 
horizontal wire to the same point as observed previously 
by means of the vertical circle tangent screw, and take the 
mean of the vertical circle readings. The mean of the 
face-right and face-left readings is the true reading. Set 
the telescope by means of the tangent screw to give this 
reading ; this will cause the horizontal wire to move off 
the observed point, and it is brought back to this point by 
means of the T-arm clip-screws. This eliminates the error, 
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and the vertical circle reading will be zero when the angle 
of elevation of the line of sight is zero, ie. when the line of 
sight is horizontal. The bubble of the level attached to 






Face Right 


Foce Letr 


Fic. 15. 


the T-arm will not now be at the centre of its run ; bring 
it to the centre by the adjusting screws at the end of the 
bubble tube. 


Owing to the difficulty of making the above-described 
5 
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adjustment perfectly, it will nearly always be found that 
the F.R. and FL. ings on one and the same point, 
even with the T-arm level truly centred for each pointing, 
will differ slightly. The difference of either reading from 
the mean of the two readings is the error of collimation in 
altitude, or what is called frequently index error, It is 
eliminated by reversal of face. It is due partly to the 
fact that the line of collimation (which joins the inter- 
section of the cross wires to the optical centre of the object 
glass) does not coincide exactly with the optical axis 
(which joins the optical centre of the eyepiece to that of 
the object glass), and partly to the fact that, even if the 
line of collimation did so coincide, the circle reading would 
not be exactly zero if the optical axis were truly horizontal. 
In the case of pointings made only on one face, the correction 
for collimation in altitude may be applied, this correction 
being constant and known for a particular instrument, 
and equal to half the difference between the F.R. and F.L. 
readings on a point. 

Adjustment of the Line of Collimation.—The object 
of this adjustment is to make the line of sight or line of 
collimation at right angles to the horizontal axis. The 
adjustment is made by means of the diaphragm screws, 
and it is convenient to test first whether the wires are 
horizontal and vertical respectively when the instrument 
is levelled up. 

To do this, level up the instrument and clamp the 
vertical circle. Sight a well-defined point at one end of 
the horizontal wire. Turn the telescope slightly so that 
the wire moves across the point until the latter is at the 
other end of the wire. If the wire is still on the point, it is 
horizontal ; if not, loosen the diay screws and rotate 
the diaphragm around the longitudinal axis of the telescope, 
and test again until the desired horizontality is obtained. 
The vertical wire is fixed relatively to the horizontal wire, 
and should therefore be truly vertical when sighted to a 
plumb line suspended in front of the object glass, 
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Next, level up the instrument on fairly level ground 
midway between two staffs placed horizontally at the same 
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level (Fig. 16), the staffs being as far as convenient from 
the instrument, and as nearly as possible in the plane of 
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the horizon of the instrument to obviate errors due to 
incorrect levelling. 

Sight on to staff A, and take the reading of the vertical 
wire on the staff after clamping the horizontal movement. 
Transit the telescope, and take the reading of the vertical 
wire on staff B. Unclamp the upper plate, and rotate the 
instrument in azimuth until the vertical wire reading on 
staff A is as before. Again, keeping the horizontal move- 
ment clamped, transit the telescope, and if the reading of 
the vertical wire on staff B is as before, the line of sight is 
perpendicular to the horizontal axis. If the reading is not 
the same, correct one-quarter of the difference with the side 
diaphragm-adjusting screws, and repeat till as nearly 
perfect as possible. The length of sights being equal, no 
change of focus is required. One-quarter of any residual 
difference divided by the distance of the staff from the 
instrument will give in angular measure the collimation 
error c. If there is any defect in the focusing mechanism, 
collimation error may arise when the focus is altered. To 
test for this, the above test may be repeated with the 
instrument much nearer to one staff than the other; and 
if there is an error it may, in some instruments, be adjusted 
by lateral screws bearing on the slide. 

If the construction of the instrument be such that the 
telescope can be reversed in the wyes, the collimation 
adjustment may be made as follows: 

Level up the instrument. The clip-screws being slack, 
point the intersection of the cross wires to a well-defined 
object on which an accurate pointing can be got. With 
the horizontal plates clamped, lift out the telescope 
carefully from the wyes, rotate it 180° about its 
longitudinal axis and replace it in the wyes, so that 
the pivots are now interchanged in the bearings and 
the telescope directed towards the object. If the object 
is not now intersected by the vertical wire, correct half 
the discrepancy by the dia screws and again 
cause it to intersect the object by means of the hori- 
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zontal plate tangent screw. Repeat the test to check 
the adjustment. 

With regard to all the above adjustments it may be 
said that in general the routine of the observations should 
be such that, although the instrument has been carefully 
adjusted, any residual instrumental errors are eliminated 
as far as possible; and to this end the observations must 
consist of an equal number of face-right and face-left 
sights, and the circle readings must be obtained on all 
the verniers or micrometers concerned. It must, how- 
ever, be remembered that in the case of observations such 
as those of equal altitude where the aim is to preserve 
constant conditions of the instrument, a change of face 
is not required. 

Micrometers.—It has already been stated that the 
theodolite employed should preferably have micrometers 
for reading the horizontal and vertical angles. The micro- 
meter consists essentially of a compound microscope with 
a micrometer box mounted between the objective and 
eyepiece at such a distance from each that movable wires 
in the micrometer box can be brought into the focal 
plane of each lens system. The mechanical arrangements 
of the micrometer box vary slightly on different instru- 
ments, but it consists essentially of a metal box into 
which the eyepiece and objective tube are screwed on 
opposite sides. The box contains a slide which can be 
moved laterally by turning a graduated drum (3, Fig. 17). 
Across the opening of the movable slide are stretched 
two closely spaced vertical wires, and the slide is acted 
on by two light springs to prevent backlash when it is 
moved by turning the graduated drum. The distance 
of the objective from the vertical wires, and the distance 
of the microscope as a whole from the graduated circle 
which it is desired to read, are so arranged that the 
image of the circle graduations is formed in the plane of 
the wires, and the width of the image of one graduated 
circle division is such that an exact number of turns of 
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the graduated drum will carry the vertical wires exactly 
across this division, ie. from one graduation to the next. 
Thus fractional parts of a graduated circle division ‘can 
be measured. In reality, the fractional part is measured 
on a chord (since the vertical wires are caused to move 
in a straight line) instead of on an arc, but the error is 
not appreciable. 

There must obviously be a line of reference from which 


Movable yertical wires 
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to obtain the readings ; this point is usually the imaginary 
line midway between the vertical wires when they occuy 
the centre of the field of view, the reading of the graduated 
drum being zero. This point is located approximately 
by a V-shaped notch in front of the plane of the wires 
as shown in Fig. 17, and this notch gives the approximate 
reading. 

Least Count of a Micrometer.—The graduated circle 
of the theodolite should first be examined to determine 
the value of one division: this will usually be 10 minutes. 
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On turning the graduated revolving drum, the number 
of turns required to move the vertical wires from the 
image of one graduation to the next is measured, the 
fact that there are two vertical wires instead of one 
facilitating the centring over a graduation. If » turns 
are required, and the circumference of the drum is divided 
into p divisions, then the value of each division on the 


drum is + of a circle division. 


In 5-in. and 6-in. theodolites with the circles graduated 
to 10 minutes, is usually x, and the graduated drum has 
60 divisions, so that the value of each of these 60 divisions 
is 10 seconds. 

To Read the Micrometer.—Referring to Fig. 17, in 
order to obtain the micrometer reading, it will be observed 
that the notch reading is between 181° 10’ and r8r° 20’. 
The vertical wires are moved laterally until they lie one 
on each side of the image of a circle graduation adjacent 
to the notch, e.g. 181° 20’, it being immaterial on which 
side of the notch the selected graduation is situated. 

The minutes and seconds are now read off on the gradu- 
ated drum; in the figure this reads 6’+ between 20” 
and 30”, or by estimation 24”, so that the complete reading 
is 181° 16’ 24”. 

The same procedure is then followed for the graduation 
on the other side of the notch, the drum being revolved 
in the opposite direction when bringing the wires to the 
graduation, ie. in the final centring of the wires over 
the graduations the direction of motion of the wires 
should be contrary in the two cases. The mean of the 
two drum readings is taken as the micrometer reading. 

Adjustment for Parallax and Focus.—It is seldom 
that this adjustment is required, but it applies to every 
micrometer microscope and should be carried out in con- 
junction with the adjustment for run which is referred to 
below. A piece of white paper should first be placed on 
the graduated circle under the microscope and illuminated 
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by the reflector, and the vertical wires then brought into 
sharp focus by adjusting the eyepiece. As in the case of 
the eyepiece of the theodolite, this is an adjustment de- 
pending on the eyesight of the observer. The paper is 
now removed, and if the graduations of the circle are 
not distinct the microscope must be moved bodily nearer to 
or away from the circle. To do this, the clamp-screw of 
the microscope socket must be eased. One of the gradua- 
tions of the circle is then brought to the centre of the 
field of view and the vertical wires moved to lie one on 
each side of it by turning the graduated drum. If on 
moving the eye to the left or right there is no apparent 
movement of the wires relative to the graduation, there 
is no parallax ; but if there is movement, the microscope 
must be moved slightly away from or to the circle until 
such movement is eliminated. 

Taking Runs.—As stated above, an exact number of 
turns (usually 1) of the revolving drum should carry the 
vertical wires exactly across one division of the graduated 
circle, and this should be tested occasionally, the test 
being known as faking runs. If it is found that, on moving 
the wires exactly across one circle division, the i 
of the revolving drum shows that exactly one complete 
revolution of the drum has not been made, i.e. the first 
and second readings differ, the difference between the 
readings and the nominal value of the space is known as 
the run of the micrometer. 

In testing, the mean of two or three runs should be taken, 
and if the error is not more than 2 or 3 seconds it can be 
neglected. 

The microscope can be adjusted for errors of run, but 
the adjustment is a delicate one for field purposes, and 
if the degree of accuracy required warrants it the effect 
of the error may be eliminated by applying a correction, 
but this is seldom necessary for field astronomy purposes 
except for the most precise work. 

To eliminate errors due to backlash in the parts of 
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micrometer, back and forward micrometer readings 
the Jd be taken and averaged as explained. This will also 
reduce the error arising from lack of precision in centring 
the wires on the graduations. : r 
Timekeepers.—The most precise portable timekeeper 
either for mean or sidereal time is the box chronometer, 
such as employed on board ship and in observatories. 
Such an instrument is suitable for field astronomical 
if it can be kept stationary, but is too delicate to 
maintain a constant rate during transport. 3 

The best timekeeper for field use is a good watch with 
lever escapement, sili asm acre ENE 
watch registering to 0-01 secon a 

A fesrcaorisiec watch differs from a chronometer in the 
following details : 

1. The fusee is elimin: nee ey 

2. A lever escapement is ‘ 

3. A different a of compensation balance is used, 
but the general working principles are the same. The 

(lever escapement, as compared with that of a chronometer, 
gives two impulses to the latter's one, and with this escape- 
ment it is practically impossible to stop a watch by any 
such turning about as would stop one with a chronometer 
escapement ; it also has the advantage of being self-starting. 
The lever escapement action involves sliding friction in the 
mechanism, viz. between the escape wheel teeth and the 
pallets, which have to be oiled, and this is a disadvantage, 
as the thickening of the oil must in time affect the going 
of the watch. ‘ 

However, a good chronometer watch, with careful and 
intelligent handling, is capable of giving results practically 
equal to those of a chronometer. Such a watch is tested 
for position error by the makers, as it is not slung in gimbals 
like a chronometer, its going being observed with the 
figures XII, III and IX successively uppermost, and the 
results compared with each other and with the results when 
horizontal, dial uppermost. A good quality watch will 
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have practically no position error ; but, to reduce the wear 
on the mechanism as far as possible, and to give its time- 
keeping qualities the best scope, it should be kept hori- 
zontal with the dial uppermost, and it should be wound 
carefully at the same hour each day. The watch should 
be exposed as little as possible to change of temperature or 
atmospheric humidity, 

Watch Error.—In spite of the precautions suggested 
above, the watch will not always register correct time, 
owing to various imperfections, ice. there will always be an 
error. The watch error at any instant is the difference 
between the correct time and the time as indicated by the 
weep and this error will not, as a rule, maintain a constant 

lue. 

It is required of a good watch that, when subject to 
a particular set of conditions, it shall go at a uniform speed 
so that its error changes uniformly. 

Watch Rate,—The daily change of error is known as the 
watch rate, and it may be either a gaining or a losing one. 

The rate will differ according as the watch is stationary 
(Le. standing rate) or travelling (i.e. travelling rate), 

Determination of Standing Rate.—The standing rate 
is determined by obtaining, at the place where the watch is 
situated, not less than two sets of time signals or observa- 
tions, as explained in Chapter VII, separated by an interval 
of a few days, each time observation being made as far as 
possible in the same manner. 


Example.—A time observation on 12 June at about 23h 1om 
G.M.T. showed the watch to be 10m 19s°6 slow, and at the same 
place on 17 June at about 22h 3om the watch was 10m 548-8 slow. 
ind the watch rate. 
a4 ohm 
jose 17 22 30 
june 12 23.-«Io 
Interval between observations=4 23 20=4:972 days. 
Change of error=10m 54s:8—10m 198-6 359-2 lost. 


Sata - 
o. rate= 352 — 7.08 : . 
‘4-972 78-08 losing, daily. 
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taking 
ti of the rate may be checked by 
Fe ohscrvatloas every second night for a period of say 
days. sae 
Binet of Travelling Rate.—The cee 
under which the watch will be travelling will be as Hae 
z, Between two stations, the difference of longi 
which is known. , i 
ing to the starting station. _ } 
a Aitistninn to the starting station, and longitude 
t being known. 2 4 
(Rost thecal error is determined at starting and 
on arrival by time observations or from wireless time 
signals, and any change of error is obviously then partly 
due to the difference between the local times of the two 
places, i.e. to the difference in longitude. _ This panes 
being known, the change in error due to this is allowed oe 
and the remaining difference is ey the time interv: 
bservations to get the rate. 3 
pe eaine wate conditions include the normal sey 
period at night, but if a halt be made for several days i 
period of the halt must be allowed for in computing hed 
travelling rate if the watch is kept stationary during 
ah case 2 the calculation is performed as for standing 
rate, since the time observations are taken at the same 


q 


‘case 3 the travelling rate must be determined before 
Batam is commenced, and the calculations are as for 
standing rate, but during the interval between the cree 
tions for error the watch must be carried on a daily ci 
under as nearly as possible the same conditions as those 
likely to be met with on the journey, and of the same 


_ average daily duration. 


i i bservation 
Example —Before commencing a survey tour. time observation 
d the chronometer watch to be 4m 133°8 fast. 
ore tour the error was found to be om 55 slow, the time interval 
being 11-34 days. 
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The difference in longitude was 2° 07’ 19°-6, and the tour east- 
wards. Find the travelling rate. 

Difference of longitude expressed in time 

2°07’ 19°6 
= him 298-3, 

and since the journey was eastwards the difference in longitude 
makes the watch 8m 29-3 slower than it apparently was. 

Apparent change of error=(4m 138-8 +om $5s)=sm 85-8 lost. 

+. change of error due to rate 

=(8m 298-3—s5m 88:8) =3m 208-5 gained. 


“travelling rate= 3 =175-68 gaining. 


Wireless Receiving Sets.—As described in Chapter IX, 
wireless time signals are broadcast from various stations 
in different parts of the globe, and there are now few 
localities in which the surveyor with a comparatively 
small receiving set cannot pick up a time signal from one 
or other of these stations. Constant improvements are 
being made in receiving sets, and an intending 
is well advised to consult a firm of reputable manufacturers 
as to the best type for his particular locality. In general, 
the manufacturers will require to know what transmitting 


stations are likely to be made use of, the nature of the | 


country to be surveyed, the means of transport available, 
and facilities for maintenance or renewal of dry batteries 
or accumulators. The manufacturer, with this information 
at hand, can then design the receiving set with due regard 
to the wave length of the signals available, the strength of 
signal required so as not to be unduly interfered with by 
atmospherics, the best type of aerial and earth, the best 
source of power for the valves, and the desirable size and 
weights of the various components. 








CHAPTER V 


ASTRONOMICAL AND INSTRUMENTAL 
CORRECTIONS TO OBSERVATIONS 


N heading of astronomical corrections to observa- 
co ar ene two corrections which have, in certain 
cases, to be applied to the observed positions of heavenly 
bodies in order to obtain their true positions. These 
two corrections are (a) astronomical refraction, (b) geo- 
centric parallax. They are independent of instrumental 
corrections and would exist even if the instruments used 
were in perfect adjustment and free from any errors. 

Astronomical Refraction.—In passing from one medium 
to another of different density, light is, in general, deflected : 

(or refracted, on account of the fact that the velocity o} 
light differs in media of different density, being, with few 
exceptions, less the greater the density of the medium. 
If light is passing from a medium in which its velocity is 
v, into another medium in which its velocity is v», and if 
the incident ray makes an angle ¢ with the normal to the 
surface of separation at the point of incidence, and if 7 
is the angle between the refracted ray and the said normal 

sini _vy 
Sin? Vp 
the ratio 2 is the coeficient of refraction, and is usually 
Us 
nC by the symbol 
Srechay the ria contiitteig the incident and refracted 
rays contains the normal to the surface of separation at 
the point of incidence, or, in other _words, the 
ray always lies in the plane containing the incident ray, 
n 


78 ASTRONOMY FOR SURVEYORS 


and the normal to the surface i i 
oe of separation at the point 
The atmosphere is extremely rarefied in the upper 
Tegions, its density increasing continuously in the down- 
ward direction owing to the increased pressure due to the 
superincumbent layers ; this increase is approximately in 
geometric progression. Accordingly a ray of light in 
passing from one point to another at a different height 
above the earth’s surface is traversing a medium of varying 
density and is, therefore, refracted. Since the deflection 





Fic. 18. 


is towards the normal when the second medium is denser 
than the first, if the observer is at a lower level than the 
object observed, the light reaching him has been deflected 
towards the normal to the surface of separation, that is, 
it has been deflected towards the vertical 3 
us the rays by which an object M (Fig. 18) i: 
at O have not travelled in he soos line 410, but they 
have been deflected or refracted continuously as the 
atmospheric density increases downwards and have followed 
a curved path as shown by the curved dotted line MO, 
The tangent, OT, at O to this curved line is the direction 
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in which the object M is seen by an observer at O, being 
the direction in which the rays meet his eye. 

The apparent altitude of M as seen from O is greater 
than its true altitude by the amount of the atmospheric 
refraction. To obtain the true altitude the apparent 
altitude has to be ‘ cleared of refraction,’ or the apparent 
altitude is ‘ affected with refraction.’ 

If O were observed from M, the path of the ray of light 
would also be the curved dotted line OM, and the true 
altitude would still be less than the apparent altitude. 
It may happen in hot climates that the lower strata of 
the atmosphere, on account of their proximity to the 
heated ground, are less dense than the strata for some 
distance above them, and in this case the true altitude will 
be greater than the apparent altitude; this is unlikely 
to apply to astronomical observations, but may be the 
cause of obscure errors in levelling operations. 

In the case of light which reaches the earth from a 
celestial body, the rays undergo the entire refraction due 
$f Peming from the vacuous surrounding space through 

increasingly dense strata of air to the observer. If 
the atmospheric density were a function only of height 
above sea-level, and if a sufficient portion of the earth's 
surface, with the overlying strata of air, might be con- 
sidered plane surfaces, the question of refraction would be 
comparatively simple. But the question is complicated 
by the curvature of the earth’s surface and the correspond- 
ing curvature of the atmospheric strata above it; how- 
ever, even under these conditions the amount of refraction 
for any given altitude would be the same for all points 
of the compass. But the density is by no means a function 
only of the height above the earth’s surface, but is con- 
stantly varying at any one point, due to temperature 
changes and to the movements of the air, and the amount 
of refraction may, therefore, vary in different compass 
directions. Astronomical or atmospheric refraction thus 
introduces a serious difficulty into astronomical work. 
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As far as possible, observations should be so arranged in 
pairs that the effect of an error in the assumed refraction 
may be eliminated. 

It will readily be seen that if it be assumed that the 
atmospheric density is a function only of the height above 
sea-level, the refraction will be entirely in a plane con- 
taining the plumb line and only altitudes of an observed 
body will be affected, the refraction having no effect on 
azimuth. While this, assumption is not always correct, 
it is nearly so in most cases ; any effect of refraction on 
azimuth would be eliminated by taking a number of 
observations under different meteorological conditions, as 
it is not possible to allow for it otherwise. 

There are several formula for refraction, based partly 
on theoretical considerations as to the rate of change of 
density with altitude, and partly on the results of observa- 
tions for the values of the constants which appear in the 
formule. 

Depending as it does on the density of the atmosphere, 
tefraction is a function of those quantities which affect 
the density, viz. the atmospheric temperature and pres- 
sure, increasing with increase of barometric pressure, and 
decreasing with increase of temperature. Its value is very 
nearly proportional to the tangent of the zenith distance 
for zenith distances up to about 60°, being, of course, zero 
at the zenith itself. 

A formula which gives its value accurately enough for 
most purposes is 

refraction =58"-2 cot h, 
to be subtracted from the observed altitude A. 

The most accurate refraction tables are those of Bessel, 
which are given in various mathematical tables with the 
method of applying the corrections for pressure and 
temperature. An abbreviated table of mean refraction 
with the corrections to be applied for pressure and tempera- 
ture is given in Appendix V, 
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Geocentric Parallax.—The term parallax is applied 
in general to the apparent displacement in the position of 
an object resulting from a change in position of the point 
from which it is viewed. Quantitatively, it is the apparent 
change in the direction of the body resulting from such 
change in the view-point. Direction is measured by 
reference to a line assumed to be fixed in space ; the nearer 
an object is, the greater will be its parallax for a given 
change in the position of the view-point. If an object 
at a moderate distance be seen against a more distant back- 
ground, any movement of the observer except in the 
direction of the line joining him to the object, will cause a 
parallactic displacement of the object relative to the back- 
ground, which displacement will be the greater the nearer 
the object is to the observer ; and if the distance of the 
background be known, the amount of the apparent dis- 
placement due to a known movement of the observer 
provides a means of determining the distance of the object 
from the observer. Further, if the directions of the object 
as seen from two view-points at a known distance apart 
can be compared by referring them to a definite unvarying 
direction in space, the distance of the object can equally 
well be determined. Such parallactic displacements form 
the basis of all determinations of distances of inaccessible 
objects, both in terrestrial and in astronomical work ; for 
instance, the distance of the sun from the earth is deter- 
mined by a comparison of its apparent position as seen 
from two widely separated stations on the earth, and the 
distances of stars are determined by comparison of their 
apparent positions when observed from opposite points of 
the earth’s orbit, i.e. from two points about 185,000,000 
miles apart. 

Geocentric parallax, as its name implies, is the angular 
difference between the directions of a celestial body as seen 
by an observer on the earth, and its position as it would be 
seen from the centre of the earth. All celestial bodies, 
with the exception of those forming the solar system, are 

6 
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at such vast distances that even when observed from 
opposite points of the earth’s orbit the apparent change in 
their directions (annual parallax), due even to this large 
displacement of the observer, does not in any case amount 
to one second of arc, consequently their geocentric parallax 
is absolutely negligible. This is, however, not the case 
with the sun, the moon, or the planets, which have an 
appreciable geocentric parallax. Their apparent places, 
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tabulated in the N.A., are as they would be if seen from 
the centre of the earth, which is the most convenient form 
in which to express them, as observations taken at any 
part of the earth can readily be reduced to the corre- 
sponding values for the centre of the earth, as will presently 
be shown, and this reduction or correction is to be applied 
to all observations on the sun, moon, or planets. In Fig. 19 
the circle represents the earth, assumed spherical, and S a 
celestial body, seen from A in the direction AS. Its zenith 
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distance is the angle ZAS, and its altitude is the angle HAS. 
If it could be seen from C and referred to the same zenith Z, 
its zenith distance would be the angle ZCS, and its altitude 
the angle DCS, and the geocentric parallax is ZAS — ZCS, 
i.e. the angle ASC. 

The geocentric parallax is accordingly the angle ASC, 
which is the angle subtended at S by the radius joining A 
to the centre C of the earth. 

This angle is zero for an object in the zenith, and to 
obtain its value at any zenith distance 

AC_ sin ASC sin parallax 
CS “sin CAS “sin zenith distance 


Se sin parallax =A€ xsin 


The parallax for the observer at A is therefore a maximum 
when sin z =1, i.e. when z =go°, and its value for that case 
i termed the horizontal parallax. Accordingly 


sin (horizontal parallax) =f 
and sin parallax =sin (hor. parallax) xsin z, 


The horizontal parallax is in all cases a small angle, and 
the above may therefore be written ne 


parallax in secs. of arc 
=hor. parallax in secs. of arc xsin z. 


In the case of the sun, the horizontal parallax is given on 
Page 1 of the N.A. for every tenth day of the year, to two 
Places of decimals. It varies between about 8-66 and 8”-95, 
the latter value corresponding to the earth's perihelion on 
x January: a mean of 8”-80 may be taken for field work. 

‘The efiect of parallax on a body at a measurable distance 
from the earth is to make its apparent zenith distance 
greater than its true zenith distance as seen from the 
earth’s centre, and referred to the same zenith. The 
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correction is, therefore, additive to apparent altitudes, and 
of opposite sign to refraction, which is subtractive from 
apparent altitudes. For a spherical earth, geocentric 
parallax would have no effect on the azimuth of a heavenly 
body. 

In the foregoing, a spherical earth was assumed, As the 
true figure of the earth departs to some extent from a 
sphere, the results are not strictly applicable ; in fact, 
geocentric parallax causes an error in both altitude and 
azimuth, in general, but the parallax in azimuth is so small 
as to be negligible in field work. Further, as the correction 
for geocentric parallax is only applicable to members of 
the solar system, and in particular to the sun and moon, 
which are not relied on for precise work, it is unnecessary 
to consider parallax in azimuth, which is only the small 
component, due to the ellipticity of the earth’s figure, of 
the total parallax, whereas the parallax in altitude is an 
appreciable quantity and is always to be corrected for in 
sun or moon observations. 

‘The apparent displacement, due to parallax of any kind, 
whether geocentric or otherwise, is always towards the 
point from which the observer moves. For a spherical 
earth the assumed transference of the observer from the 
surface of the earth to its centre therefore displaces the 
observed body towards his zenith ; for a spheroidal earth 
the transference of the view-point from the earth's surface 
to its centre would cause an apparent displacement towards 
the geocentric zenith, which is at an angular distance from 
the geographical zenith equal to the reduction of latitude. 
This will be referred to later in Chapter VI. The displace- 
ment is therefore mainly in altitude, but partly also in 
azimuth, except when the observed body is on the meridian, 
when there is no parallax in azimuth. 

Correction for Sun’s Semi-Diameter.—In observations 
on the sun, which presents a disc the apparent diameter 
of which varies during the year from about 31’ 30” to 
32’ 35”, it is usual to make the observation on the limb or 
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edge of the disc, which is brought into contact with the 
horizontal wire for an altitude observation, or with the 
vertical wire for an azimuth observation. The angle sub- 
tended at the earth’s centre by the sun’s radius is known 
as the sun’s semi-diameler, and its value obviously varies 
inversely as the distance of the sun from the earth ; when 
the sun is nearest to the earth, ie. on or about 1 January, 
the semi-diameter is a maximum, when the sun is farthest 
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from the earth, ie. on or about 2 July, the semi-diameter 
is a minimum, hence 


sun’s minimum semi-diameter _ sun's maximum distance 
sun’s maximum semi-diameter sun’s minimum distance’ 


The latter ratio was shown on page 5 to be 31-0341: I. 
The sun’s semi-diameter is given in the Nautical Almanac 
for G.M.N. for every day of the year to o-or of a second of 
arc, and in the abridged edition to one-tenth of a minute 
of arc, The altitude of the centre of the disc is clearly 
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equal to the altitude of the upper or lower limb, diminished 
by or increased by the semi-diameter, which is therefore 
the correction to be applied to an observed altitude of 
the limb, to obtain the altitude of the centre. 

The azimuth of the centre differs, however, from the 
azimuth of the limb by a quantity which depends not 
only on the semi-diameter, but also on the sun’s altitude, 
as will be seen from consideration of Fig. 20 in which S is 
the centre of the small circle representing the sun’s disc, 
ZSA is a vertical circle through S, ZTB is a vertical circle 
tangential at T to the limb of the disc, and ST is part of 
a great circle and is therefore perpendicular to ZT. 
fone siete a enimat, Datos the centre S and 

imb at is angle or AZB, whi 
called 3A. re 
Let the angular semi-diameter be s. Then in the 
triangle ZTS 
sin ST _sinSZ . sins _sinz 
sin SZT sin STZ ** Sin 8A sin 90° 
where SZ =z, the zenith distance. 


. sin 6A =sin s. cosec z, 
or, since s is a small angle, and as azimuth observations 
ny) es ots goees 2 tare: nit eometpentiy st 
§ 3A =s . cosec z 
=s.sec h, if h be the altitude. 


The correction to the horizontal circle reading, if a 
limb has been observed for azimuth, is therefore + s.sec h. 

Instrumental Errors.--When all the relative adjust- 
ments discussed in Chapter IV have been made as nearly 
perfect as possible, the conditions as to perpendicularity 
of axes to one another will still not be fulfilled with mathe- 
matical accuracy, but slight residual errors will always 
be present, which can in most cases be eliminated either 
by making observations on both faces of the instrument, 
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or by the application of appropriate corrections to the 
readings of the circles; the nature and amount of such 
corrections are determined from the bubble tube readings, 
which indicate the magnitude of the errors, by methods 
explained in the following pages. Even if the instrument 
itself were in perfect adjustment, there would still in all 
probability be a slight error in the setting up and levelling, 
as a result of which the vertical axis, instead of being truly 
vertical, would be inclined at a small angle to the vertical, 
producing a corresponding deviation of the other axes 
from their correct positions. The effect of these errors 
on both horizontal and vertical angular measurements 
will now be considered. The errors will be treated in 
the following order : 

(a) Collimation error, 

(8) The horizontal axis not being perpendicular to the 

vertical axis, 

(c) The vertical axis not being set up truly vertically ; 
and it will be assumed in each case that the instrument 
is free of errors other than the particular one under con- 
sideration. 

(a) Collimation error.—This exists when the line joining 
the intersection of the wires to the optical centre of the 
object glass is not perpendicular to the horizontal axis, 
but is inclined to one side or the other of the true per- 
pendicular. When this is the case, the rotation of the 
telescope on the horizontal axis causes the line of sight 
to generate a conical instead of a plane surface, the inter- 
section of which with the celestial sphere will be a small 
circle parallel to the vertical great circle which it ought 
to sweep out. Thus,\in Fig. 21, let HR represent the 
horizontal axis of the theodolite. If there were no col- 
limation error the line of sight would sweep out the 
vertical circle AZA’, but a collimation error will cause it 
to sweep out a small circle BZ‘B’ parallel to the great 
circle AZA’. The angular distance AB is the collimation 
error ¢ referred to on page 68. 
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The magnitude of the errors in the measured values of 
horizontal and vertical angles arising from an error of 
collimation is determined as follows : 

Let S represent an object the image of which is observed 
to be on the intersection of the cross wires ; its true zenith 
distance is ZS, but its observed zenith distance is ZS’ or 
the angle ZHS’, where SS’ is part of the great circle through 
H, S, and R, and is therefore perpendicular to ZA. 

In azimuth observations on a star, the quantity which 





it is usually desired to determine is the comparative 
azimuth of the object referred to that of a fixed terrestrial 
reference object, that is, the horizontal angle between 
the fixed terrestrial point and the object. Such terrestrial 
point will usually be chosen as near to the horizon as 
possible ; it may be supposed for the present purpose to 
be on the horizon and represented by E. In order to 
measure the horizontal circle reading between E and the 
object S, the telescope is first directed towards the point 
E so that the image of E appears on the vertical wire. 
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On account of the collimation error the true axis of 
collimation does not intersect E, but cuts the horizon 
at a point D at an angular distance c=AB along the 
horizon from E, The instrument is then rotated until 
the image of S is brought to the intersection of the cross 
wires, which will necessitate a rotation about the vertical 
axis until the true axis of collimation reaches the vertical 
circle ZA, when the vertical wire will intersect the object 
S on the telescope being tilted. The horizontal angle as 
measured is therefore DZA or the arc DA, which is equal 
to the arc EB. The observed difference in azimuth is 
therefore the arc DA or the angle DZA, or EZB, whereas 
the true difference in azimuth is the angle EZS or the 
arc EC. 

Consequently the error in the value of the measured 
horizontal angle between E and S is EC—EB=BC=AC 
—AB. 

Then from the triangle SZS’ 

sin ZS _ sin SS’ 

sin ZS’S "sin SZS' 
Pe sing _ sine ih sate Ac=32. c 
Singo®sinAC =" sinz 


and as c and AC are small angles, AC = =c cosec 2, 


.. the error in the measured value of the horizontal angle, 
viz. AC —AB, is c cosec z —c, or c(cosec z —1), i.e. c(sec h—), 
where c cosec z=AC and c=DE=AB. 

The correction to be applied to the horizontal circle 
reading for a collimation error c” is c’ sech for an object 
at an altitude 4. The correction must also be applied 
to the horizontal circle reading on the fixed reference 
object ; it will be c” for a reference object on the horizon. 

If, as in Fig. 21, the line of sight lies to the observer's 
right of the true axis of collimation, each reading of the 
horizontal circle requires to be increased to obtain the 
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true reading, i.e. the correction is +c cosec z, whereas 
if the line of sight be to the left of the true axis of collima- 
tion the correction is —c cosec z, z being in each case the 
zenith distance of the object observed, i.e. of the reference 
mark or the star. 

So far as collimation error is concerned, no error would 
exist in the values of measured horizontal angles between 
objects at equal altitudes, as the correction would be the 
same for both, and one pointing on either face to each 
object would give the true horizontal angle between them. 
If the objects are at different altitudes, the error in the 
measured horizontal angle is obviously eliminated by taking 
readings of the angle both F.R. and F.L., as the errors 
will be equal, but of opposite signs in the two cases. 

For the error in observed zenith distances, from the 
triangle SZS', 

cos ZS =cos ZS’ cos SS‘ +sin ZS’ sin SS’ cos ZS'S 
or cos z=cos 2’ cos ¢, since cos ZS’S =cos 90° =0 
2' being the observed zenith distance. 

If, then, c be a small angle, cos ¢ is very nearly 1, and 
cos z=cos 2’ or z=2’, that is, a small collimation error 
produces no appreciable effect on measured zenith dis- 
tances or altitudes. 

(b) Error due to the horizontal axis not being perpendicular 
to the vertical axis—In Fig. 22 let H’R’ represent the 
horizontal axis, inclined at an angle 6 to the true horizon 
HR. If the telescope be rotated about H’R’ the inter- 
section of the cross wires will sweep out the great circle 
AZ'‘A’', the angular distance from the true zenith Z to 
Z' being b. Let S represent the position of an object 
the image of which is on the cross wires. As in treating 
of collimation error, it will be supposed that it is desired 
to measure the difference in azimuth between S and a 
fixed reference mark, which may be supposed to lie on 
the true horizon. Draw ZSC, the vertical circle through 
Z and S cutting the horizon at C, 
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If the azimuth of A referred to that mark be 6, then 
the correct azimuth of S referred to the same mark is 
0+AZS, but on account of the tilt of the axis the observed 
azimuth of S will be the same as that of A, viz. @. The 
error in the horizontal circle reading for the point S is 
therefore AZS, or the are AC, 

In the spherical triangle ASC, from the four consecutive 
parts SC, SCA, CA, CAS, 


cos CA cos SCA =sin CA cot SC—sin SCA cot CAS. 


But SCA =go° and CAS =go°—d and SC =altitude =A. 
et sin CA cot 4 =cot (g0°—d). 

“ sin CA cot 4 =tan b, 

or sin CA =tan 6 tan h. 

Therefore, since CA and 6 are small, 


CA” =" tan h. 


That is to say, if the horizontal axis be inclined at an 
angle 6 to the true horizon, and if the telescope be directed 
to a point S at an altitude /, the reading of the horizontal 








92 ASTRONOMY FOR SURVEYORS 


circle differs from the reading which would be obtained 
if the horizontal axis were truly horizontal by an amount 
6 tan h, which is the correction to be applied to the circle 
reading: positive if the end of the trunnion axis on the 
observer's left is the higher, and negative if lower. The 
value of b is measured by means of the striding level, as 
explained on page 100. 

For the error in observed zenith distances, 

let z =ZS, the true zenith distance, 
and 2’ =Z’S, the observed zenith distance, 
Then, from the triangle ASC, 
sinSA___ sin SC 
sin 90° sin (90° —0) 


, 
cos x = 
and as b is small cos b=1 and z=2’, i.e. there is no 
appreciable error in the measurement of zenith distances 
due to a small inclination of the horizontal axis. 

(c) Error due to the vertical axis not being set up verti- 
cally.—In the following it will be assumed that the instru- 
ment is in perfect adjustment as regards the perpendicu- 
larity of its axes to one another, but that owing to the 
setting up being faulty the vertical axis is inclined at a 
small angle v to the true vertical. In Fig. 23 the position 
of the true zenith is indicated by Z, while Z’ at an angular 
distance v from Z is the point where the vertical axis, as 
set up, cuts the celestial sphere. If the instrument had 
been set up accurately, its horizontal circle would have 
met the celestial sphere in the true horizon FKC, but 
owing to the inclination of the vertical axis the hori- 
zontal circle is tilted and cuts the celestial sphere in 
the great circle F’KC’ inclined at the small angle v to 
the horizon FKC and intersecting it in the horizontal 
diameter KK’, 

Let P represent an elevated point which is to be observed, 
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he great circles ZPD and Z’PEH. The true azimuth 
ae rekeed to K and its true zenith distance are respec- 
tively KD and ZP, whereas its azimuth referred to K 
and its zenith distance, both measured by the instrument 
as set up, are KE and Z’P respectively. The errors in 
the observed azimuth and zenith distance are therefore 
KE-—KD and Z’P—ZP respectively. 


The error in azimuth, viz. KE—KD, will be dealt with 
first, and it is required to find an expression for the magni- 
tude of this error. In order to do so, the position of the 
horizontal axis of the instrument will be considered. If 
the setting up had been accurate, the position of the hori- 
zontal axis in order to sight P would have been AB, in the 


+ plane FKC, and such that DA=go°; the actual position 
of the horizontal axis when P is sighted is, however, A’ B 5 
in the plane F’KC’, and such that EA’=go°. If FC’ 
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represent the line of greatest inclination in the plane F’KC’, 
then F’K and FK will each be 90°, ie. : 


FD +DK =90°, and DK +KA =90°, .. FD =KA 
FE+EK =90°, and EK +KA’=90°, .. FE =KA’, 


The horizontal axis A’B’ has therefore a definite position in 
the plane F’KC’, such that KA’ =F’E, and it is inclined ata 
small angle to the horizon, which angle may be called } as 
before. The maximum value of }, viz. v, will occur when 
me Position of the point P is such that A’B’ coincides with 
Draw ZM part of a great circle ndicular to Z’P. 
A’ and B’ are the poles of the great a Z’PEH, and the 
inclination of A’B’ to the horizon is therefore equal to the 
inclination of Z’PEH to the vertical, ie. b=arc ZM. 
poe Mis she paint at Z’PEH nearest to the true zenith, 
and is fore the highest point of Z’ 
HM pp" igh poi ‘PEH, consequently 
It was shown in discussing the error DH in azimuth due 
to an inclination } of the horizontal axis that the error 
DH =) tan h, where h=PD. In the right-angled triangle 
KEH, applying the cot formula to the four consecutive 
parts HK, HKE, KE, and KEH, 


cos KE. cos HKE =sin KE. cot HK—sin HKE.. cot KEH; 
and as KEH =90°, and HKE =», 

cos KE cos v=sin KE . cot HK. 
As v is small, cos v may be taken as x, and then 

tan KE =tan HK, or KH =KE. 











Therefore the error in the measured azimuth, viz. KE—KD, 
is equal to j 


KH—KD =DH = tan A, 


The error in azimuth is therefore in this case, as in the 
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case where the inclination is due to non-perpendicularity of 
the axis, also J tanh, where 6 is the inclination of the hori- 
zontal axis and h is the true altitude of P, viz. PD, which 
differs by only a small quantity, negligible for the evalua- 
tion of the correction, from its measured altitude PE. 

The inclination d of the horizontal axis is measured in 
seconds of arc by means of the striding level, as will be 
explained presently, and it is a matter of indifference 
whether such inclination be due to error of adjustment or 
error of setting up. The correction b tanh is to be applied 
with the appropriate sign to the actual circle reading, in 
order to eliminate the errors due both to faulty adjustment 
and to faulty setting up. The sign of the correction de- 
pends upon which end of the axis is the higher. If, as in 
Fig. 23, the end of the axis on the observer's right be the 
higher, and if, as is usual, the horizontal circle is so gradu- 
ated that the readings increase from K towards E, the 
correction is negative, as KE is greater than KD; con- 
versely, if the left-hand end of the axis be the higher, the 
correction is positive. A change of face of the instrument 
will not alter the inclination of the horizontal axis due to 
this cause, and the error cannot be eliminated by that 
procedure ; but the actual inclination of the axis is to be 
measured for the pointing on each face, and the corre- 
sponding correction applied to each circle reading, when the 
mean of the corrected F.R. and F.L. readings will give the 
true reading of the azimuth circle. In general, the inclina- 
tions of the axis will differ for the F.L. and F.R. pointings, 
as part of the error will be due to the horizontal axis not 
being perpendicular to the vertical axis; but the error, to 
whatever cause it be due, is eliminated by the procedure 
described above. 

When the horizontal angle between two points, whether 
at the same or at different altitudes, is being measured on 
one face of the theodolite, the difference between the 
readings of the horizontal circle will not in general give 
the true horizontal angle between the points; but in all 
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cases the correction 6 tanh is to be applied to the circle 
reading for each pointing. 
As regards zenith distance, it has already been shown 


that index error or collimation in altitude is eliminated by 


reversal of the instrument, and as it is assumed that, except 
when special reasons for the contrary exist, all observations 
will be made on both faces, it may be supposed that the 
index error is zero. The vertical circle will then read zero 
zenith distance when the telescope is directed towards Zz, 
and the observed zenith distance of P will be Z’P, while the 
true zenith distance is ZP ; the error is therefore ZP—ZP, 
and if the instrument be reversed, the second reading will 
also be affected with the same error, which is not eliminated 
by the reversal. The point M, being, as has been shown, 
the highest point of the circle Z’PEH, is the point from 
which zenith distances ought to be measured ; they would 
then be affected with only the very slight error PZ—PM, 
which was shown, in treating of inclination of the hori- 
zontal axis, to be negligible. M in Fig. 23 corresponds in 
fact to Z’ of Fig. 22, in discussing which it was shown that 
ZS =Z'S, consequently, in Fig. 23, ZP =PM. 

The error in the observed zenith distance is therefore 
zero if measured from M, and Z’M if measured from Z’. 

If altitudes are being read, the true altitude of P is PD, 
the difference between which and PH is negligible. If a 
spirit level were attached to the vernier arm with its axis 
parallel to the plane of the vertical circle, the centre of its 
bubble would occupy the position corresponding to M in 
Fig. 23; and if the diameter joining the zero points of the 
verniers were at right angles to IM, the circle reading 
would give the altitude correctly, apart from index error. 
The diameter joining the zero points will not usually be 
exactly at right angles to IM, but its inclination to that 
position is given by the displacement of the bubble. In 
order to make this clear, the use of the spirit level will now 
be explained. 

Spirit Level.—The spirit level consists essentially of a 


Aen 


5 
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glass tube, the bore of which is either barrel-shaped or 
curved axially to a circular arc of large radius, and sealed 
at the ends after being nearly filled with a liquid such as 
alcohol, ether, or petroleum ether. The glass tube is fixed 


S in a tubular brass casing, open at one side to allow the upper 


ide of the glass tube to be seen, in such a way that when 
ieinal isin use the plane of the arc is vertical with the 
convex side of the arc upwards. The vacant space, termed 
the bubble, always occupies the highest part of the tube, 
which is graduated on its upper side ; the graduation corre- 
sponding to the highest part of the tube can consequently 
beread. Various systems of graduation are in use, the most 
usual having acentralzero. Any alteration in the inclination 
of the longitudinal axis of the level causes a displacement 
of the bubble, the amount of such displacement being pro- 
portional to the change of inclination and also to the radius 
of curvature of the tube. Thus if a change of inclination 
of i radians causes the bubble to move a distance d along 
the tube, the radius of which is 7, d= xi. 

¢ Tf the change of inclination be 7 seconds of arc, as I 

radian =206265” : one 

Ti ang jr = 206265 xd 

8 206265" and ¢ r 

The displacement for a change of inclination of one 


second of arc is therefore ; the radius is thus 


r 
206265 
determined for any required degree of sensitivity; the 
greater the radius the ape the sensitivity, i.e. the smaller 
the change of inclination corresponding to one division of 
the level scale. : 

Usually for the ordinary 5-inch theodolite the scale 
divisions are about one-tenth of an inch long, and the value 
of one level division may be from 10 to 20 seconds of arc, 
being, as already explained, the angle subtended at the 
centre of curvature of the arc by the length between 
adjacent graduation marks. 


7 
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A level may be an extremely sensitive instrument for indi- 
cating changes of inclination, but its readings are not always 
reliable for quantitative determinations of inclination, 
owing to temperature changes causing distortion of the tube, 
with a consequent change in the value of a level division, 

The bubble being usually of considerable length, the 
position of its centre is derived from the scale readings at 
the ends of the bubble; with a central zero, the distance 
of the centre of the bubble from the zero is evidently half 
the difference between the scale readings at the bubble 
ends, provided that the two ends of the bubble are on 
opposite sides of the zero, as ought to be the case, 

The method of determining an inclination by means of 
the level will now be explained. For convenience it will 
be supposed that the inclination of a surface is to be deter- 
mined, and that each end of the level tube is supported by 
a foot resting on that surface. In an ideal level the zero 


of the graduations would be exactly at the middle point ~ 


of the arc of the tube and the feet would be of exactly 
equal length, and consequently the two ends of the tube 
would be equidistant from the points of contact of the feet 
with any surface to which the level were applied. If such 
a level were placed on a horizontal plane surface, the centre 
of the bubble would coincide with the zero of the gradua- 
tions, and would do so, however the feet were moved about 
on the surface, even if the level were reversed end for end. 
Such a state of affairs cannot be realized in practice, and it 
becomes necessary to inquire how the non-fulfilment of 
these conditions affects the level, and how its readings are 
used to measure the inclination of a surface. Referri 
to Fig. 24, it will be assumed that the feet AC and BD are 
of unequal height, that the zero O of the graduations does 
not coincide with the middle point O’ of the are CD, and 
also that the line AB on the surface to which the level is 
applied is inclined at an angle ¢ to the horizontal. 

The centre of the bubble occupies the highest point E 
of the tube, 
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Let V be the value in seconds of arc of one division of 
level scale. peas 

eon account of the inclination ¢ of AB, the bubble is dis- 
placed through q scale divisions from the position it would 
have if AB were horizontal. i 

The displacement due to the inequality of the feet may 
be called d divisions. 

If these two causes of displacement were removed, the 
centre of the bubble would be at 0’, the mid-point of CD. 


i 
Consequently O’E =yt4 
Let the scale readings of the right and left ends of the 


oe 





Fic. 24. 


bubble be R and L respectively ; the distance OE is then 
R-L 





ae 


O'E=0'0+0E ; 
4 +a=00'+8—* and R-L = +2d—2(001) 


If the level be now reversed end for end, the bubble will, 
on account of the fact that AB is not horizontal, change its 
position. Let the readings of the right and left ends, as 
reversed, be now R’ and L’. ne . 

The above expression for R—L will still apply if the 
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necessary changes of sign be applied to such quantities as 
are reversed, and the equation becomes 


RL’ =3_24 +2(00") 
Adding the two expressions, 
BR-3L=#, or '=2R=ZE y, 
4 


The inclination of the line AB is therefore obtained by 
sping the level direct and then reversed, and evaluating 


Tae which eliminates both the error due to the 


zero not being at the centre of the tube and also that due 
to the line CD not being parallel to AB. 

In the case of the theodolite, the rotation about the 
vertical axis, which is necessary in order to take both face 
right and face left readings, reverses the bubble tube end 
for end in exactly the same way as assumed above, and 
consequently the tilting of the axis in the direction of the 
Hine of sight is obtained by the same method, from the 

The value of a division of the level scale is best deter- 
mined by a level-trier, in which the level is rested in a 
frame one end of which is supported by a micrometer 
screw of known pitch, so that any desired inclination can 
be given to the frame and to the level resting in it, and the 
value of one division thus found. 

Trae pe, Getermined in the field, in the case of the level 
on miscroscope arm, in following way. Set up the 
theodolite, bring the bubble cantly 16 the, centre of the 
graduations, make a careful pointing on any object, and 
take the vertical circle readings. Now displace the bubble 
through any convenient number of divisions by means of 
the clip-screws ; this will throw the cross wires off the 
object. Bring the cross wires back to the object by the 


a 
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tangent screw; this will change the reading. The differ- 
ence between the new reading and the original reading is 
the angle through which the level has been tilted for a 
bubble displacement of a number of divisions known from 
the readings of its ends, and the angle of tilt for one division 
is readily obtained. . 

The procedure for eliminating the effect of an inclination 
of the vertical axis on observed zenith distances affords 
an example of the use of a spirit level for measuring 

The inclination of the axis may be regarded as being 
the resultant of two component inclinations, one in the 
plane of the vertical circle and one at right angles thereto. 
The effect of the latter component is to produce a slight 
tilting of the horizontal axis, equal in amount to the 
said component, and therefore never greater than the 
setting-up error of the vertical axis. 

The error in observed zenith distances due to this cause 
has already been shown, in dealing with inclination of the 
horizontal axis, to be negligible. There remains, there- 
fore, to be considered only the component of the in- 
clination of the vertical axis in a plane parallel to the 
vertical circle. 

Tn Fig. 25, let OZ’ represent the projection of the 
vertical axis on the plane of the vertical circle, OZ the 
true vertical, and OP the direction of the line of sight to 
an object P, and ROH the position of the vernier or 
microscope arm carrying the reading microscopes. 

Reversal of the instrument brings the line of sight into 
the position OP’, and in order to bring P again on to the 
cross wires the telescope has to be rotated about its hori- 
zontal axis through the angle POP =2(Z’OP). The micro- 
scope arm will now be in the position R’OH’ as it also 
has rotated about the axis OZ’, and the reading of the 
vertical circle will have changed by an amount indicating 
a zenith distance Z/OP, differing from.the true zenith 
distance by ZOZ’. If then ZOZ’ were measured and 
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applied as a correction to the observed zenith distance, 
the true zenith distance would be obtained. A level 
attached to any portion of the alidade, with its axis parallel 
to the vertical circle, would effect this measurement ; 
the level carried by the microscope arm is usually more 
sensitive than a plate level, and is therefore used for the 
purpose. As explained in connection with the spirit level, 


the formula Sh xV determines the amount of the 


= te 


Fic. 25. 
Be ne ee oe 
The ends of the bubble are in this case usually referred 
to as eye end E and object end O, and the angle of tilt 
in the direction of the object observed is 22—2= yy 
zi j 


the correction being additive to altitudes and subtractive 
from zenith distances when O is greater than E, and 
vice versa. 


Accordingly, in the observing of an altitude on both 
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faces of the instrument, the application of the level correc- 
tion eliminates error due to faulty setting up of the vertical 
axis, and as the change of face also eliminates index or 
collimation in altitude, it may be taken that an altitude 
so observed is the true altitude, apart from flexure of the 
telescope tube, which will be referred to in dealing with 
latitude observations. 

It is advisable, however, for each pointing to bring the 
bubble as near as possible to the centre of its run by means 
of the clip screws to avoid large level corrections, which 
may be unreliable. This virtually transfers the correction 
for the bubble displacement to the circle readings. The 
adjustment of the bubble should be done before the 
pointing on the object, and the bubble ends ought to be 
read immediately after the pointing and before the circle 
readings are taken, lest any further displacement due to 
temperature changes should occur. 

Summary of Corrections.—For the practical work of 
observing, the foregoing corrections may be summarized 

¢ as follows : 


ASTRONOMICAL CORRECTIONS : 
Refraction, applicable to all observed altitudes, 
—58"-2 cot h for values of h from 35° to 90°, where 
h is the observed altitude. See Appendix V. 
Parallax, applicable to observed altitudes of bodies 
of the solar system, particularly the sun, for 
which it is +8"-8 cosec h. 
Semi-diameter, applicable to sun observations both 
in altitude and azimuth. 
In altitude, +5 as given for each day in the N.A. 
In azimuth, +s.sec h, where h is the altitude and 
s the semi-diameter. 


INSTRUMENTAL CORRECTIONS : 
Collimation in azimuth—In azimuth, correction 
+c” sec h, necessity for correction eliminated by 
reversal of face. 
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Collimation in altitude, or index error.—In altitude, 
eliminated by reversal of face. 

Horizontal axis error—In altitude, resulting error 
neglible. 

In azimuth, correction +0 fan h to whatever cause 
due, where is the inclination of the axis as 
measured by the striding level, 

Vertical axis error—In altitude, error eliminated by 
reversal of face and application of T-arm level 
correction. 

Tn azimuth, correction included in b tan h as above. 


CHAPTER VI 
LATITUDE AND LONGITUDE 






Latitude and Longitude.—The co-ordinates used in 
defining the position of a point or station on the earth are 
its latitude and longitude. As a first approximation, the 
form of the earth may be assumed to be that of a sphere, 
as shown in Fig. 26, in which PP’ represents the axis of 
rotation, P and P’ being the poles, and A a station situated 
on the great circle PAP’. 

AT, the tangent plane at A, represents the horizon at 

a that point, and it has been shown that the angle TAP or 
@ is the altitude of the elevated celestial pole at A. As 
the two lines AO and OQ are respectively at right angles 
to the lines AT and Ap enclosing the angle 9, the angle 
AOQ also is equal to g. This angle 9, being (for the 
assumed spherical earth) both the altitude of the celestial 
pole, viz. the angle TAP, and the angular distance of the 
station A from the equator, viz. the angle AOQ, is called 
the latitude of the station A, and is either north or south 
according to whether the station A is north or south of the 
equator. A plane parallel to the equator and passing 
through A cuts the surface of the sphere in a small circle 
called a parallel of latitude. For of computation 
north and south latitudes must be given opposite signs ; 
usually north latitudes are treated as positive, and south 
latitudes as negative. 

The longitude of A is the angular distance between its 
terrestrial meridian plane QAR and the meridian plane 
of Greenwich, ie. the longitude of the station A is the 
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angle GPA (Fig. 26, b). Longitudes are, for astronomical 
work, usually stated in hours, minutes, and seconds of 





T (b) 
Fic. 26. 


time East or West of Greenwich; if stated in degrees, 
minutes, and seconds of angle they are converted into 
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hours, minutes, and seconds of time by reckoning 15° of 
angle to one hour of time. The conversion is most con- 
veniently done by division or multiplication by 15, as 
the case requires, thus : 
Example.—Convert 84° 45’ 30” difference of longitude 
into time : 
5) 84° 45’ 30” 
3)16 57 06 
5h 39m 02s 
Example-—Express 3h 35m 42s difference of longitude 
in angular measure : 
gh 35m 42s 
J 


17 58 30 
3 


53° 55’ 30” 

The difference of longitude between two meridians 
expressed as above in time represents the mean time 
interval between the passage of the mean sun across the 
two meridians, or the sidereal time interval between the 
passage of a star across the two meridians ; further, it repre- 
sents the difference between the hour angles of any heavenly 
body at the two places at any given instant. 

Figure of the Earth.—The actual circumstances are, 
however, not quite so simple, careful measurements of the 
earth by geodetic methods having shown that the form of 
the earth is not quite spherical, but approximates closely 
to an oblate spheroid, i.e. the figure formed by the revolu- 
tion of an ellipse about its minor axis, the polar diameter 
being the minor axis, and the equatorial diameter the 
major axis. 
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The most recent determinations of the dimensions of the 
earth give the following result : 
The semi-axis major = 20,925,871 feet. 
» »  » minor =20,855,721 ,, 
The radius R for a given latitude may be taken as 
R=semi-axis major (1—C sin? 2), where C is the com- 
pression or ellipticity and is equal to : 





semi-axis maj ‘semi-axis minor 
major 
and consequently has the value aS 


This departure from the spherical form does not affect 
the definition of longitude, which remains as for the 
assumed spherical earth, viz., the angular distance between 
two meridian planes, one passing through the place, the 
other through Greenwich, but the question of latitude 
becomes slightly more complicated, as will be shown. 

If a non-rotating homogeneous fluid earth be imagined, 
of which the particles are subject only to their mutual 
gravitational forces, such an earth would assume a spherical 
form and the direction of the plumb line at any point of 
it would be radial, the attraction on the plumb bob being 
directed towards the centre. Now if such a sphere could 
be rotated, the particles of the earth as well as those of the 
plumb line would be affected by centrifugal force. It can 
be shown mathematically that for a rotating fluid mass, of 
which the particles are subject only to gravitational forces 
amongst themselves, one figure of equilibrium is a spheroid, 
of which the minor axis is the axis of rotation, correspond- 
ing to the polar axis of the earth. The ocean surface of 
such an earth would, owing to rotation, assume a spheroidal 
form, i.e. all meridian sections would become ellipses, 
having the polar diameter as their common minor axis. 
The plumb line will not be directed towards the centre of 
the ellipse, as both the centrifugal force and the altered 
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isposition of the icles of the earth will operate to 

at to be ites towns a point such as N (Fig. 27) 
on the polar axis, but the plumb line will still be normal to 
the free liquid surface, which latter is, in fact, an equi- 
potential surface, while the plumb line takes the direction 
of a line of force and is therefore normal to the liquid 
surface. 

\P | 

| 


Tr : 











ig 
| 


Fi. 27. 


Fig. 27 represents a meridian section of such a rotating 
body, PP’ being the polar axis and A any station on the 
surface. The horizon plane at any point will be the 
tangent plane to the free liquid surface, i.e. to the spheroid 
and the plumb line will be the normal to the surface at the 
point. AT is a tangent at A to the ellipse and represents 
the horizon at A, while AN, perpendicular to AT, is the 
normal and represents the direction of the plumb line 
at A; NA produced gives Z, the zenith of A. OA pro- 
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duced gives Z’, the geocentric zenith. If a spirit level were 
placed at A, its bubble would take up a position as near to 
Z as the tube would permit, the liquid in the tube being 
virtually a part of the free liquid surface of the earth. 
Although the earth as now existing has not a surface all 
of which is liquid, the foregoing represents fairly accurately 
the existing state of the earth as regards mean surface, 
rotation, and resultant direction of gravity. However, 
according to the most precise determinations, the actual 
figure of the earth, i.e. of the mean surface, is not quite 
what it should be for a fluid mass rotating in the period of 
one day, but it is at least approximately so. 

Latitude.—Returning now to the question of latitude 
on a spheroidal earth, as shown in Fig. 27, and considering 
a station at any point A, the altitude of the celestial pole 
is the angle TA. This is called the astronomical, geodetic, 
or geographical latitude. 

The angular distance of A from the equator, i.e. the 
angle AOQ, is called the geocentric latitude, and is clearly less 
than the geodetic latitude TA, because 


angle TAp =angle AMQ =angle AOQ +angle OAM. 


The angle OAM, the quantity by which the astronomical 
or geodetic latitude exceeds the geocentric latitude, is 
called the reduction to geocentric latitude. 

The latitudes in general use and shown on maps are 
geodetic not geocentric, and correspond in general to the 
angle TAP, i.e. to the altitude of the celestial pole, but 
there may be a slight apparent difference at any station 
arising from a local deviation of the plumb line due to 
irregularity in the distribution of matter in the earth in the 
neighbourhood. 

The objects of work in field astronomy are in all cases 
purely terrestrial, ie. observations are not done with a 
view to investigations in astronomy, but they have for 
their object : 
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Determination of co-ordinates (latitude and longitude of 
a station), 
3 Be meridian or azimuth of a line, 
is » local deviations of the plumb line. 


Determination of Latitude by Meridian Altitudes.— 


me 

4 Sri 

5 a ay at 
#. 





Fi, 28. 


The determination of latitude to a moderate degree of 
accuracy is one of the simpler operations in field astronomy 
and, as a knowledge of the latitude is usually required 
before the results of any other observations can be com- 
puted, it is also one of the first operations to be carried out 
on arrival at a station. 

Fig. 28 represents the celestial sphere as seen by an 
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observer at O. Pis the elevated pole, NESW the observer's 
horizon, Z his zenith, and SZPN his meridian plane. 

The latitude, being the altitude of the elevated pole, 
is the angle PON. 

As there is no star precisely at P it becomes necessary, 
in order to find the latitude, to deduce the altitude of 
P by means of observations on other heavenly bodies of 
known polar distance. The most obvious method of doing 
so is by measuring the altitude of a star at the instant of 
its culmination or transit ; for if } be the declination of a 
star culminating at S’, the angle QOS’=3, and if hp, be 
its altitude at transit, 

then the angle PON =90°—POZ 
=90°—(S’OS—S’0Q) 
=90° in +3 
=%m +8, where Z is the meridian 
zenith distance, 
or go°—angle PON =Ay,—8. 

But go°—angle PON is the complement of the latitude 

and is known as the colatitude. 

Hence colatitude =meridian altitude—declination. The 
declination is to be treated as positive if it is of the same 
name (i.e. north or south) as the latitude, and as negative 
if of different name. 

In any particular case a rough diagram of the relative 
positions of pole, zenith, equator, and observed star will 
obviate any possibility of error. 

Procedure in Observing.—If a star is to be observed 
on the meridian with a theodolite, as the star is on the 
meridian only for an instant, it cannot be observed both 
F.R. (face right) and F.L. (face left) at that instant. 
The best procedure is to observe the star alternately F.R. 
and F.L. for some minutes before and after the previously 
computed clock time of transit. The pair of consecutive 
observations giving the highest mean is taken, and the 
said mean treated as the observed meridian altitude. 
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The observation is quickly carried out, and this method 
has the advantage that the approximate latitude is 
obtained quickly with a minimum of computation. The 
declination of the star is taken from the N.A., from the 
section giving apparent places of stars, in which section 
the R.A. and declination are given for every tenth day 
throughout the year, or in the case of circumpolar stars 
for every day of the year, at the instant of upper transit 
at Greenwich. The declination at the instant of observa- 
tion is got by interpolation from the tabulated declina- 
tions, which need not be done with great accuracy, as a 
single meridian observation, ie. a pair of pointings F.R. 
and F.L., with an ordinary theodolite would not be ex- 
pected to give a result correct to within a few seconds 
of arc, more precise methods being available if greater 
accuracy is desired. 

— The star’s observed altitude has to be corrected for 
Tefraction. 

The observation may be carried out on the sun, in which 
case the declination at the instant of observation has to 
be obtained by the method given on page 33. 

The alternate F.R. and F.L. pointings should, in the 
case of the sun, be made alternately on the upper and 
lower edges or limbs of the disc, as this eliminates the 
correction for semi-diameter and also tends to eliminate 
errors arising from the difficulty of making a perfect 
contact with the horizontal wire of the theodolite, as it is 
likely that these errors on upper and lower limbs’ will 
balance one another. 

For the sun, the correction for parallax will have to be 
applied. 

Balancing of Observations,—Any error in the assumed 
refraction will affect the computed latitude by the amount 
of the said error. This error can be partially eliminated 
or reduced, in the case of star observations, by observing 
two stars, one north and one south of the zenith and at 
as nearly as possible the same altitude. The errors in the 

8 
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deduced latitudes arising from the error in the assumed 
refraction will then be equal, but of opposite sign, in the 
two cases, and the mean of the two deduced latitudes will 
be free of refraction errors. 


For, let z, and zg be the observed zenith distances affected 
with refraction ; 
7, and 7, the assumed refractions ; 
y the error in refraction being equal in 
the two cases, provided that z, and 
4, are nearly equal ; 
6, and 3, the declinations at the moment of 
observation ; 
then (2, +7; —7) and (22 +7, —7) are the true zenith distances, 
and the latitude is (z,+7;—7)+8,, or—(zq+7y—1) +09; 


or, taking half the sum, latitude = 171) +81 —(#2 +12) +02 
: = 7 


Now the latitude deduced from the first star observed is 
Maat td, 
and the latitude deduced from the second star is 
Pa=— (272) +3, 
and the mean js +1) +8—Getrs) +8 which is the 
2 
expression just deduced for the true latitude, ie. the 
refraction error has been eliminated by observing two 
stars, one north and one south of the zenith and of nearly 
equal zenith distances. 

If a constant instrumental error exists in the altitudes 
given by the instrument, such as an index error, this has, 
of course, been eliminated by the described procedure, 
as each star has been observed on both faces ; but if two 
stars, one north and one south of the zenith, are to be 
observed, it will be sufficient to observe each star on one 
and the same face, and to take the mean of the deduced 
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latitudes ; in this case each of the deduced latitudes will 
be affected with the index error, but with opposite signs 
in the two cases; the mean will then be the correct 
latitude. 

It frequently happens that latitudes determined from 
observations north and south of the zenith differ by an 
appreciable amount, however carefully made. This is 
accounted for by droop or flexure, which is present in 
most theodolites. Its effect is not eliminated by reversal 
of face, but is, however, eliminated by balancing observa- 
tions on both sides of the zenith. 

The stars for observing should be selected beforehand, 
and should be such that the interval separating their 
transit is not more than ro or 15 minutes, if possible, so 
that there may be little or no change in the refraction 
for the two observations. 

This method can be relied on to give a result correct to 
within a few seconds with a field theodolite reading to 20”, 
For more accurate work a special instrument called the 
zenith telescope having a micrometer eyepiece is used ; 
two stars which transit at nearly the same time and at 
very nearly equal altitudes, one north and one south of the 
zenith, are observed at transit on one face of the instru- 
ment, the difference in their altitudes being measured 
by the micrometer eyepiece without reference to circle 

i from which difference the latitude can readily 
be deduced. The method is known as Talcott's method, 
having been first used by Captain Talcott. 

Latitude from Polaris.—An alternative method for 
finding latitude is by an altitude of the Pole Star. This 
method has the advantage that it can be adopted at any 
time when the Pole Star (Polaris) can be seen in the 
theodolite, without waiting for the transit of any particular 
star. The method consists in observing the altitude of 
Polaris and noting the clock time of the observation, from 
which the star’s hour angle can be deduced, and the 
latitude computed by an approximate formula, applicable 
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only to stars of small polar distance, which is given 
below. 


In observing, the usual procedure for determining a star's 
altitude and the corresponding clock time is followed, 
viz. a pointing on one face, two on the other face, and 
finally one on the original face, the clock time 
recorded for each of the four pointings. The micrometer 
or vernier readings for each pointing are corrected for 
level error, and the mean of the four altitudes is taken as 
being the observed altitude at the mean of the clock times. 
The level correction may, of course, equally well be applied 
to the mean of the circle readings, in one operation, which 
is simpler. 

This observed altitude is corrected for refraction to 
obtain the true altitude at the instant of observation ; the 
clock time is corrected for the known error of the clock, 
and the star’s hour angle deduced from the right ascension 
given in the N.A. and the longitude, which will be known 
at least approximately. 

Let z be the true zenith distance of Polaris, 

p , polar distance of Polaris, 

¢ ,,  colatitude of the station, 

¢ ,, hour angle. 
The latitude of the place of observation will differ from 
the altitude 4 of Polaris by a quantity which may be 
called x, and which will in no case exceed the polar distance 
p of Polaris. 

Then Qa=h+x. 


Then in the triangle ZPS (Fig. 13) from equation (1) 
cos z=cos p cos c+sin p sin ¢ cos ZPS, 
or sin h =sin 9 cos p +cos @ sin p cos ZPS 
=sin (h+x) cos p+cos (h-+x) sin p cos ZPS. 
The angle ZPS will be equal either to ¢ or —t. 
-. Sin h=sin (+x) cos p+cos (hk +x) sin p cos t. 





LATITUDE AND LONGITUDE 117 


The solution of this equation is given on page 47, where 
it is shown that 
*x=—p cos t+}(p sin #)* tan A, 


which is the correction to be applied to the altitude h to 
obtain the latitude @. 

In this equation the angle # is in circular measure, i.e. 
in radians, and the resulting value of the correction x 
will also be in radians, which is inconvenient. 

To obtain the value of x in seconds of arc, let n be the 
number of seconds of arc in one radian, Then, since 1” 
is a very small angle, sin 1”=numerical value of 1” in 


. x 
radians ==. 
Ea cos t+4()' sint tan h. 


x" =—p" cos t+}(p" sin ¢)? tan h sin 1”. 
The expression for the latitude then becomes 
Q=h—f cos t+}(p sin )? tan h. sin 1”, 


where / is in seconds of arc. The angle ¢ is most con- 
veniently taken the shortest way from upper transit ; e.g. 
if the computed hour angle is 18h 25m 35s, the value of ¢ 
used in the formula will be the equivalent in angular 
measure of 24h—18h 25m 35s, ie. 5h 35m 25s x15, or 
83° 51’ 15”. 

It can be shown that in the case of Polaris, the polar 
distance of which is about 1° 5’, the error due to admitting 
the approximation as used in deriving the above expres- 
sion for x cannot amount to as much as 1” of arc. The 
formula can therefore be used for any latitude determina- 
tion in which greater accuracy is not required, but in 
low latitudes the uncertainty of the amount of refraction 
at the low altitude of Polaris in such latitudes renders the 
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method unsuitable for accurate work. It is, however, 
susceptible of considerable accuracy in latitudes higher 
than about 35° N. The method is less useful for field 
work in the southern hemisphere, as the stars in the neigh- 
bourhood of the south celestial pole are not sufficiently 
bright to be picked up readily. 


Example— 
OBSERVATION ON POLARIS FOR LATITUDE 






51° 26 51” 
51 27 09|27 12|28 31 |28 37 
27 49 


29 40 





26" a 22"/25! 27 





‘The mean of the circle readings, viz. 51° 27’ 52”-2, 
with the level error, and a level correction, as explai 
has to be applied to obtain the observed altitude. 

The yalue of a level division for the particular theodolite used 
was 10”; accordingly the level correction is 








and is positive for altitudes, since ZO is greater than ZE. 
is The oe for eae eee tables = ee coe 
48" (for a temperature of 50° F. pressure of 29-6 in. 
Accordingly, mean circle reading is 51°27’ 52"-2 
level correction 00 00 6-7 
refraction— 00 00 45 


True altitude = 51°27’ 137-9 
Next, taking the mean clock reading, the hour angle of Polaris 
has to be evaluated for that instant. 
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A for the clock error on G.M.T. is applied, and the 
hour angle computed thus : Teer? 


Clock (mean time)= 4 37 37:2 
error, fast= © 00 37 





GMT.= 4 37 002 
S.T.G.M.N.=14 50 562 
add for S.T.=00 00 39-426 

00 00 06-078 


GS.T.=19 28 41-904 
long. west=00 00 415 


LS.T.=19 28 00-4 
RA = 1 36 31 
Hour angle, H.A.=17 51 29-4 West 
or = 3 & 30-6 East niga 
value R.A. is that given in the N.A. for 0 
eee The declination, from the same source, is 
88° ss’ 04’, therefore the polar distance, ?, is 1° 04’ 56”=3896". 














TAGh 08m 308-6 log p=3:59062 ne P= 
ne ca? or aor log cos £=2-56965 # log sin f= 1-99970 
log 1st correction =2-16027 7 3°59032 

%2=7:18064 

ist correction= 1447-6+ log tan h=0-09867 

=2/ 2476+ log sin 17=6-68557 

log 4=1-69897 

= 166385 


and correction=46":1-+ 


hast? 27! 1379 
ist correction= +2’ 24°-6 
and, a st 








=51° 30" 247-6 
which is titude deduced from the observation. 
Te will be noticed that the letter n is written afier the value of 
cost. This is to indicate that the quantity, viz. cos ¢, of which 
Wit amy Lore be’ observed that to obtain a result correct to one 
second, five-figure logarithms are, in , sufficient, 
greater accuracy is required, seven Agure logarithms should be 
used. 
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Use of Pole Star Tables.—Both the Nautical Almanac 
and the corresponding American publication, the American 
Ephemeris, give Pole Star tables for facilitating the reduc- 
tion of observations on Polaris for latitude, by dispensing 
with the computation. 

The Tables in both publications are based on the equa- 
tion given on page 117, but they are constructed some- 
what differently. In the N.A., the value of the 1st correc- 
tion, viz. —p cos #, is given in Table I for values of ¢ 
increasing by 2 minutes of S.T. from oh to 24h. The 
quantities given in this table have been computed for 
a mean value of »; # is, however, not in fact constant, 
as the position of the celestial pole varies on account of 
precession and nutation. 

The quantities in Table I, therefore, require a small 
correction, given in Table III and called the 3rd correction, 
to reduce them to the true values corresponding to the 
actual values of the polar distance and R.A. of Polaris 
on the date of the observation. 

The 2nd correction is given in Table IT. 

The quantities for the 3rd correction would be negative 
in some cases; but in order that the tabular correction 
may in all cases be positive, Table III has been constructed 
in such a way that the observed altitude is to be reduced 
by 1 minute of arc before application of the corrections. 

Application of the tables to the observation just com- 
puted, which was taken on 4 November 1927, gives 


Altitude reduced by 1 minute : + 51° 26’ 13%9 
Ist correction (for L.S.T. 19h 28moos) . 0 2 16 
and a : a é o o 46 
3rd oa . . os Ls Ee 
Latitude . + 5 30’ 24"9 


The tables do not give such accuracy as the computation, 
but even if the degree of accuracy is not sufficient for the 
purpose of the observation, they afford a ready means of 
checking the computation for any large error. 
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An observation on Polaris for latitude ought, if con- 
venient, to be combined with a meridian observation of 
a star south of the Zenith for the reasons already explained, 
viz. that errors in the assumed refraction are largely 
reduced and any instrumental errors eliminated. 

For the reduction of the observation it is necessary to 
know the L.S.T. in order to compute the hour angle, 4, of 
the star at the instant of observation. The clock will give 
the standard meridian time, whether sidereal or mean, 
of the instant of observation; the longitude will be 
known at least approximately, and may be applied to 
the standard meridian time to obtain the local time. 

A small error in the assumed local time will not affect the 
computed latitude to an appreciable extent, but in any 
case the computed latitude will be sufficiently near the 
true latitude to enable the observer to take observations 
for local sidereal time by the methods to be described in 
the chapter on time determinations, and the longitude will 
then be found from the difference between the local time 
and the standard meridian time. This longitude may then 
be used for a more accurate determination of latitude. 
In fact, the observations form a series of successive approxi- 
mations, and this applies to most, if not to all astronomical 
observations, the number of the veer vaio in the series 
increasing with the accuracy require: 

Latitude by Scanners ae au 
and principle of finding the latitu y meridiar 
aittabe of star have already been explained. It is 
possible, however, to obtain a more accurate and more 
reliable determination by observing a series of altitudes of 
astar, with the corresponding clock times, for a few minutes 
before and after the transit or culmination of the star, and 
applying a correction to each altitude to reduce or correct 
it to the altitude the star would have at its transit, the 
hour angle corresponding to each observed altitude being 
known. In other words the altitude of the star is observed 
at a known small hour angle, and a correction corresponding 
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to the hour angle is applied, the amount of the correction 
representing the difference between the star’s altitude at 
the instant of observation and its meridian altitude. 

From each separate pointing on the star, with the corre- 
sponding known hour angle, the latitude can be computed, 
and the mean of the series is taken as being the latitude 
deduced from the observation. 

The expression for the amount of the correction, or the 
reduction to the meridian, is given on page 51 and is 

i ot 

cos g cos 7S 2 

cos Ti sin 1” 
asint! 

The factor ———,- depends only on the hour angle f, and 
its value can be tabulated for values of ¢ advancing by one 
ane seconds, Such a table will be found in Appendix 

o. VI. 


In the factor 92.6952, 5 ic known, and / is known from 


the observation. @ is, however, not known, being in fact 
the latitude which it is desired to obtain, An approximate 
value of @ is, however, obtained by treating / as a meridian 
altitude, from which g is derived by the formula 
g—8=90°—h. The best procedure is therefore to take 
the pair of consecutive pointings which give the highest 
altitude, to treat this highest altitude as A in the factor 
wee a and the value of 9 is then got from ¢—3= 
go°—h. 


Accordingly for all the pointings the value of ped 
ing to determine a latitude by this method, 


a star is selected which will transit at a convenient time, 
and at a convenient altitude, say about 30° to 50°. Point- 
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ings on the star are taken from about ro minutes before 
transit to about the same interval after transit, and the 
altitudes and corresponding clock times booked. The 
pointings are best taken alternately face right and face left, 
but face may be changed after each two pointings if preferred. 

If , be the first observed altitude, after correction for 
refraction, the hour angle being then ¢,, the corresponding 
meridian altitude h is 


t 
2 sin? — 
cos @ cos 8 2 
hah, sO SE, —F =: 
208 9 608 3 constant and may be represented by A. 


t 
2sin® ~ 
<aqqr “epends only on the hour angle #, and may be 
represented by my. 
ae J h=h+Am 


Similarly h=h,+Am 
and h=hy+Amg 
or h=hy+Am, 


The meridian altitude corresponding to each pointing is 
thus computed, and if there were no instrumental or 
observing errors these meridian altitudes ought all to be 
equal. Their mean is taken as being the true meridian 
altitude, and from it the latitude @ is deduced by the 
formula g—8=90°—A. Such a series of circum-meridian 
altitudes gives a more accurate result than a single observa- 
tion on the meridian, or a pair of observations one on each 
gy pe alue of h differing greatly 

Any pointi i ives a value o} 
font a en ey Be cajectad as unreliable. The values 

2 sins £ 5 
of m, ie. sar are, as already stated, most conveniently 
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taken from tables (Appendix VI), ¢ being for each pointing 
the actual hour angle at the instant of pointing. 
Accordingly, if a star is being observed, ¢ is the sidereal 
interval between the instant of pointing and the transit. 
If a mean time clock is being used, the clock time of transit 
is first computed, and the clock time of each pointing 
booked. The intervals obtained by subtraction will be 
mean time intervals, from which the corresponding sidereal 
intervals must be computed or taken from tables, to obtain 
the value of ¢ for each pointing. It will usually be suffi- 
ciently accurate to perform the reduction to sidereal 
intervals by adding xo seconds per hour to the mean time 
intervals, the accurate quantity being 9-8565 seconds per 
hour. An equal number of pointings should, if possible, be 
taken before and after transit ; if this be done, the effect of a 
smallunknownerrorof the clock on local time will be reduced. 
If the observation is being done on the sun, the clock 
time of transit, being local apparent noon, LAN., is first 
computed. The clock will probably be a mean time clock, 
and the sun's hour angle for any pointing will then be given 
directly by the difference between the clock time of the 
transit and the clock time of the pointing. It should be men- 
tioned here that the sun’s hour angle at an instant separated 
by a mean time interval of ¢ from transit is not exactly f, as 
the equation of time has, in general, changed during the 
interval , but the change in the few minutes interval will 
in all cases be so small as to be negligible in field work. 
The declination to be taken in the case of the sun is, 
for each pointing, the actual declination at the instant of 
that pointing, but it will be sufficiently accurate to take 
for all the pointings the value of the declination at the 
mean of the times of the pointings. The pointings should 
preferably be done half on the upper limb and half on the 
lower limb, as any error in making the contact between the 
limb and the horizontal wire will probably be of the same 
Kind in the two cases, and the error will cancel out in taking 
mean, 
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Observation for Latitude by Circum-Meridian Altitudes. 
STAR OBSERVED 7 CETI 


R.A. 2h 39m 3385 
& 2° 55° 54”-2 N. 


Clock 
(M.T.) 


. 
z 


KS8SSVvae” 

BUSSKy, » 
S8BBs38s = 
ASEESLAS - 
BB8S8SS3 * 


Stteeassa: 


h 
6 
6 
6 
6 
6 
6 
6 
6 


Menor 


HKSSHES 
Qos ouee 


SBRBLSLLE ~ 
BARRARS s 


BHRHHEHE © 


Value of 1 division of level=20*, 


hm s 
LS.T. of transit= 2 39 33'S 
Long. W.= 3754 


G.S.T. of transit= 2 40 106 
S.T.G.M.N. =20 02 24°3 


Sidereal interval=: 6 37 46:3 
T. inte: Gh = 5 $9 01-023 
ee 37m = 36 53-938 
468 = 45°874 
Os-3 = “299 
GM.T.= 6 36 41-134 

1 


Clock fast = 15 
Clock'time of transit= 6 37 56 


meeting? 
F.L.=42° 07' 29 


F.R.=42 06 23 
2 184 13 52 


42 06 56 log cos #=1-80040 


Refrac- 


tion = 01 04 


h=q2 05 52 
d= 2 55 54 


6=39 09 38, 
=50° 50” 02 


a» 08 8 


» cosh 


ar 


=1-99943 


=1-79983 
=1-87040 


=1-92943 
= +850 
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Applying this procedure to the present observation : 












































hms orien ° Cam 
6 27 38 42 03 55 | 42 06 53 
6 29 52 42 04 33 | 42 06 22 
6 39 39 42 06 23 | 42 06 28 hms 
6 41 29 42 06 15 | 42 06 36 62738 | R 
6 33 2 42 07 04 | 42 07 36 62952 | R 
6 36 09 42 07 29 | 42 07 34 6332 |b 
eae 42 06 22 | 42 07 27 6 3009 | L 
6 40 15 42 05 06 |(42 07 02) 6 3939 | R 
6 41 29 R 
ooo Raed 6 44 105] L 
Mean F.R.=42 06 34-7 64615 |L 





to, Filemegs 07 52'5 
2/84 14 o71 


42 07 +03 
Refraction=* of o4° 


55:9 506 814 


42° 06' 00" 








| 





19 —50°6 " 
42 05 595 Level correction = 552=5°* X20=—6".6 
8=02 55 54:2 
6=39 10 05:3 Refraction= —1 04 
ries : rection: e r 
% 49 $43 Total cor = 1 106 


The meridian altitude (42° 07’ 02") has been rejected, as deviating 


‘bl the I Mean observed altitude = 
considerably from other values, advant of compu 
coeteany The tage iputing 


06 00 








altitude tely for each Pointing is that a poor 
pointing such as the one for 6h 46m 158 can tajected as deviating Amy 
too far from the mean of all the pointings, Provided, however; 


that there is no particular reason to Suspect that any point 
is a poor one, the reduction of the observation can be aeeat 
somewhat by taking a moan value of the altitude readings, 
applying to it the corresponding level and refraction corrections, 
ahd adding to it the quantity A multiplied by the mean value of 
m for all the pointings. This procedure is correct mathematically, 
but does not permit of the rejection of a poor pointing. 
For Jim=hy+ Am, 
Jing Amy : 
Ti=hs-+Amg, ete. 


i= Datla tliat oe yy mytMmgtmybee 

‘0. of pointings *“** "No. of pointings 

ie, Jm=mean value of h+-A x mean value of m 
OF him=hy-+Amy 


Jot Amy= 05 55:9 


53 54:2 
c= 39 10 OF 
g= 50° 49" 583 


The reduction by this method is scommineyy, somewhat shorter, 


but the I , viz., by reducing pointing separately, 
is to be preferred if time permits of its use. 


42 
oO "4 
42 04 at 
42 
2 








Methods for determining longitude are given in Chapter 
Ix. 





CHAPTER VII 
DETERMINATION OF LOCAL TIME 


General.—The determination of local time is frequently 
necessary in the operations of field astronomy and naviga- 
tion. The determination of the longitude of an ol i 
station resolves itself into a determination of the difference 
between local time and Greenwich or other standard 
meridian time, as explained. Conversely, if the longitude 
of a station is known accurately, an observation for local 
time will, when corrected for longitude of the station, 
give the Greenwich time at the instant of observation, and 
the difference between this and the chronometer time of the 
observation gives the error of the clock on Greenwich time. 
It is to be understood that in all cases what is meant by 
determination of time is in reality determination of the 
clock error on local time, and a chronometer or clock is an 
essential part of the equipment. 

Time by a Single Altitude.—The method in general 
use in field astronomy consists in measuring with a theo- 
dolite the altitude of a star and noting the corresponding 
clock time. At any definite station, any star reaches a 
particular altitude at two definite instants of local sidereal 
time, one instant when the altitude is increasing and the 
other when the altitude is decreasing. The transit of the 
star occurs at the middle of the interval between these two 
instants, and the hour angles of the star at the two instants 
are such that their sum is 24 hours, 
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According to equation (5), 
cos P =cos z sec 9 sec }—tan 9 tan $ 
zis determined by the observation, 
is known for the station, 
and 4 is known from the N.A. 
P is then computed by one of the methods given 
on pages 43 to 45. 


Selection of Stars.—The selection of suitable stars 
for time observations is based on the following considera- 
tions, It is obviously necessary that the star should be 
changing its altitude rapidly, in order that the instant of 
its intersection by the horizontal wire of the telescope may 
be noted with precision; a star the altitude of which is 
changing slowly will remain for an appreciable time inter- 
sected by the wire and is unsuitable for time observations. 
Further, as the latitude of the station enters into the 
formula by which the hour angle is determined, and as the 
latitude may not be known with exactitude, stars should 
be selected such that an error in the assumed latitude will 
produce the least possible error in the local time deduced 
from an observation of the star’s altitude. It will now be 
shown that these conditions are best fulfilled by stars in 
the prime vertical. 

The first condition as regards suitability for time observa- 
tions is, as stated, that the star’s altitude, and therefore 
also its zenith distance, should be changing rapidly. The 
rate of change of zenith distance is we which is therefore to 
be a maximum. 

From equation No. r, 

cos z=cos p cos ¢+sin p sin c cos P. 

The star's polar distance p is practically constant for 

long periods, and may be treated as constant for the purpose 


of any one observation. The colatitude c is constant for 
any one station. The variables are the angle P and the 


9 
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zenith distance z. P changes uniformly with the time, 
ie, as is constant, being in fact 15° per hour, or 15” of 
arc per sidereal second in the case of a star, 

Differentiating the above equation with respect to #, 


i as cs omsin sinc. sin P ee 
sins p. . a 
sin s 4 =sin p sin c sin P xa constant, 
dz _sin p sinc sin P 
dt sin z 
sinp _sinz, ; 4s asco eat 
but S37 ~ain p’ % Sin p sin P sin z sin Z, 
dz_sinz.sin Z.sinc 
“= ang “constant, 
=sin Z sin c x constant. 


xconstant ; 


The value of the constant = is 15” of arc per second of 


time; accordingly, if 3¢ represent a short interval of time, 
in seconds, and 6z the change in zenith distance, in seconds 
of arc, during that interval, 

52” =15 sin Z sin c d¢ in seconds of time. 


As sinc is constant, é is obviously a maximum when 


sin Z has its maximum value, ie. when Z=go°, i.e. when 
the star is on the prime vertical. 

The zenith distance, and therefore also the altitude, of 
a star is therefore changing most rapidly when the star is 
on the prime vertical. 

From the equations it is seen that all stars in the same 
vertical circle have the same rate of change of altitude, and 
stars in the prime vertical have the greatest rate of change 
of altitude. 
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If the above expression be written 

be" 
15 sin Z sinc 
it is clear that a small error in the measurement of z pro- 
duces least effect on the resulting value of ¢ when sin Z is a 
maximum, i,e, when Z =go°. 

Taking now the second condition for suitability for time 
observations, viz. that the effect of a small error in the 
assumed latitude on the resulting computed time is to be 
a minimum, we have, as before, 


dt in seconds of time = 


cos z=cos p cos ¢+sin sin c cos P, 


Assuming now that the zenith distance z has been correctly 
observed, z and # are constant, and the variables are cand P, 
Differentiating with respect to c, 


o=—cos p sin ¢+sin A(c0s ¢ cos P—sin c sin PAP) 


or cos psin c—sin p cos ecos P=—sin psincsin P&P ... (a) 
pe he cestcemila to the four consecutive parts 
p, Pc, Z, 
cos ¢ cos P=sin c cot p—sin P cot Z. 
cos ccos P=sin cP - sin P cot Z 
oo map 
. sin P cot Z =Si2 2:08 p—cos ¢. sin p. cos P 
sin 
sin c cos p—cos c sin p cos P=sin p sin P cot Z. 
.. from equation (a) above, 
sin p sin P cot Z =—sin sin sin P&® 
aP__cotZ 
dc sinc 
which is a minimum, and is zero, when cot Z =o, 


or 
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Now the meaning of @ being a minimum is that for a 
small change in c, the resulting change in P is a mini- 
mum, and as P is the hour angle (east or west), the 
resulting computed value of the local time has the least 
error when cot Z=o, ie. when Z=go°. The error 
will, in fact, be o if Z is exactly 90°, ie. if the star 
is observed on the prime vertical. The error is clearly 
a minimum when sin c has its maximum possible value, 
viz. 1, when c=90°, ie. when the observing station is on 
the equator. 

Accordingly, for both the reasons mentioned, the best 
stars to select for time observations are those on or near 
the prime vertical. 

Balancing by East and West Stars.—Apart from ob- 
serving errors, an error in the assumed value for the 
refraction will have a direct effect on the corrected altitude, 
and therefore also on the deduced local time. For in- 
stance, if an east star is being observed, and too high a 
value be assumed for the refraction, the corrected altitude 
will be lower than the true altitude, and the computed 
hour angle, measured eastwards from the meridian, will 
be too great. The deduced instant of observation will 
therefore be earlier than the true instant of observation, 
being in fact the instant corresponding to a lower altitude 
than the true one. If now a west star be observed at 
about the same altitude, and if, as is likely, too high a 
value be assumed for the refraction in this case also, the 
computed hour angle, measured westwards from the 
meridian, will also be too great. The deduced instant of 
observation will therefore, corresponding as it does to 
too great an hour angle, be later than the true instant 
of observation. An error in the assumed refraction is 
therefore largely eliminated by taking an observation on 
both an east and a west star; and this should be done in 
all cases, if convenient. Instrumental errors such as 
droop are also eliminated by this procedure. 
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_ An example of a time observation, taken on 19 January 1928, 
in latitude 51° 29’ 57” N., on east and west stars, with a 6-in. 
micrometer theodolite reading direct to 10°, and by estimation to 
1”, altitude level reading 10” per division, using a sidereal clock, 


WEST STAR—VEGA (2 LYRAE) R.A. 18h 34m 2788 
a 38° ae aN 

















Level. Vertical Circle. Mean. 
Eo 
hms | 
23 18 49°5 | FL |22-2|20°0| 40° 10’ 55”|10’ 51”| 9’ 44”| 9’ 48] 40° 10’ 19""5, 
23 21 54'5| FR|22°3]22°0| 39 43 48 |43 36 |42 10 |42 18] 39 42 58 “4 
23 24 23 | FR|21°8]23°0| 39 21 20 |21 24/19 54 |19 53| 39 20 37°5 
23 27 55°5| FL |23-2|21"1] 38 48 0g [48 01 |49 09 |49 15| 38 48 37 


493 02°5 4lts8 02 32 “4 
23 23 15°6 10" x (325861) _ —4"2 level 39° 30° 38°1 
—V' 10” refraction 
=i 14"2 —1 14°72 
sin Pan, / 2 (=p) ain (5=0) I= 39° 20' 24” 
2 sin p sine z= 50 30 30 
logs 9 bi c= 38 30 03 
moe 15095908 sin p 18922548 p= 51 17 13 
sin(s—c) 7199111 sin ¢ 1°7941575 Seon 
1 : ~ 2s=140 17 52 
auipeire 031358; 16864123 ere Atta 
2 | 1*5430806 s—p= 18 51 43 


Pp sem 3 38 53 
log sin 5 =1°7715448 
En36° 13’ 26" 
P=72° 26’ 52° 
hm s 
t=4 49 47° 
RA.=18 34 27°83 
LST. 23 24 15°; 
Clock 2323 ie 
Slow 00 00 597 on L.S.T. 







EAST STAR ( 






= 4 05 45-3 East 


t=19 54 14-7 West 
RA.= 4 58 47-7 


LS.T.=00 53 02: 
Glock =00 $2 00-6 
Slow=oo 1 o1°8 


up for each pointing. 
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*1 133° 13° 49"| 13° 46"| 12’ 47"| 12" 53° 
0133 57 47 |57 51/58 21 |58 20 | 33 58 05 
0134 30 45 |30 5030 14 | 30 13 
+3 J35 38 OF |37 59136 44 136 40 





TAURI) — RA. 4h 58m 475-7 


8 21° 29’ 20° N. 









33° 13° 187-7 
34 30 30°5 
35_37 21 


i Sail 
ro" x (2255884). aes tev ee 
—1' 23" refraction ee 
ae = 5 
h= 34° 18" 247-3 
logs es ane 7=55 41 35-7 
sin (s—p) 13468501 sin p 1-9687111 c=38 30 03 
sin(s—c) 1-8325752 sine 1-7941575 p=68 30 40 
1 a Se 
am pame 07371314 1-7628686 28—=162° 42’ 187-7 
s= 81 21 09-3 
log sin > 17082783 S—P= 12 50 29:3 
P 09". 
330° 43’ 0975 S—Cm 42 51 06-3 
P=6r 26 19 x 
m 8 


ms 
West star=00 59-7 slow 
East star=mor 01-8, 


Mean » onLs.T. 





1 00:7 


Note.—The star being faint in twilight accounts for the delay in picking 
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CHAPTER VIII 
DETERMINATION OF AZIMUTH 


General.—In making a survey, other than a compass sur- 
vey, covering a small extent of ground, it is usual to 
observe the magnetic bearing of one line of the survey, 
ie. the inclination or direction of that line referred to the 
magnetic north and south line. This magnetic bearing is not 
used except to plot on the map of the ground the direction 
of magnetic north; generally a line is also drawn inclined 
to the direction of magnetic north at an angle equal to the 
declination or variation of the compass, and therefore showing 
the direction of geographical north. This declination or 
variation is not constant, but for any one place it is subject 
to periodic changes, both of short and of long periods ; 
further, its amount differs at different places, the lines of 
equal declination being curved in a rather irregular manner. 
In London, the magnetic compass pointed due north about 
the year 1657; the declination then became westerly, 
and reached a maximum of about 24° in 1816 ; since then 
it has been decreasing, the declination being at present 
(1928) about 14° W., with an annual decrease of about 10’. 
Apart from this long-period change, the declination has 
also changes of shorter periods, of respectively eleven 
years, one year, and one day. Admiralty charts show 
the amount of the declination for the area covered by the 
chart, together with its rate of annual change. 

In view of the perturbations to which it is subject, the 
magnetic compass is not to be regarded as a means of 

135 
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of the geographical meridian deduced from it by correction 
for declination is liable to considerable error, ‘In addition 
there is, in all probability, an error due to the magnetic 
axis of the needle not coinciding with its axis of figure. 

For the purposes for which a survey of a small area is 
usually undertaken, an accurate determination or plotting 
of a north and south line is unnecessary, and the accuracy 
of the survey itself is not affected. 

When a survey over an extended area is undertaken, 
the directions with reference to one another of the various 
lines forming the network of the survey are determined 
by angular measurements, as, for example, in triangula- 
tion or traversing. The lengths of the lines are either 
computed or measured, and, their lengths and relative 
angular positions being known, the network can be plotted, 
due regard being paid to the figure of the earth. For 
the details of the method, the reader is referred to any 
standard work on Geodetic Surveying. 

It will obviously be necessary to fix the absolute position 
of this network on the earth’s surface by the determina- 
tion of the latitude and longitude of one point or more, 
and by the determination of the directions of one line 
or more from such a point referred, for convenience, to 
the geographical meridian of that point. Such a direction 
is the azimuth of the line and is the horizontal angle 
between the meridian plane through the point and the 
vertical plane at the point and containing the line, Methods 
for the determination of azimuth for this and other pur- 
poses will now be described. 

It will be clear on reference to Fig. 5 that for any definite 
latitude, at any definite instant of local time, both the 
altitude and azimuth of any star have definite values, and 
vary continuously with the time ; consequently if any one 
of the three quantities time, altitude, or azimuth be 
known, the remaining two can be computed by solving the 
spherical triangle concerned ; it being remarked that for 
any value of the altitude above the horizon there are two 
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corresponding values for the time, at equal intervals before 
and after the time of transit of the star, 

It is thus possible to compute the azimuth of a star from 
a knowledge of either the L.S.T. or the star's altitude, and 
either quantity may be used as the basis of an observation. 

The observation in either case consists essentially in 
observing the intersection of the star by the vertical wire 
of the theodolite, taking the reading of the horizontal circle 
and comparing it with the reading of that circle when the 
vertical wire of the telescope is directed to the terrestrial 
object the azimuth of which is to be determined. ‘ 

To provide the data necessary for the computation of 
the star’s azimuth at the instant of intersection, either the 
clock time of the intersection or the altitude at intersection 
has to be noted, as has been explained. According to 
whichever of these procedures is adopted, the method may 
be called azimuth by hour angle or azimuth by altitude. 

‘The former method is to be preferred in general, for the 
reason that the observation is simpler ; the computation is, 
however, rather longer. As it is probable that the observa- 
tion will have to be done after dark, it is necessary to 
arrange for the illumination of the terrestrial object the 
azimuth of which is to be determined; this object is 
usually called the reference mark (RM. .) or reference object 
(R.O.). Any convenient box having a vertical slit about 
} in. to } in. wide, according to the distance at which it is 
to be placed, and a lamp which can be set inside the box, is 
all that is necessary. The wires of the diaphragm will, of 
course, also have to be illuminated, as in other night observa- 
tions. A great deal of this inconvenience may be avoided, 
and the observations taken while there is still sufficient 
daylight to point accurately on the R.M., by making a 
rough determination of the meridian by sun observations 
of the same kind as the star observations under discussion. 
The sun observation, although less accurate than star 
observations, will give a result of a fair degree of accuracy, 
by means of which the star can be found and observed 
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before dark, and greater accuracy obtained than from the 
preliminary sun observation. In the determination of 
azimuth it is assumed that the latitude and longitude of the 
observing station are known. 

Azimuth by a Star at Elongation.—An azimuth 
observation may be made on any star, but there are certain 
circumstances which will influence the observer in his 
selection. The most obvious of these is the condition that 
at the time of the observation the star should not be moving 
rapidly in azimuth, otherwise a small error in the assumed. 
time of the observation may produce a considerable error 
in the computed azimuth. It is therefore advisable to 
select a star which has the slowest possible motion in 
azimuth. Further, as the latitude of the observing station 
enters into the computation, the star selected should be 
such that an error in the assumed latitude produces a 
minimum error in the resulting azimuth. It will now be 
explained that certain stars, at two particular points in 
their diurnal paths, have no motion at all in azimuth, their 
motion being at those points entirely vertical. 

Referring to Fig. 29, which represents the celestial 
sphere, the apparent daily path of a star S in the vicinity 
of the elevated celestial pole P is the small circle shown 
as an ellipse. The star will always be in an approximately 
northerly or southerly direction, according to whether the 
latitude is north or south ; if its motion be followed with 
the telescope of the theodolite from the instant of its lower 
transit, when it has no motion in altitude, the star will be 
seen to be moving eastwards in azimuth and upwards in 
ee Tiaian the tas bas reacted a poeition waaay 

vertical plane containing the axis of the telescope is in 
the position ZS in Fig. 29 (b), ic. the azimuth of the star is 
the angle PZS. As the motion of the star progresses, its 
azimuth increases, ie. the angle PZS increases, until after 
the lapse of some hours from the instant of lower transit 
the telescope will have been turned in azimuth until the 
line ZS is tangential at ¢ to the ellipse representing the 
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ith of the star. At that instant the star has no motion 
Prasat its motion being entirely vertical. The star is 


Zz 
ia 
ee 
(a) 
im 


Why 


(6) 
Fis, 29. 
said to be then at eastern elongation. Similarly, the other 


tangent from Z to the ellipse at w gives the azimuth of the 
star at western elongation ; and if it were possible to see 
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the star during the whole sidereal day, the telescope of the y 
theodolite would have to be swung about the vertical axis 
through an angle limited by the two tangents to the ellipse. 
For some time before and after each elongation, the motion 
of the star in azimuth is very slow: a star at or near 
elongation is therefore a very suitable object for observing 
for determination of true meridian, as during the interval 
required to take pointings on the star on both faces of the 
theodolite the azimuth of the star will not have changed 
appreciably. It will easily be seen that only stars fulfilling 
certain conditions will elongate at all. If a star be so far 
from the pole that the point Z falls within the ellipse repre- 
senting the plan of its path, it will be impossible to draw a 
tangent to the ellipse from the point Z. This will be the 
case if the star's polar distance is greater than the co- 
latitude ; the star’s upper and lower transits will then be on 
opposite sides of the zenith, and in order to follow the 
star's motion with the theodolite during a sidereal day 
the telescope would have to be turned completely round the 
vertical axis. If the polar distance of the star were equal 
to the colatitude, the star would pass through the zenith 
at upper transit, and the point Z in the plan would lie on 
the ellipse representing the plan of the star’s diurnal circle. 

The hour angle at elongation is ZPe. To determine its 
value, consider the spherical triangle of which the plan is 
PZe. Ze being tangential to the circle described by the star, 
the angle PeZ is 90°. Applying the four-part or cot formula 
to the four consecutive parts ZP, ZPe, Pe, and PeZ, 


cos Pe cos ZPe =sin Pe cot ZP—sin ZPe cot PeZ. 


Now Pe =p, the polar distance of the star, 
ZPe =t, the hour angle of the star at elongation, 
ZP =c, the colatitude, 
and PeZ =0°, 
cos p cost =sin p cot c—o. 
cost =tanp cote 
=cot 5 tan g> 
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From this equation the hour angle of the star at elonga- 
tion is computed, and if this hour angle be applied with 
positive and negative signs to the R.A. of the star, which is 
the L.S.T. of its upper transit, ve oe are respectively 
the L.S.T. of western and eastern elongation. 

The computation is made beforehand ; suitable stars for 
both northern and southern latitudes are given in the 
N.A., in which the apparent places of a number of close 
circumpolar stars are given, for both north and south 
celestial poles. In the northern hemisphere a very suitable 

imuth observations is Polaris. : . 
ge shores minutes before and after elongation the motion 
of the star in azimuth is so small that for approximate work it 
may be neglected. The rate of motion in azimuth obviously 
depends on the latitude of the station and on the declination 
of the star, being less in low than in high latitudes, and less 
for stars near the pole than for stars further from the pole. 

‘The expression for the azimuth of the star at elongation 
is easily obtained by consideration of the spherical triangle 

PZe in Fig. 29, ZeP being in this case a right angle. 

sin ZP__ sin Pe 

sin ZeP sin PZe 
sinc _sinp 
sin 90° sin PZe 
' sin p _ 

e sin PZe =F cos 3 sec 9. 

This ion for azimuth at elongation is identical 
with he correcta correction for the sun's semi-diameter in azimuth 
given on page 86, viz. 

sin JA =sin s cosec 2, 
where s corresponds to the star’s polar distance =9o' —3, 
and z corresponds to the colatitude 90°—9 ; 


whence sin 3A =sin (g0°—8) cosec (90°—9) 
=cos 5 see. 
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In making the observation the star is observed on the 
vertical wire, and it is of course necessary to take pointings 
on the star both F.R. and F.L. in order to eliminate such 
instrumental errors as are eliminated by that procedure. 
Consequently it is probable that neither the F.R. nor 
the F.L. pointing will have been made at the precise 
instant of elongation, but as the rate of change of azimuth 
is very slow for several minutes before and after that 
instant, the observation will give a result correct to within 
a few seconds of arc. If the instrument be provided with 
a striding level, it should be used for this as for all azimuth 
observations, to obtain the correction b fan h correspond- 
ag to the portinstion of the horizontal axis, 

© avoid the necessity for refocusing the t 

when the latter is reainscted from the star to the R.M. or 
vice versa, the R.M. ought in all azimuth observations to 
be at as great a distance as can be arranged. This will 
also reduce the error due to inaccurate centring of the 
instrument over the observing station, as even a slight 
imaccuracy in setting up the instrument over the station 
may produce an appreciable difference in the azimuth of 
a near R.M. compared with its azimuth from the true 
Position of the observing station. The R.M. should also 
preferably be near the horizon to obviate the necessity 
of applying the striding level correction to the horizontal 
circle readings on the R.M., which correction, viz. 6 fan h, 
is zero on the horizon, The line of sight to the R.M. 
ought to be well clear of any buildings or other objects 
likely to cause lateral refraction due to local variations 
of apenas, 

at any instant other than that of elongation the 
angle PZS is less than at the instant of neni! the 
Teadings of the horizontal circle will all lie on the one 
side of the true reading corresponding to the instant of 
elongation. When the computed azimuth at elongation 
is applied to the observed horizontal circle readings on 
the star to obtain the circle reading corresponding to the 
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direction of the meridian, a small error in the latter will 
result, but the error will usually be so small as to be 
negligible provided that the polar distance of the star is 
small, and that all the pointings are made within a few 
minutes before or after elongation. If greater accuracy 
be required, a correction corresponding to the reduction 
to the meridian in latitude observations, and based on 
similar considerations, may be applied, but for most 
uurposes the correction is unnecessary. 
® Azimuth by a Star at any Hour Angle. —Observa- 
tions for azimuth may be made on a star at any hour 
angle, in which case it is necessary to have a knowledge 
of the clock error on L.S.T. as well as of the latitude. 
In the chapter on spherical trigonometry, on page 47 it 
was shown how the true azimuth of a star may be com- 
puted for any instant of L.S, 

The procedure in observing is as follows, The tele- 
scope is directed, say F.R., to the reference mark, the 
azimuth of which is to be determined, and the reading 
of the horizontal circle is taken. The telescope is then 
directed to the star, and the latter is brought by the 
tangent screws to such a position that it will cross the 
vertical wire, near the horizontal wire, in a few seconds, 
The booker is warned to stand by at the clock, the observer 
removes his hand from the instrument, and at the instant 
when the star is intersected by the vertical wire he gives 
the signal ‘Up’ to the booker, who notes the clock time 
and then prepares to book the level and horizontal circle 
readings which the observer calls out to him. The 
observer then applies the striding level to the horizontal 
axis and gives the readings of the bubble ends, left and 
right; he then reverses the striding level end for end, 
and gives the corresponding left and right readings of the 
bubble ends. He then gives the readings of the hori- 
zontal circle, followed by an approximate reading to the 
nearest minute of the vertical circle, to be used in con- 
junction with the striding level readings for the determina- 
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tion of the correction. This completes the F.R. observa- 
tion, and he changes face and points to the star F.L., 
allowing the star to make its intersection as before and 
giving the readings, followed by a pointing F.L. to the 
RM. 


The four pointings, face right and face left on star 
and R.M., may be treated as one observation, on the 
assumption that the mean of the horizontal circle readings 
on the star, each duly corrected for the inclination of the 
horizontal axis, corresponds to the circle reading at the 
mean of the noted clock times, which is equivalent to 
assuming that the star’s motion in azimuth is uniform. 

The computation is done by the formula given on 
page 49, viz. 
sin (c—x) cot P 

sin x 


cot Z= 
where tan x =tan p . cos P. 


The most suitable stars for azimuth observations by 
this method are those the azimuth of which is changing 
most slowly, viz. stars at or near elongation, or in any 
case stars as far from the meridian as possible. As 
eee | Soe not enter into the shactratioess the 
result is m any possibility of error to 
refraction. 

The method may be applied to the sun, in which case 
the pointings F.R. and F.L. will be made to the leading 
and following limbs respectively, or vice versa, to eliminate 
the correction s sec h for the difference in azimuth between 
the sun’s centre and the limb. The elimination is not 
perfect, as in the interval between the two pointings on 
the sun the altitude, and consequently also s sec h, will 
have changed, but the error may be neglected except for 
precise work. The sun’s declination should be taken for 
the mean of the times of the two pointings on the sun. 

_ An example of an azimuth observation by this method 
18 given on page 147. 
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Azimuth by Altitude—For an azimuth observation 
by this method, both the altitude of the star and the 
horizontal angle between it and the reference mark have 
to be observed. It is therefore necessary to observe the 
star at the intersection of the cross wires. The procedure 
in observing is as follows. A reading on the R.M. is first 
taken on one face of the theodolite ; the telescope is then 
pointed towards the star so that the image of the latter 
is approaching the horizontal wire. The vertical wire is 
then brought on to the star and moved with it in azimuth 
by means of the tangent screw of the upper motion. At 
the instant when the image of the star is on the horizontal 
wire the observer ceases to move the tangent screw and 
calls ‘Up’ to the booker, who notes the clock time and 
records the level and circle readings given to him by the 
observer. Although it is advisable to book the clock 
time, it is not essential, because the observed altitude of 
the star provides the data for a time computation, as has 
been shown ; in fact, the observation of both horizontal 
and vertical angles supplies the data for both a time and 
an azimuth computation, and a knowledge of the longitude 
of the station is not required. The observation may with 
advantage be done when the star is near elongation, and 
when therefore its motion in azimuth is small, or, for a 
star which does not elongate, when the star is on or near 
the prime vertical. Both these conditions may be covered 
by the statement that in all cases the star should be as 
far from the meridian as possible. 

This method may also be applied to the sun, provided 
the longitude and local time be known so that the sun’s 
declination at the instant may be found, in which case 
for the F.R. and F.L. pointings contact with the limbs 
of the image should be made with the sun in opposite 
quadrants of the cross wires, which will eliminate the 
semi-diameter so far as altitude is concerned, and will 
practically eliminate it also in azimuth. A repetition of 
the observation, in which the leading and following limbs are 

10 
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observed in the reverse order, will further reduce the 
error. 

For approximate work, to the order of about 1’ of arc, 
the observation may be done on the sun’s centre instead 
of on the limbs, Either the vertical or the horizontal 
wire is brought to the sun’s centre by estimation, with 
the centre of the image approaching the other wire. The 
motion is followed by the one tangent screw, keeping the 
centre of the sun’s image on the wire until the image is 
bisected by the other wire, when the pointing is complete. 
The bisection of the disc can be done with greater accuracy 
than might be supposed, giving a result sufficiently accurate 
for many purposes. 

An example of an azimuth determination from a star 
by this method is given on page 151. 

The method of determining the azimuth by hour angle 
has the advantage, as compared with the method by 
altitude, that the star has to be observed on only one 
wire, the instant of its intersection by which can be 
observed with great accuracy, and the clock time noted. 
As an erroneous value for the clock error will, of course, 
affect the resulting computed azimuth of the star, the 
azimuth observation ought to be accompanied by time 
observations on east and west stars, one taken before 
and one after the observation for azimuth. 

In determining azimuth by altitudes, the image of the 
star has to be followed with one of the wires by means 
of the tangent screw ; this necessitates the observer having 
his hand on the instrument, whereby a possible source 
of inaccuracy is introduced. In sun observations, it is 
always somewhat difficult to make a perfect contact 
simultaneously with two limbs on the two cross wires ; 
consequently, if the time be known accurately, it is prefer- 
able to make the observation on the vertical wire only, 
on the two limbs in succession, and to base the com- 
putation for azimuth on the sun’s hour angle, as already 
explained, 








ee 
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Example of an Azimuth Observation on the Sun (by Hour Angle), 
Date : 16 December 1926. Latitude of Station: 51° 29° Fete 
Value of 1 level division: 12”, itude of Station: 418:5 W. 

M.T. Clock fast on G.M.T.: 1m 398-2. 


Formula : cot Z= Sit. (¢—4) cot P 


ae , where tan «=tan p . cos P. 


Object |Face] Clock | Striding Horizontal Circle 


L R 


hms 
74106 


1423 54 | { 125 PSV 43 32.05 
14.27 13-5 { ue pat 44.47.48 


7.4102 





74117 
11-3 


tri] 49 37 43 
Pf aoa 


7.4122 


Mean altitude (for striding level correction): 8° 


The angles, etc., entered above are the readings booked at the 
time of the observation, and it will usually be convenient to enter 
them at the time into a special book kept for the purpose of recordin 
observations. The taking of means and the computation an 
application of level corrections may with advantage be done in the 
same book. The method of applying the level correction to the 
circle readings has already been explained, but will be repeated 
here in full for convenience. 

In the present case, as the altitude was only about 8°, the level 
correction is small, and the value of tan h has been taken as constant 
for all the ee 

For the first F.L. pointing on the sun, 

park 20 147-22 18-6 





X12"=10"8; 
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and as the left-hand end of the axis is the higher, the correction 
positive. Tan 8°=0o-14, and the correction=10*:8 Xo-14= -+-17'5. 
fe re rocedure has been followed for each pointing on the sun, 
Sith Poe followiig seen; 


Face Lert— 


Corrected Circle 


ore 

7 40 596 being the ee 
f 2 nage 

gzors}” 

44 47 51 44° 09° 36""4 


Mean angle from R.M. to sun's centre : 36° 28’ 567-8. 


Facr Ricut— 






Corrected Circle 












740201 


46 37 342 
46 34 507 


ore 
741201 ee 

yf 2 pees 
46 37 33°1 


46 34 333} 46° 36" 1 146 








RM. 
















se 


Mean angle from R.M. to sun’s centre : 38° 54’ 537-5. 


Computation FoR Hour ANGLE 





FL. E.R. 
h m hm s 
Mean of clock times . 14 25 14 36 592 
Glock fast. 2 1 1 392 
G.M.T. 14 2 14 35 200 
juation of time « 4 30-6 
# . 14 a8 14 39 50:6 
itudeW. . - 4t-5 
Gate. £2 4B St 
four angle, W. . 2 27 ¥ 
AngleP(ZPS) . . 36° 55’ 57 39° 47’ 16%5 
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The sun’s declination for each of the above instants of G.A.T. 
has next to be found by interpolation from the value given in the 
N.A. for G.A.N., with the variation in 1 hour. This has been 
done by the method shown on page 33; the computation is con- 
tinued as follows: oa Ae 








6 . . . . 23° 18 25"9S, 23° 18’ 27%2S, 
. . . + 23 18 25°9 113, «18 «27-2 
. , . 36 55 57:0 39 47 165 
log tan. 2 ™ + 036571" 9136570 n 
log cos + 1D pg0ag3 1.88560 
logtans . ; é 0-26844 o-251j0n 
Soe es ABNER ast 119° 16’ 39° 
eS ee 
de -79 4 Ea 
log sin (¢ Seo To9311 199435 ” 
log cot 012395 007945 
0:11706 » (0:07380 » 
gaa * » » 94462 194065 
log cot O-17244" O-13315" 
or cach fehen south 33° 54° 5" 36° 21’ 05” 
le R.M. to sun . 36 28 56-8 38 54 53°S 
R.M. east of south . 2 34 11-8 2 33 48°5 
Men. . « « ~« 2° 34’ 00” 


“. azimuth of R.M. from south=357° 26’ 00” 


The a te azimuth of the R.M. having been 
found, a suitable star can be selected for a more precise 
determination of azimuth, its altitude and azimuth com- 
puted for a convenient time, and the star observed before 
dark. The selection of a star for observation and the 
computation of its altitude and azimuth for a convenient 
prearranged time can, of course, be done at any time 
beforehand, so that when the sun observation has been 
carried out and computed it is only necessary to set the 
theodolite to the star's computed altitude and azimuth 
and to await the d time, when the star will be 
found in the field of the telescope. The computations for 
suing the star can be done as shown on page 150. 

the selection of a star, if it is to be observed 
before dark it ought to be of not less than the second 
magnitude, and preferably of the first, so that it may be 
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seen without difficulty. In the present instance « Arietis 
was selected, and its altitude and azimuth computed for 
4 P.M. G.M.T. as follows : 





















Example : Computation of Altitude and Azimuth of a Arietis at 4 p.m. 
G.M.T. (16h oom) on 16 December 1926 in Latitude 51° 29’ 7” N. and 
Longitude 41s"5 W. 


RA, 
5 












2h 03m 0288 cos z=cos p cos c+sin p sin ¢ cos P 
207’ 04"-6N. logs: pes een 
2 cos sin 4 
smosx. Yah 7m a3 cose 189354 sin é © Fae 





















Sid, Int. to4 P.M. 4 00 30-4 1 ager - 
—— 1-36024 
GS.T. 21 38 08-3 antilogs 0-30727 4+0:22921 
Long. W. 405 













LST. 21 37 26°83 
RA. 2 03 02°8 


Hourangle 19 34 24:0 
(ZS) 25 3 


or eee 24’ 00” 


nat. cos 2 0°53648 
log. cos z 172955 
+ 57° 33, 20° 
h 32° 20" go” 
















Using formula No. 11: 


z_ /simssin(s—p) 
ke sins sine 


=f 33 33 & logs : 





sins I-99517 sins 1-92630 








om 3 % sin (s—p) E-4orrs sine 179416 
1 
2s=162 56 18 @nreinc 027954 1-72046 
s= 81 28 09 2|1.67586 
‘ 
s—p= 14 35 14 183793 i 
1. Ze46° 29) 05° , 
2 | 
or Z=92° 58’ 10” 





DETERMINATION OF AZIMUTH 


Example on Determination of Azimuth by Altitude. 


Date : 4 March 1928. Station ; Lat. 50° 49 58” N. 
Star: @ Tauri. Long. 398 W. 


151 










ER |o 19 50] 6:0) 6: 
BL 9 23 12] 6-2] 5: 











16 13} 














= x20"=—2" 13508 07:5 
Refraction —1ar 
Level — 2 
Corrected alt. 3506 44°5 
os 235453 15°5 
Formula snZ a, G2 GI (=z) sin S= 3} 
Sinz sine 
la igi sre yee> 
. 4 31, 46:6 loge: : 
3 16° a1’ 56"9N. — sin(s—z) 168498 sinz 1.91277 
b 73 38 O31 sin (s—c) 184702 sinc 1-80043 
£54 53 155 seas 078680 1-71320 
c 39 10 02 a|f81880 
2s 167 41 20-6 sin 1.90940 
5 83 $0 40°3 2 15/ 50" 


s—2 28 57 24:8 Z 108° 31’ 40" 
S—C 44 40 38-3 
Angle between star and R.M.= 
Angle between car and north=108° 31’ 40” 
. Angle from north to R.M.= 47° 27’ 08° 
je. RM, is 47° 27' 08” E. of N. 


156° 22° goruss’ 35/05" =155° 58’ 48° 
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Convergence of Meridians.—Let AP in Fig. 30 be 
the meridian through a point A on the terrestrial sphere, 
and let BP be the meridian through a second point B, not 
necessarily in the same latitude as A, and let AB be a great 
circle passing through A and B; then the azimuth of AB 
from A is given by the spherical angle PAB=«, and the 
azimuth of A from B is (360°—spherical angle PBA), 
ie, B +180°. 

The azimuth of B from A, ie. angle «, differs from the 





Fis, 30, 


angle 8, which is the (azimuth of A from B—180°), unless 
AB is an equatorial arc, or A and B lie on the same meridian; 
or the latitude of A is equal to that of B but of opposite 
sign. This difference is due to the fact that the great circles, 
of which the meridians AP and BP are arcs, are not parallel, 
but converge and intersect one another at the pole P ; and 
this difference between the angles « and £ is called the 
Convergence of the Meridians. The line of sight of a 
theodolite traces out a vertical plane when the telescope is 
turned about its horizontal axis, provided of course that 
the instrument is in accurate adjustment, This vertical 
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plane, if the earth be re,arded as a sphere, is a plane passing 
through the centre of the earth so that a straight line set 
out by a theodolite is in reality the arc of a great circle on 
the earth’s surface. It follows from what has been said 
above that, owing to the convergence of the meridians, the 
azimuth of such a straight line is not, in general, constant. 
The convergence of the meridians can be seen on any map 





To Pole P —> 


‘at. approx. 50° 





Fis. 31, 


of a moderately large area, and even on the area repre- 
sented by the 6-inch Ordnance Survey of England sheets, 
on which the longitude is given on the top and bottom 
margins. The true north and south line through any 
point is not a line parallel to the margin, but one drawn 
through the point and intercepting equal longitudes at 
the top and bottom of the sheet. a 

The effect of the convergence of meridians may be seen 
in the following example. Suppose in Fig. 31 XY is a 











154 ASTRONOMY FOR SURVEYORS 


survey line running approximately east to west and in 
approximate latitude 50°, and about 370 chains in length. 
If the azimuth of XY at X had been found astronomically 
to be 274°, i.e. N. 86° W., at Y the azimuth of XY produced 
as determined astronomically would be about 273° 53’, 
i.e, N. 86° 07’ W., the difference of 07’ being due to the con- 
vergence of the meridians XP and YP. 

Formula for Convergence of Meridians.—In Fig. 30, 
P is the terrestrial pole and A and B two stations in 
latitudes L and L, respectively ; the azimuth of AB being 
a, sre pease ty find the convergence 0. 

is a spherical triangle in whi = 
sarc pI triangl hich the angle PBA 


sin (180°—8) _sin PA sin _cosL 


sina sin PB’ ™ sin @ cos 1, 
Let L,—L=1; then B—« =6. 
Substituting these values, 
sin (2 +0) 00s (L,—/) 
sin @ cos L, 


sin (4 +4)—sin % _cos (L,—!)—cos L, 
sin (~+8)+sin « cos (L,—l) +cos L, 


sin bcos (a+2) ain 4 sin (-4) 


Therefore Sada pease caesar 
cos 5 sin (a+5) cos = cos (-) 
6 
i = =tan (2+4) tan +h), since L-! ed 


‘tan — 


The above holds good whatever @ and / are, but if 
‘are small, then e oe re 


a) it 0 
tan 2 tan 5 =}, and tan ats 


2 ) stan a, 
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except when « is approximately 90° or 270°. 





Therefore d=1tan « tan E+ 
6 and J will be in the same units, and if L and L, are of 


equal magnitude but opposite sign, & thy =o and 0=0. 





When A and B are on the equator, both « and 8 are 
obviously 90°, and 0 is therefore zero. 

This formula should not be used for values of « greater 
than 75°, or when the azimuth is within 15° of go° or 270°, 
as tan « becomes indefinitely large as « approaches go°. 

Alternative Formula for Convergence.—In some cases 
the difference of longitude d of the two stations A and B 
may be known instead of the difference in latitude, in 
which case the cot formula may be applied to the spherical 
triangle PAB in order to determine 0, as follows : 


cos AP cos d=sin PA cot PB—sin d cot « 


or sin L cos d=cos L tan L;—sin d cot « e 
or sind cot # =cos L tan L,—sin L (x2 sin* 5) 
-22 GB +2 sin Lint 


sin / sec Ly +2 sin L sint 4 
If d and / are small, ‘ 
2 sin L sin* > = $d" sin L, 
which can be neglected, and then 
d=/tan a sec Ly, 


But it has already been shown that 


é=i,tan o tan bth 
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Theref as (L+L) 
fore 6 d@ tan ——— cos Ly 


mdsin Eth) _ cos Ly 
3 cos EE) 


cos L, cos 
ey es if J is small. 
cos +1) cos (L,—5) 
2 2 





But 


Therefore d=dsin Eth 


This formula therefore requires onl the 
un kn 
mean latitude and the difference Hlangiaae, a 
Tt pana B are on one meridian, then d =o and d =o, 
nay readily letermined is ‘ 
Boor vice versa from the relationship ee 
sin B _cos L 
sing cos 1, 


Another convenient form of the result 0=d sin E+La 
2 


expresses the convergence in terms of the departw ween 
A and B, i.e. their distance apart pape ae and 


ion Sentai parallel of mid-latitude is a circle of 
ius R cos +, where R is the radius of the assumed 


spherical earth. Therefore, if X denotes the departure, 











4 (in circular measure) =___%_ 
R cos (+1) 
x (L L,) 
Cage _ (L+ 
Res Ge 2 
2 
X tenth 


ee 
Rsin 1” 
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It is to be noticed that the formule for convergency 
have been derived on the supposition that the earth is a 
true sphere, and are not, in fact, exact owing to the spher- 
oidal shape of the earth, but results obtained from their use 
are sufficiently accurate except for refined geodetic work, 

The following example will illustrate the application of 
the above principles. 

Example.—The terminal points A and B of a survey line are in 
latitude ee 10" 30" and 51° 13’ ie respectively. 
of A is 2° 00’ 00” W. and that of B 0° 09’ 30” W. Find the great 
circle distance AB, and the azimuth of B from A and of A from B, 
Referring to Fig. 30: 

PA=38° 49’ 30” 
PB=38° 46’ 14” 
APB= "1° 50’ 30” 

To obtain the azimuth of B from A it is necessary to calculate 
the angle PAB, i.e. a. 

This can be done by means of equations (13) and (14) for a 
spherical triangle, viz. : o 


[Seo Fig. 30) tan #B+A)=SIE—AY cot Z 


2 
and tan 4B—A)=32 oD) ets 


= b—a=00" 03/ 16° 


b+a=77° 35’ 44” and Bass’ 15° 


‘Therefore 258 moo® or’ 38" and thease a7 


log cos }(b—a)=1-9999999 
log cot E =1-7939047 
17939046 

log cos 3(b-+.a)=1-8917396 
log tan }(B+-A)=1-9021650 

H(B+A)=89° 16" 54” 


log sin $(b—a)=4-6768009 

log cot £=1-7939047 

24707056 

log sin #(b-+2)=2:7969720 

log tan }(B—A)=2-6737336 
HB—A)= 2° 42’ 04” 
and 4(B-+A)=89° 16" 54” 
‘Therefore B=gt° 58’ 58” 
A=86° 43’ 50” 
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The azimuth of B from A is consequently 86° 34’ 50”, and of 
A from B (360° 00" 00°—o1° 8” $8"), of 268% 01" os”? > 

The azimuth of A from B can also be determined by calculating 
the convergence of the meridians and applying this convergence 
to the value of the azimuth of B as determined from A, as follows : 


Let B (ie. 180° 00’ 00"—B)=a+0, 
where 0 is the convergence then from the equation 
o=dsin (Et » 
2 


where d is the difference in longitude between the stati A B, 
and L, Ij, their respective latitudes eee ee 


@=110'5 sin 51° 12’ 08? 
86’ 12" 


But a= 86° 34’ 50° 

Therefore B= 86° 34’ 50" + 1° 26/ 12° 
= 88° o1’ 02” 

Therefore the angle PBA=180° 00’ 00” — 88° o1’ 02” 


= gI° 58° 
ie. the azimuth of A from B 2g 268° oe 02”, as before. 
To obtain the great circle distance AB, the formula 
sinAB _ sin PB 
ain APB = ain PAB ™*Y be used 
ain AB = sin PB sin APB 
iad sin PA 
18s 
sin 17967153 
sin APB 20, a 6 
3-3037289 
sin PAB 1-9992261 





sinAB 2-3045028 
, AB=1° 09 19° 


CHAPTER IX 


DETERMINATION OF LONGITUDE—WIRELESS 
TIME SIGNALS 


General.—The difference of longitude between two 
places has been defined as the angular distance between 
their terrestrial meridians, the meridian of Greenwich 
being taken as the zero of longitudes. 

Longitudes are expressed either in hours, minutes, and 
seconds of time or in degrees, minutes, and seconds of arc, 
east or west of Greenwich ; and the difference of longitude 
of two places is the difference, at any instant, of their 
local mean or sidereal times, 

Formerly the method of determining the longitude of a 
place was to determine the local time of some celestial 
phenomenon, such as the occultation of a certain star by 
the moon, or its angular distance from the moon, and by 
comparing this with the Greenwich time of the same 
circumstances the difference, at a certain instant, in the 
times was obtained, and hence the longitude. Such a 
method may be called absolute, and the celestial pheno- 
mena made use of may be, amongst others, moon culmina- 
tions, lunar distances, and occultations of stars by the 
moon. 

Lunar distances were given in the N.A. up to 1913, but 
they are not now of sufficient use to justify their retention, 
and are omitted. 

The surveyor interested in absolute methods can find 
these described in the earlier editions of various treatises, 
but further reference to such methods will not be made 
here, as the introduction of wireless telegraph time signals 

139 
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has revolutionized the determination of longitude; and 
even if such signals are not made use of, a relative method 
of some kind depending on the connection of two places, 
one of known longitude, either by measurement or by 
astronomical observations at both places, is made use of. 

Relative Methods in General Use.—r. Triangulation, 
ie. a place of known latitude and longitude is connected 
by triangulation to the place the longitude of which is to 
be determined. The azimuth of one ray from the initial 
station being observed and the triangles solved, having 
regard to the true shape of the earth, the unknown longi- 
tude can be calculated. 

2. Latitudes and azimuths.—If A and B be two mutually 
visible stations the latitudes of which are known or can 
be determined astronomically, and if the azimuth of AB 
be known or determined, then it is clear that the length of 
AB and the difference in longitude between A and B can 
be calculated; or, if only an approximation is required, 
these values may be obtained graphically. For the calcu- 
lations involved, the reader is referred to any standard 
work on Geodetic Surveying. 

3. By transport of chronometers—In principle this 
method of determining the difference of longitude is ex- 
tremely simple. If the error of the chronometer on local 
time at one place is determined, and the chronometer 
transported to a second place where the error on the local 
time is again determined, then, assuming that the chrono- 
meter has neither gained nor lost, the difference in the 
errors will be the difference between the local times of the 
two places, and will therefore be a measure of the differ- 
ence in longitude. In practice, no chronometer can be 
relied on neither to gain nor to lose, and the travelling 
and standing rate of the chronometer must be determined 
and allowed for as explained in Chapter IV. Where great 
accuracy is required, at least five chronometers should 
be carried and the difference in longitude determined from 
each, the mean value being adopted finally. 
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4. Longitude by telegraphic signals over wires—For 
ordinary field work purposes with chronometers the follow- 
ing procedure will meet requirements. 

The errors and rates of chronometers at two stations 
A and B are determined, and the observer at station A 
sends a telegraphic signal at a known time by his chrono- 
meter, the observer at B noting the time of receipt by his 
chronometer ; the difference of longitude of stations A 
and B can then be computed by calculating the correct 
local times at which the signal was despatched and received, 
which will give the difference in the correct local times at 
the same instant, and therefore the difference in longitude. 

In order to minimize errors, the following amplification 
of the above should be arranged for : 

(a) The error of the chronometer at both stations should 
be determined before and after the exchange of signals, 
the exact times at which the signals were exchanged being 
found by interpolation. 

(6) A series of signals should be sent, in order to reduce 
any error in sending and receiving a single signal. 

(c) In order to prevent bias, a mean time chronometer 
can be used at one station and a sidereal at the other. 

(d) A series of signals should be sent in each direction 
(ie. E. to W. and W. to E.) so that any error due to lag 
in the instruments will be eliminated, since the difference 
in longitude will be in the one case too large and in the 
other case too small, the mean giving the true result. 

For sending the signals a sounder is the most satis- 
factory instrument, the armature making a distinct tap 
when the key is depressed and again when it is released, 

The observer at each station computes his local mean 
or sidereal time at which the various signals were sent 
and received, and.the difference between the means of the 
correct local times of receiving and sending gives the 
difference of longitude in time. 

The computations are similar to those employed when 
wireless time signals are made use of. 

Ir 
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5. Longitude by wireless time signals.—Before describing 
the application of wireless time signals to the determination 
of longitude, it will be necessary to describe the nature of 
these signals, and the procedure for determining from 
them the chronometer error, 

Wireless Time Signals.—The improvements in the 
transmission and reception of wireless time signals in 
recent years have simplified the surveyor’s work con- 
siderably, especially for the determination of longitude, 
which formerly was one of the most difficult and trouble- 
some observations which the surveyor was called upon to 
make ; for, even in the rare event of its being possible to 
connect up with overland telegraph wires to an observatory 
or other station as previously mentioned in order to 
compare the beat of the travelling chronometer with that of 
the observatory or station at the other end, errors would 
be introduced due to time lag in the line itself and in the 
necessary relays, magnets, etc. Now, however, nearly 
every nation transmits time signals at scheduled times, 
and there are few places on the globe where the time signal 
from one or other of these transmitting stations cannot be 
obtained with certainty with a simple type of apparatus. 
In the tropics, atmospherics may cause considerable 
trouble at times, but it will rarely be impossible to get one 
or more signals during the course of the day. In general, 
the times of transmission of W.T. (wireless telegraph) time 
signals are given in Standard Mean Time, but sidereal time 
is used in the case of some rhythmic time signals. 

Methods of Transmission.—A great number of W.T. time 
signals are operated automatically by precise mechanism 
connected to the standard clock at an observatory which, 
through electrical contacts, controls the emitting apparatus 
of the station which is broadcasting the signals. These 
signals may be relied upon, and should be correct to a 
tenth of a second. 

At smaller stations and those not connected to an 
observatory the signals are sent by hand, the operator 
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obtaining the time from the standard clock at the station, 
which is checked periodically by astronomical observations 
or reliable wireless signals from another station. Signals 
sent by hand should be correct to 0-25 second. 

Some of the more powerful stations broadcast short and 
long wave length signals simultaneously. 

Systems of Signals.—There is still a lack of uni- 
formity in the systems used for the transmission of time 
signals, but most countries use one or other of the four 
systems described below. 

Some stations, however, use individual systems; for 
example, Daventry at present (1928) transmits time 
signals consisting of six dots representing successive 
seconds, the final dot, which is made at toh 30m, 16h oom, 
and 22h oom, being the time signal. The wave length 
employed is 1604-3 metres. 

(a) The International System.—This is also known as the 
Onogo system from the sequence of Morse letters used in 
the time code. In this system the transmission takes three 
minutes, as follows : 

1st Minute.—The letter X (----) sent from o to 45 
seconds every five seconds; six seconds’ silence, followed 
by the letter O (---—), each dash being of one second’s 
duration, commencing at the 55th, 57th, and 59th seconds. 

2nd Minute.—The letter N (—-) sent every ten seconds, 
commencing at the 8th, 18th, 28th, 38th, and 48th seconds, 
each dot being given at every ten, i.e. at the roth, 2oth, 
30th, and goth seconds; five seconds’ silence, followed 
again by the letter O (--—) as in the first minute. 

3rd Minute.—A series of the letter G (—--) sent every 
ten seconds, commencing at the 6th, 16th, 26th, and 46th 
seconds, each dot being given at every ten; five seconds’ 
silence, followed by the final signal, the letter O (---) as 
in the second minute. 

In the transmission of these signals each dash =x second 
and each dot =0-25 second. 

The particular signal that is taken as the exact time 
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signal varies ; sometimes the end of the last dash in the 
letter O (--—) representing an even minute is taken, 
whilst Germany takes the dot of the letters N (—-) and 
G (-—-) as representing the exact time, but either method 
can be employed with confidence. 

The above system is employed by Ceylon, Germany, 
India, Java, South Australia, and Western Australia on 
wave lengths which range from 600 metres to 18,900 metres. 

(b) The New International System.—In 1925 the system 
described above was amended by substituting six dots 
sent at the 55th, 56th, 57th, 58th, 59th, and 6oth seconds of 
each minute for the three one-second dashes that commence 





Fic. 32. 


at the 55th, 57th, and 59th seconds of the three minutes in 
system (a) which constitute the time signals. 

The New International System is employed by Brazil, 
France, Russia, Portuguese East Africa, and Victoria. 

A diagrammatic representation of this system is given 
here (Fig. 32). 

In systems (a) and (4) call or warning signals, which also 
serve to identify the transmitting station, are broadcast 
prior to the actual time signals. 

(c) The United States System—In this system the dura- 
tion of the signals is five minutes, and warning signals are 
dispensed with. The signals consist of the transmission of 
a dot (-) for every second, omitting the 29th, 55th, 56th, 
57th, 58th, and 59th during each of the first four minutes ; 
in the fifth minute the dot is omitted at the 29th, 5oth, 51st, 
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sand, 53rd, 54th, 55th, 56th, 57th, 58th, and 59th seconds, 
and at the 6oth second a one-second dash (-—) is sent, the 
beginning of which is the exact time signal, As a rule this 
is followed by the call signal of the station and the letters 
O.K. which signify that the signal is correct. 

This system is used by the Hawaiian Islands, Panama 
Canal Zone, and the United States of America. 

The same system is used by Chile, except that a dot (-) 
replaces the final one-second dash ( —) of the last minute. 

(d) The Rhythmic or Vernier System.—If greater accuracy, 
say of the order of a hundredth part of a second, than that 
afforded by the above described systems is required, 
Rhythmic ‘or Vernier time signals are available. Such 
accuracy would be out of proportion for ordinary field 
purposes, but it may be convenient to make use of these 
signals, which are therefore described here. These signals 
were first transmitted by the Eiffel Tower, and it was 
followed by stations in French Indo-China, Germany, and 
Russia. The principle of this system is as follows : 

The number of signals sent is about 300 and the length 
of the transmission approximately five minutes, the trans- 
mission being automatic. A pendulum clock is arranged to 
send a series of beats, represented by dots, at the rate of 
50 every 49 seconds, the interval between consecutive dots 
being approximately 0-98 second. Every 60th interval 
is denoted by a dash (~ ), representing two beats, in order 
to facilitate counting. By counting the number of intervals 
which occur between the first dot (or beat) of the pendulum 
and that dot (or beat) which coincides with a beat of the 
chronometer, a chronometer comparison is obtained, ie. 
the chronometer time corresponding to the time of the 
first signal is obtained by subtracting from the chronometer 
time of coincidence the time interval represented by the 
number of intervals multiplied by the length of each 
interval. Distegarding the coincidences at the half 
seconds, it should be possible to obtain six comparisons by 
coincidences at the whole seconds during one transmission, 
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and the mean of the deduced chronometer times for the 
time of the first signal is taken. It is to be observed that 
signals sent out on this system are sent out at no stipulated 
time, and in order to utilize them it is necessary to listen 
in for the times of the first and last signals, as observed at 
an observatory, which are broadcast some time later, in 
some cases on the following day. 

(e) The New International System of Rhythmic Time 
Signals.—This is a modification which began in 1926 of 
the previous system and consists of 306 signals transmitted 
in 300 seconds of mean time. At the beginning of each 
of the five minutes a dash (—) is transmitted; this dash 
is followed by 60 dots (..... etc.), the final signal at the 
sixth minute being signalled by a dash (—), commencing 
at the beginning of this minute. There are therefore 
305 intervals in 300 seconds of mean time, the length of 
each interval is therefore 300/305 of a mean time second 
or 0-9836 mean time seconds. 

This system is used at Bordeaux, Eiffel Tower (Paris), 
La Fayette, Saigon, Rugby, Moscow, and Leningrad. 
At the present time (1928) the final dash, ie. the 306th 
signal from Rugby, is given at 1oh oom oos and at 
18h oom oos on a wave length of 18,740 metres. 

One of the chief advantages of the new system over the 
old is that the signals are transmitted at a definite instant 
of mean time, as accurately as the time is then known at 
the controlling observatory. ‘This has the added advantage 
that the signals are available as ordinary, ie. not rhythmic, 
signals. For most purposes a comparison obtained by 
disregarding the dots and using the commencement of 
the dashes only (given at the exact minute) will be suffi- 
ciently accurate. However, if it is desired to make use 
of the greater accuracy obtainable from the rhythmic 
coincidences it is not necessary actually to count the 
signals. The nearest whole second on the chronometer 
preceding the beginning of each dash is booked, and the 
chronometer time of the coincidence following each dash 








WIRELESS TIME SIGNALS 





Third 


Minute of | Minute of 


Observing Station : South Kensington. 
Signal 


Second 
Signal 


Minute of 


Transmitting Station : Eiffel Tower. 


Date: 9 May 1928. 


‘3 
Heli: 
Wigash 

pate tei 
fad, 
3S 2 S 
2 e g 
nad 
Bob. Be 
aiokg 3 
EeSes 3 
sy) i 
gery? g 
sae & 


9 33 00 
9 33 02 
9 33. 22) 
9 33 25. 
9 33 24 


} 


9 32 00 
9 32 02 
9 32 22 
9 32 24. 
9 32 23 


} 








nding signal number of 
naa | 











f coincidence - 


seconds corresponding 
number. 


signal 


incidence . 


to above 


G.M.T. of coi 


Chronometer time o! 
Chronometer error 


Interval in 


167 





The mean chronometer error is, therefore, 2-35 seconds fast. 
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is also booked. The difference in seconds of these times 
gives the number of the coincident thythmic signal from 
the commencement of the corresponding dash, which is 
transmitted at a known instant of time. 

The signal number of coincidence from the dash being 
known, the number of intervals, n, is likewise known and 
is, in fact, the same as the signal number. Each interval 
being as stated above 0-9836 second in duration the time 
elapsed from the commencement of the dash to the 
time of coincidence is  x0-9836 seconds of mean time, 
which quantity if subtracted from the clock time of co- 
incidence gives the exact clock time corresponding to the 
known time of the commencement of the dash, and hence 
the chronometer error is determined for each dash and 
the mean error is taken. 

The example on previous page will make this procedure 
cl 


lear. 

In the Admiralty List of Wireless Signals may be found, 
inter alia, particulars of the transmitting stations of over 
thirty countries throughout the world which transmit time 
signals. The particulars given include the latitude and 
longitude of the station, the wave length or lengths em- 
ployed, the system used, and the times of transmission 
with full details of the procedure. The particulars given 
may vary from year to year, so that those contemplating 
the reception of signals should obtain the latest information 
from this or a similar publication. 

Longitude by Means of W.T. Signals.—The computa- 
tion for determining the longitude, the clock error having 
been obtained by means of wireless signals, is as in the 
example below. As long as possible before the time 
signal is to be received, the chronometer should be 
placed on a table convenient to the theodolite, and a 
set of time observations should be taken just before and 
just after the receipt of the signal. The procedure and 
computations for these time observations are described 
elsewhere, 
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The following example gives the result of an observation 
for longitude : 

bserver wi .T. chronometei ived the Daventry 

witclese dine signal a¢ 16h Oom GALT. and his chronometer fim 


s°8. ; 
Wate vesilts of ise ‘cbeecvatlons gave tho following : 


Before Signals After Signals 
Chron. Error 


m s 
so7 slow | ¢Cygni | 00 589 slow 
ors ,, Tauri 1 0265 ,, 


00°75 Mean 1 00°77 » 


‘The chronometer had therefore no appreciable rate, and was 
1m 008-76 slow on L.S.T. ioe 


Chrono: i ipt of signal =23 49 31-8 
mater SE Hine Concster ererees S076 
Correct L.S.T. of receipt of signal=23 50 32-5 
G.M.T. of signal=16 00 00-0 
S.T. ignal (from N. 51 140 
Corresponding G.S. sevens 23 8 43 
fi hich, longitude=10’ 227-5 W. 

The salcstations tes tha eetooentae error from the time observa- 
tion before the arrival of the signal are given on page 133. 

It is obvious that for ordinary field purposes a time 
observation shortly, say about half an hour, before the 
arrival of the signal is sufficient unless there is any reason 
to suspect that the chronometer has a very appreciable 
rate. 








APPENDIX I 
EFFECT OF ERRORS IN ASSUMED VALUES 


Ir is evident that all the quantities which the observer 
will make use of in his computation to obtain the final 
desired result cannot be known or determined with 
absolute accuracy, but all are liable to errors due to various 
causes. The effects of such errors doe Suy particu 
magnitude of error can obviously be det for any 
given case by a comparison of the results obtained by 
varying one of the quantities by a definite amount equal 
to the error likely to occur. Alternatively, from the 
general expression employed for the computation of any 
particular observation, the effect of an error dg in one 
quantity g may be determined by differentiation. 
for convenience of reference, the formule expressing 
the effect of the errors most likely to occur in the more 
common observations are given below : 
Time Observations by Star Altitudes.—(e) The ob- 
served quantity is the altitude. 
(6) Latitude is assumed to be known. 
effect of an error in each of these will be considered 


in turn. 
(a) Effect of an Error in the Observed Altitude.—This was 
shown on page 130 to be a 
a “15 sinZ.sinc 
where 52” is the error in seconds of arc in the observed 
altitude and 8 is the error in the resulting time in seconds. 


e.g. if 32” be 10” 
and Z=60° 
” =40° or c=50° 


10" 


a oe =7 sin Go" sin 50° 
170 


=1-00 secs. 
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(0) Effect of an Error in the Assumed Latitude.—This was 
shown on page 131 to be 





“ , cot Z 
oe aaa 
where 8c" is the error in the assumed latitude in seconds 
a 8c" . cot Z 
- de" . co 
or 8P in seconds of time = t5ane 
eg. if =40° or C= 50° 
5c"= 10" 
Z=75° *. 
then —_4P (in secs. of time)= Te H0233 secs. 


Azimuth Observations by Altitude.—In this case the 
azimuth is found by ee from the three sides of 
the triangle, #,c, and z, of which #, the polar distance, got 
from the N. ., may be taken as correct ; but the assumed 
colatitude c and the observed zenith distance may both 
be in error, and the effect of an error in each of them will 
be considered in turn. . ; 

(a) Effect of an Error in the Assumed Latitude —This may 
readily be found from the fundamental formula 


cos p=cos 2 cos c+sin z.sin ¢.cos Z, 
from which the formule (10) and (11) on page 48 are 
By differentiating the above formula with respect to c, 
o=—c0s z sin ¢+sin (cos ¢. cos Z—sin c. sinZ. =) 


; ‘ az 
cos z. sin c=sin x(cos ¢. cos Z—sin c sin z.5) 
—cot z.sin c+cos c. cos Z=sin ¢. sin Z 


sinc, sin Z, 94 =cos ¢. cos Z—sin ¢ cot 
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Now applying the cot f i 
az: Banas formula to the consecutive parts 


cos ¢.cos Z=sin ¢. cot z—sin Z. cot P 
sin Z. cot P=sin ¢. cot z—cos c. cos Z 
=~sin e. sin Z 42 
7 aZ — cot P 
= sin ¢ 
z o cot P 
an 82" = 8c". 
e.g. if 8c” = 10" 
and P=s hours=7s° 
” p=20° or ¢=70° 
Bm —10° KFS a2 85 
(b) Effect of an Error in the Observed Zenith Di 
From the fundamental formula ore Ns 


cos p =cos z cos ¢-+sin z sin c. cos Z 
by differentiation with respect to z,c and p being constant, 





0= —cos ¢. sin z++sin c(cos z cos Z—sin 2 sin Z. 42) 


or—cos ¢. sin z-tsin¢. cos 2. cos Z=sinc. sin z. sin Z 42 


The left-hand side of this i i i 
nometry be shown to be = ee ces) by sete Oe 


~sin p.cos S=sinc.sinz.sinZ. %% 


az__sinp, _cosS a 
dz~ sine “sing. sin Z 
_—sinZ,__cosS 
sinS sin z.sin Z 
_ ct S 
sin z 
8Z" = —82" . cot S . cosec 2. 
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3Z" will be a maximum when $=o° or 180° and is zero 
when S =90°, i.e. when the star is at elongation ; and for 
a star which does not elongate, 62” is aminimum when S 
is as nearly as possible 90°. 

Azimuth Observations by Hour Angle.—In this case 
the azimuth is computed from the hour angle obtained 
from the clock, the latitude being known. Both these 
quantities are liable to be in error. The effect of an error 
in the latitude has already been considered. 

Effect of an Error in the Hour Angie—_Applyin the cot 
formula to the four consecutive parts Z, ¢, P, and p, 


cos ¢. cos P=sin c. cot p—sin P . cot Z, 


in which c and # are constant. 
Differentiating with respect to P, 


—cos ¢ sin Peo—cos P.. cot Z-rsin P. cosect 9% 


sin P  cosect Z . $2 =cos P . cot Z—cos sin P 


@ cot P cos Zin 2a P cute 


=cot P, cos Z.sin Z—cos c. sin? Z 
=sin Z(cot P . cos Z—cos ¢ . sin Z) 


25 F(cos P . cos Z—cos ¢. sin Z. sin P). 





The quantity in brackets can, by spherical trigonometry, 
be shown to be = —cos S 


sin Z. cos S 
"ane 
dZ__sinp 
7a OS 

»_ _sinp, “| 
or azt = 8 - cos S . P*, 


which, for any given value of 2, is a minimum when 
S=go° or 270°, ie. when the star is at elongation. 





APPENDIX II 
THE ‘NAUTICAL ALMANAC’ 


General.—The Nautical Almanac was i i 
ae by the Board of Longitude, but os a publehed 
= three years in advance, by His Majesty's Rationery 
ice, by order of the Admiralty. In ition to the 
complete edition, an abridged edition for the use of sea- 
men is also issued. In the latter edition, the places of 
the sun and — on not given to the same of 
as in the former ; the number of stars i 
smaller, and various other information is omitted ‘as 
unlikely to be required for navigational A 
careful ay of the quantities tabulated in the N.A, as 
ards such points as their maximum and minimum 
Re lues with their dates of occurrence, and the relationshi 
pecan the quantities given in the various columns, will 
be well repaid by the clearer conception of the mechanism 
si : sphere which sj study will give the 
_Referring to the unabridged edition, the first 

ae nutation, horizo1 fal pecaice ee clip re 
ioe i mi of the sun, al - 
Page I for each month gives the sun’. parent 
and declination at the instant of Greenwich capa me 
with the variation in one hour of each of these quantities. 
The use of the word aj parent in the precepts or headings 
poe pues is explained later. In brief, it means that 

e position of the sun as indicated by the co-ordinat 
given includes the apparent displacement neceasazily 
resulting from the fact that the observer sees the sun fc 


4 
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a moving earth, and also that the position is referred to the 
true position of the equinox and of the equator at the 
instant and not to their mean positions. 

The variations in one hour are to be applied as explained 
in Chapter II. 

It should be observed that at apparent noon, as the 
sun’s centre is on the meridian, his apparent R.A. is also 
the hour angle of the First Point of Aries, and therefore 
also the sidereal time at apparent noon. 

‘On the same page, in an adjoining column, is given the 
sidereal time of the semi-diameter passing the meridian, 
ie. the sidereal interval between the transit of the limb 
and the transit of the centre, which is sometimes useful, as 
it enables the observer to determine readily beforehand 
the time when either limb of the sun is on the meridian, 
or, for a rough determination of the L.A.T. if the meridian 
be known from previous observations. 

It will be noticed that except for a slight discrepancy 
the interval decreases with decreasing declination, that is, 
as the sun a) es the equator. That this should be so 
is obvious elementary considerations, as the time 
interval concerned depends mainly on the angular dis- 
tance between the two declination circles touching the 
sun's limb and passing through the sun's centre respec- 
tively, which angle increases with increasing declination, 

ing equal to the semi-diameter multiplied by the secant 
of the declination. 

The angular distance between the two declination circles 
referred to is not exactly equivalent to the time of the 
semi-diameter passing the meridian, on account of the 
sun’s motion during the interval of Beane, the meridian, 
which prolongs the said interval by several seconds. The 
time of the semi-diameter ing the meridian is, of course, 
ea of the latitude, and varies only slightly with 

jongitude. 

The last two columns on page I of each month give the 
Equation of Time and its variation in r hour. The tabu- 
lated quantities are to be applied to a ent time to 
obtain mean time ; the precept at the head of the column 
states whether it is additive or subtractive, i.e. whether the 
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sun is behind the mean time clock or ahead of it. The 
variation in one hour is to be applied as explained in 
Chapter IT. 
Page II for each month gives, for G.M.N., the sun’s 
apres R.A. and declination and the semi-diameter. It 
be observed that the semi-diameter is a maximum on 
or about x January, when the sun is nearest to the earth, 
that is, in perigee. The minimum occurs on or about 


I July. 

Column 5 gives the Equation of Time at G.M.N., and 
column 6 the Sidereal Time at G.M.N. The latter quantity 
being the hour angle of the First Point of Aries, and the 
apparent R.A. of the sun given in column 2 being the 
angular distance of the sun from the First Point of ies, 
their difference is the hour angle of the true sun when the 
mean sun is on the meridian which is the Equation of Time 
atG.M.N. Accordingly, if the Equation of Time be applied 
with the correct sign to the sun's apparent R.A., both 
que being for mean zoey the result is the sidereal 

e at Mean noon, as may seen by an inspection of the 
tabulated values in the Wad. e a : 

The sidereal time at G.M.N. being the hour angle of 
the First Point of Aries when the mean sun is on the 
meridian, is also the R.A. of the mean sun at G.M.N. In 
the abridged N.A. the R.A. of the mean sun is given in the 
column headed R.A.M.S. for two-hour intervals; the value 
for 12h, or mean noon, agrees with the sidereal time at 
G.M.N. era in the complete edition, 

The S.T.G.M.N. is used in all cases of conversion of 
M.T. into S.T, and vice versa. In the interval from one 
G.M.N. to the next, ie. in 24 M.T. hours, the sidereal 
clock gains 3m 56s'555, as will be seen by subtracting 
the S.T.G.M.N. for one day from its value for the next 


days 

Page III and IV for each month contain quantities 
not generally necessary for surveying purposes, such as the 
longitude and latitude of the sun and moon (their co- 
ordinates measured along the ecliptic from the First Point 
of Aries and at right angles to the ecliptic), also the mean 
time of the transit of the First Point of Aries, and do not 
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call for any reference so far as the subject of Field Astro- 
nomy is concerned. They are given in the N.A. for 
observatory work. 

Pages V to XII for each month give the moon's position 
in R.A, and declination for each hour of every day of the 
month, and are useful in the case of observation on the 
Moon, but the surveyor will rarely have occasion to use 
them. 

The positions of the planets, in apparent R.A. and 
REE which follow are occasionally of use in field 
work, 

The portion of the N.A. which gives the places of stars 
is necessary for field work. The mean places for the 
beginning of the year are first given, but the quantities 
which the surveyor uses are the apparent places, i.e. as 
affected with aberration and measured from the true 
equinox and equator, which are given for every day of 
the year for a number of circumpolar stars, for the instant 
of their upper transit at Greenwich, and for every tenth 
day in the case of other stars, the values at intermediate 
dates being found by interpolation. The stars are arranged 
in the order of their R.A. 

The tables given for the conversion of time intervals, 
mean into sidereal and vice versa, are useful, 

Every few years the N.A. gives in an appendix the 
Derivation of the tabulated quantities, showing how they 
have been obtained. 

The quantities given on pages I and II of the Nautical 
Almanac for each month for the R.A. and declination are, 
of course, geocentric, ie. they correspond to the position 
of the sun as it would be seen from the centre of the earth, 
which differs in general from its position as seen by an 
observer on the.earth’s surface by the amount of the sun’s 
parallax, as explained in Chapter V, where it was shown 
that the observed altitude after being cleared of refraction 
has to be corrected for parallax to obtain the true altitude, 
referred to the rational horizon. 

Aberration.—The use of the word ‘ eee ’ in the 
precepts or headings to the columns for R.A. and declina- 
tion requires explanation. The earth is moving in its 

12 
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orbit round the sun with a mean velocity of about 18 miles 
second ; the view-point from which an observer on 
the earth sees the celestial bodies is consequently not 
stationary, and this movement of the view-point has 
an effect on the apparent direction in which celestial 
bodies are seen, because the velocity of light (about 
180,000 miles per second) has to be compounded with 
the velocity of the earth in its orbit to obtain the relative 
velocity. 
Suppose an observer to be moving in the direction AB 


Pp 


Fic. 33. 


with a velocity v, and a particle to be moving in the 
direction PB with a velocity ye 33). If the lengths 
AB and PB be taken proportional to the velocities v and V 
repecutey, the icle P and the observer A will reach 
the poi at the same instant. When the observer is 
at the point A, the particle appears to him to lie in the 
direction AP, and if the motion of the observer and the 
motion of the particle are uniform, the particle P will 
always appear to the observer to lie in a direction parallel 
to AP, until it strikes him at B. In fact, PA represents 
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in magnitude and direction the velocity of P relative to 
ts0 of light fro be substituted for the particl 
a ray o! m a star be substituted for the le 
P, the ane argument still holds, and the observer, when 
at the point B, will be receiving light from the star the 
true direction of which is PB, while its apparent direction 
is parallel to PA. In other words, the effect of the motion 
of the observer combined with that of the light reaching 
him is to cause an apparent displacement of the star 
towards the point in the direction of which the observer is 
meine This effect is known fe the epee tire re light, 
and the consequent apparent displacement of a heavenly 
body is referred to in general as aberration. The actual 
motion of the observer is the resultant of his motion due 
to the earth's rotation combined with the movement of 
the earth in its orbit. The component due to the earth's 
rotation, known as diurnal aberration, is comparatively 
ees velocity at the earth’s equator being only about 
0-3 mile per second), and is negligible for most p : 
but the component due to the earth’s velocity of about 
18 miles per second in its orbit produces an appreciable 
effect on the positions of the heavenly bodies, which is 
taken into account in Preparing the values of the apparent 
gle earls ane Serer ination given in the columns 
ofthe N.A. The apparent R.A. and declination are in each 
case affected with aberration, ie. the ition of the 
sun as given includes the apparent dis; ent due to 
aberration. 
The amount of the aberration in the case of the sun is 
Migaaiog agin to 0 let the angle APB=a, i 
0 Hig. 33, let ie angle =a, Le, 
a is ii raieie’ Between the true direction PB and the 
apparent direction PA, or it is the apparent displacement 
due to aberration. 


Since 2-3 


sina=¥ sind 
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The aberration a being a small angle, a in circular 
measure may be substituted for sin a. 


54 a=y xsin 6. 

ee vsin @ 

«a in seconds of are =Veni" 
vis called the constant of aberration, 


| Displacement 
— due to Aberration 


ae 


(20" approx) 






/ t 
7 Apporent Direction 
of Sun in Orbit. 


Fic. 34. 


The maximum value of a occurs when @=go° and 
sin 6 =1, in which case sin a “9 

If the observer’s motion be at right angles to the true 
direction of the observed body, tan a =) 


To consider the effect of aberration on the sun’s apparent 
position on the celestial sphere, let Fig. 34 represent the 
earth’s orbit, S being the sun and E the position of the 
earth at an instant. 

If the earth be moving in the direction shown by the 
arrow against E, the direction of the apparent annual 


THE ‘NAUTICAL ALMANAC’ 181 


motion of the sun in the ecliptic is also that shown by the 
arrow. ‘The true direction of the sun from the earth is 
ES, but owing to aberration the apparent direction is ES’. 
The direction of the apparent annual motion of the sun on 
the celestial sphere being that of the arrows, the effect of 
aberration, displacing the apparent direction of the sun 
from ES to ES’, is to cause the sun to lag behind its true 
position on the ecliptic. The aberration, depending as it 
does on the velocity of the earth in its orbit, varies slightly, 
being a maximum at perihelion and a minimum at aphelion ; 
its mean value is about 20"5. The i displace- 
ment due to aberration is in the case of the sun in the 
plane of the ecliptic. 

Equation of the Equinoxes.—In addition to aberra- 
tion, there is another reason why the R.A. and declination 
of the sun given in the N.A. are called apparent R.A. and 
declination. This is to be found in the circumstance that 
the First Point of Aries, from which right ascensions are 
measured, has a motion which is not uniform along the 
ecliptic. The precession of the equinoxes was referred to 
and briefly explained in Chapter I, where it was stated 
that the sun’s attraction on the equatorial protuberance 
produces a couple tending to bring the plane of the earth's 
equator into coincidence with the plane of the ecliptic, but 
that in consequence of the earth’s rotation the effect is 
that the pole of the equator moves slowly in a circle about 
the pole of the ecliptic. Precession is, however, in reality 
rather more complicated. At the equinoxes, for instance, 
the sun being in the plane of the earth's equator, the tilting 
couple referred to as causing the precession disappears 
entirely. The precession due to this cause, therefore, 
ceases at the equinoxes. But the moon has also an effect 
in producing precession, similar to that of the sun, and 
due to the attraction of the moon on the equatorial pro- 
tuberance. The moon does not move in the ecliptic, but 
in a plane inclined at about 5° to it, and the nodes of the 
orbit, ie. the points where the orbit cuts the ecliptic, are 
not fixed but move backwards along the ecliptic, making a 
complete revolution in about 18 years and 7 months. The 


motion is accordingly somewhat complicated, but the 
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result, so far as the motion of the First Point of Aries is — 


concerned, is that that poi iptic wi 
¢ non-nfor Eee point moves along the ecliptic with 
e actual point of intersection of the eclipti 

equator at any instant is the drue cin.” An ina bd 
point moving along the ecliptic with a uniform velocity 
equal to the mean velocity of the true equinox is the mean 

nox, and the correction to be applied to the position 
of the true equinox to obtain the position of the mean 
equinox is called the equation of the equinoxes, in the same 
way that the equation of time is the correction to be applied 
to the position of the true sun to obtain the position of the 
men a (so ao as oe is concerned at least). 

e position of the true sun gives ay ent ti 

the apparent R.A. and dectination at ae feta 


ore from the true equinox and equator at that 
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NOMENCLATURE AND MAGNITUDE OF STARS— 
STAR CHARTS—HINTS ON OBSERVING— 
OUTFIT REQUIRED 


Nomenclature.—It is necessary that the observer shail 
be able to identify the star observed, whether a previously 
selected star is observed or one which appears suitable 
at the time of observation. To this end the following 
remarks on the nomenclature, magnitude, and location of 
stars will be of help to the observer. 

The ancients divided the stars into groups or constella- 
tions, and these have been extended in later times for 
convenience in designating any particular star. The 
names of the groups in some cases are based on a real or 
fancied resemblance to some animal or inanimate object 
as outlined by the stars in the group, as, for example, the 
constellations of Cygnus (the Swan), Scorpio (the Scorpion), 
Crux (the Cross). In order to distinguish the stars formi 
any particular group from one another they are eac 
assigned a letter of the Greek alphabet, beginning with a 
for the brightest ; these letters indicating the degree of 
brightness refer only to the particular constellation, and 
do not compare the brightness of stars in different con- 
stellations ; and, further, the magnitude is not in all cases 
according to the order of the letter. For example, a 
Leonis is the brightest star in the constellation o} Leo, 
e Aquile is the second brightest in the constellation of 

‘ 





ila, but a Canis Majoris is a brighter star than a Urse 

Minoris (Polaris). If the 24 letters of the Greek alphabet 

do not suffice for any one constellation, the Roman 

alphabet is employed when. they are exhausted. The 
183 
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fainter stars in a constellation are designated by numerals, 
increasing in the order of their right ascensions, but these 
are seldom necessary for survey work, Stars are sometimes 
referred to by quoting their index number in one of the 
various star catalogues which have been compiled. Thus 
B.A.C, 7504 is the star so numbered in the British Associa- 
tion Catalogue, 

Many of the more important stars have had special 
names allotted to them thus: a Urse Minoris (Polaris), 
a Tauri (Aldebaran), a Geminorum (Castor), a Aurige 
(eoell), a Canis Majoris (Sirius), etc. 

lagnitude.—For further convenience the bri htness or 
magnitude of a star is indicated in the Nautical Almanac 
by a number: the smaller the number, the brighter the 
star. The magnitude of Polaris is given’as 2-1, the bright- 
ness of a star of magnitude m being approximately 24 
times that of a star of maynieads (m+1). Ten stars are 
eS eed than the first aaa, indicated by unity, 
and their itude is indicated by decimal fractions : 
thus, the magnitude of « Centauri is 0-9, indicating a bright- 
Ness 0-1 of a magnitude greater than the unit. 

Sirius and Canopus have magnitudes of —14 and 
—to respectively, i.e. their brightness is 2:4 and 2:0 
magnitudes greater than a star of unit magnitude. Know- 
ing the magnitude of the various stars, the observer can 
select one which, ceteris paribus, is most suitable for 
observation. 

Stars up to the 6th magnitude are visible to the naked 
eye under favourable conditions, but for theodolite work 
those brighter than the 4th magnitude are best. 

Star Charts.—In order to help to identify the stars, 
numerous Star Charts have been prepared ; knowing the 
R.A. and 6 of any star, its position is plotted on a celestial 
map or globe, R.A. circles and declinations being made 
use of instead of longitude circles and latitudes as used 
for plotting the position of a place on a terrestrial map or 
globe, From these charts the relative positions of the 
various stars are seen at once, their position in the celestial 
sphere being found by referring them to imaginary lines 
joining well-defined stars or groups of stars, The seven 
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i of the constellation Ursa Major, for instance, 
arene guides to determine the pee of other cee 
Two star charts (Figs. 35 and 36) are given at the en 
of the book, for the northern and southern hemispheres re- 
spectively. ‘The principal constellations are shown, which 
may be used as a guide for the location of any required 
star, bearing in mind that the chart is merely a diagram 
representing the declinations and right ascensions, aus 
not a true projection of the celestial sphere ; Sor exeiDey 
three stars in a straight line on the chart do not in gener: a 

lie on a great circle in the sky. The charts are prepare 
from the view-point of an observer at the centre of the 
celestial sphere. The following points concerning the 
relative positions of some of the various stars may be 
noted on the charts as an aid to the observer in locating 
any desired star, it being understood that when a straight 
line ‘between two stars on the celestial sphere is referred 
to the portion of a great circle passing through these 
is meant. 
SNe Hemisphere.—t. The two stars a and 6 Urse 
Majoris are known as the Pointers. The line joining B 
to a Urse Majoris when produced s very near to 
the Pole Star, which is at the end of the tail of Ursa Minor 
{the Little Bear). The re eee stars of Ursa Major 
a group called the Plough. ; 
pS If the oe joinin ae: stars forming the handle of 
the Plough be continued away from the Pole, it will ee 
through a Bodtis (Arcturus), about 30° away from » Ursa 
ajoris. 
~ If the line of the Pointers be produced to the Pole 
and an imaginary line be traced perpendicular to this 
line, and on the opposite side of it to the Plough, it will 
through a Aurige (Capella), about 45° from the Pole 


tar, 
. If this dicular line be traced on the same side 
arihs Ploug! orn the Pole Star it will pass near a Lyre 
(Vega), about 50° from the Pole Star. _ 
5. The diagonal « and y Ursce Majoris when produced 
es close to a Virginis (Spica), about 30° beyond a 
Bootis (Arcturus), 
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6. The line thro the Pointers, if produced about 60° 
t the Pole Star, forms one side of the Great Square of 
egasus, passing as it does through f and a Pegasi. 

7. The Great Square of Pegasus is conspicuous, with 
one side produced through certain stars in the constella- 
tion of Andromeda, ending in a Persei. 

_ 8. a Lyre (Vega) and a Aquile (Altair) form a nearly 
isosceles triangle with a iuci. 

9. The constellation of Cygnus (the Swan) lies between 
a Lyre (Vega) and the Great =e of Pegasus. 

10. a Bootis and « Virginis (Spica) form an equilateral 
triangle with 8 Leonis (Denebola). 

Southern Hemisphere. The constellation of Scorpio 
(the Seaton), with three bright stars in both the head 
i body with * ews of yas stars, is very conspicuous. 

2.4 rpii tares) forms a right-angled triangle 
with a iuci and a itis, the t i 
the ik ted ee oe 

3. The three stars in the Belt of Orion point to a Tauri 
Caebeae) _and in the opposite aeeaian to a Canis 

joris (Sirius). The magnitude of the last-named is 
—16, it being the brightest star in the heavens. 

4. a | joris (Sirius) and  Orionis (Rigel) form 
an equilateral triangle with a Columbe. 

r See oor ie ee 
isosceles triangle with a Leonis lus). 

6. a Leonis (Regulus), a i “ftinonis fercron ani 
a Canis Majoris (Sirius) form a trapezium with a Hydre. 

7. « Canis Minoris (Procyon) forms an equilateral tri- 
se with a Orionis (Betelgeuse) and PROTA Majoris 
ius). 


8. Two stars a and 8 Centauri point to the constellation 
of Crux (Southern Cross) which is formed by four stars a, 
8, y, and 8. The line ya Crucis points to the South Pole of 
the celestial ences ee ees the Cross is upright it is 
on the meridian. ie South Pole lies abor 
poser oy sal le lies about 30° from the 

g. The line from £ Orionis (Rigel) to a Columbe if 

( 


roduced through a Ar, i 
B ores pees igh a Argus opis), 8 Argus, and 
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ro. The line from a (Canopus) to a Eridani if 
luced passes through a Piscis Australis (Fomalhaut). 

The eye should be accustomed to estimate correctly an 

distance, as, for example, the angular distance 
between the two pointers of Ursa Major, viz. about 54° ; 
the length of the Swan, i.e. from a to 8 Cygni, is about 
24°, and the depth of the Southern Cross, i.e. from a to y 
Crucis, about 6°. 

A star chart may be prepared on the supposition that the 
observer is at the centre of the celestial sphere, as in fact 
he is, and in this case the stars will apy in their proper 
position when the chart is viewed ; or the observer may be 
assumed to be outside the celestial sphere, vertically over 
his position on the earth, in which case the E. and W. points 
on the chart will correspond with the true E. and W. points, 
but the relative positions of the stars will be ees when 
the chart is viewed. To avoid confusion, the position of a 
star should be considered by its R.A., and 8 shown on the 


chart. 

Hints on Observing.—Whenever possible, star observa- 
tions should be done while there is still sufficient daylight 
to permit of the observer and the booker going about their 
work its aid, and for the observer to see the cross 
wires clearly without artificial illumination thereof. A 
torch may be used without inconvenience for reading the 
levels and circles. 

If star observations in daylight are to be done, the star 
must be sufficiently bright to be seen by the theodolite 
in use, ie. probably of the rst itude; but even stars 
of the 2nd and 3rd magnitude may be seen in the theodolite 
while there is still enough daylight to read circles, book 
angles, etc. For daylight observations the azimuth and 
altitude of the selected star are to be worked out before- 
hand for a convenient clock time: an example of such 
working out is given on page 151. It is obviously neces- 
sary, in order that the theodolite may be set to the com- 
pee azimuth, that the azimuth of the R.M. should be 

own ; it may be determined in the earlier part of the 
day by a sun observation, with an accuracy greater than 
necessary. 
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It need hardly be stated that star observations are in 
general more accurate than sun observations, but a good 
observer can get surprisingly good results from the sun. 
In low latitudes the twilight is of short duration, but in 
higher latitudes the long twilight makes the above remarks 
particularly applicable. 

In malarial districts it may be necessary to rely on 
sun observations, as mosquitoes may make night work 


it. 

The theodolite should be supported on well-driven pegs 
when it is necessary to have the Conan on 
yielding ground, and should at all times kept well 
sheltered and free from temperature differences. The 
theodolite should be set up about half an hour before any 
observing is to be done, so that all the parts may, as far as 
possible, have reached a steady temperature before the 
instrument is used. The iece and the reading micro- 
scopes should be focused % the observer’s eye, so that 
no delay may occur between the different pointings. For 
star observations in daylight it is necessary to set the object 

lass to stellar focus, as quite a small difference in the 
focus will render the i of a star invisible. It may be 
focused on the sun (not forgetting to use a dark glass on 
the eyepiece) or on a distant object. Observations in 
Bes Es should, for obvious reasons, be avoided if 
possible. 

Outfit Required.—In Chapter IV the type of theodolite 
suitable for observation has been mentioned, and in the 
same chapter time-keepers have been discussed. In 
ee to these the observer will require the following 

it : 


Barometer, for which a watch aneroid is suitable. 

Thermometer, which may be combined with the aneroid. 

Electric torch with refills ; also an oil lamp, if there is any 
chance of dry batteries not being available. 

The Nautical Almanac for the current year. 

Tables of Logarithms, 

Star Charts. 





STARS AND STAR CHARTS 189 


the R.M. for azimuth observations, consisting of 
5 ay aee placed in a box with a vertical slit, the wath 
of slit varying from of an inch for a sight } of a 
mile in length to } an inch at one mile. 
Forms for booking angles. 
Forms for computations. 
A a portale folding table is convenient for the booker. 
Pegs and mallet. 








APPENDIX IV 
STANDARD TIME OF VARIOUS COUNTRIES 
Time Zones 


Fast on Greenwich Time— 


12 hrs. Fiji Islands. 

11} ,, Chatham Is., New Zealand. 

zz ,, Caroline Is., East Santa Cruz, Marshall Is., 
Nauru, New Caledonia, New Hebrides. 

to ,, Caroline Is. (west of 154" E.), Lord Howe Is., 
Marianne Is. (except Guam), New Guinea, New 
South Wales, Queensland, Tasmania, Victoria, 

9 » Northern Territory of Australia, part of New 
South Wales, South Australia. 

9 » Corea, Japan, Jap (Caroline Is.), 

8 ,, East China, Formosa, Hong Kong, Labuan, 
Macao, North Borneo, Philippine Is., Port 
Arthur, Portuguese Timor, West Australia. 

74» Sarawak. 

7 » Federated Malay States, French Indo-China, Hoi- 
hau, Siam, Straits Settlements. 

a » Andaman Is., Burma, Nicobar Is. 

53» lon, India (except Calcutta and Portuguese 

cele re Te ge 

5.» Archipelago, Chagos, Portuguese India. 

4  » Mauritius, Reunion, Seychelles. 

3, Eritrea, French Somaliland, Iraq, Italian Somali- 
land, Madagascar, Russia, Tanganyika. 

2 ,, Kenya, Uganda. 
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2 hrs. Bulgaria, Cyprus, , Esthonia’ 
(except aa: eee a East 
tvia, Palestine, Portuguese 
Africa, Rhodesia, Rumania, Syria, European 
Turkey, Union of South ica, 
Western Russia. 
r hour ola, Albania, Austria, Belgian 
ae Cameroons, Czecho-Slova- 
vakia, pee Sen Equa- 
torial Africa, Hungary, Italy. , 
Libya, Lithuania, Luxemburg, Malta, |p je 
igeria, Norway, Poland, Por-( “71, 
tuguese West Africa, Sardinia, : 
Sicily, South-West Africa, Sweden, 
Switzerland, Tunis, West Africa, 
Yugo-Slavia, 


Time. 


Greenwich Time— 
eria, Balearic Is., Belgium, Channel Is., 
rsica, Dahomey, Faroe Is., France, Gibraltar, 
Gold Coast (January to August), Great Britain, 
Irish Free State, Ivory Coast, Morocco, North- 
ern Ireland, Portugal, Princes Is., Spain, St. 
Thomas I., Togoland. 


Slow on Greenwich Time— 

1 hour Ascension I., Canary Is., French Guinea, Iceland, 
Liberia, Madeira, Mauritania, Portuguese 
Guinea, Senegal, Sierra Leone. 

2 hrs. Azores, Cape Verde Is., Fernando I., Trinidad I. 

3 ,, Eastern Brazil. 

34 ., Uruguay. 

4, Argentine, Barbados, Brazil (Cen- 
tral), Canada (E. of 67° long.),] Maritime, 
French Guiana, Grenada, Guade-| Atlantic, 
loupe, Leeward Is., Martinique, or Inter- 
Nova Scotia, Porto Rico, Prince} Colonial 
Edward I, St. Lucia, St. Pierre, Time. 
St. Vincent, Tobago, Trinidad. 
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» Venezuela. 


» Bahamas, Brazil (Western), Canada’ 
SSeae7ea es oe meridian), Cuba,|_ Eastern 
aiti, Jamaica, Panama, , Time. 
U.S.A. (Eastern States of). 
» Canada (Central parts), Costa Rica, 
Flori : Honduras, Kronen Central 


of), U.S.A. (Central parts of). Time. 
» Canada (West of 1o3rd meridian), P 
Menica US.A. (Mountain Sates) Momeewe 


of). 
» British Columbia, California, Nevada, Pacific 
Oregon, Washington. } Time. 
9 » Yukon, Sitka. 
10 ,, Alaska, Austral Is., Low Archipelago, Marquesas, 
Society Is. 
10} ,, Hawaiian Is. 
11} ,, Western Samoa, 





In Canada and the United States five standard times are 
used, these territories being divided into zones approxi- 
mately 7}° on either side of five central meridians. 
Brazil is divided into three zones in which the times 3, 
4, and 5 hours slow on Greenwich are standard respectively, 
and the Soviet Government have made a similar a 
ment for Russian Territory in Europe and Asia. In the 
Tonga Is., the time 12h 20m fast on Greenwich is used ; 
though the longitude of these islands is about 11h 4om west 
of Greenwich, the Date Line passes to the east of them. 

The standard time of Aden and British Somaliland is 
2h 59m 54s fast on Greenwich, that of Calcutta 5h 53m 20s-8 
oo Holland oh 19m 32s-1 fast, and of Reval th 38m 57s 


it. 

The Date or Calendar Line.—The line where the change 
of date occurs as adopted by the British Admiralty is a 
modification of the 180th meridian, and is drawn so as 
to include islands of any one group on the same side of 
the line or is modified for political reasons. 
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The line joins up the following eight points : 
1. Lat. 60° S. Long, 180° 


3 Lases. 2 iapw. 
SPE S ighw 
2 SPN pee 

o 5 GN... Yoo Ww: 


then through the centre of Bering Strait t i 
Lat. 70° None. 180°, ees 


13 


ASTRONOMY FOR SURVEYORS MEAN REFRACTION 195 





























5 
10 
15 


BBVA ML LRG 
+ ” 


60 


g |< ontaanaggegeessesseeae BORA oT TAR SENT NAT QowNomenano 
&@ | . co00000000000000000000 pepr aga at patella del 
ecoo00ccoC COO OOOO OOOOOONDNDND0N0NNNNDND 
3 + 9298 R9 BORO ROR REO 00000000000000000000000000000000 
o by ° So 2 Beas < 
3 woo3 3 3 3% 5 8 SRA FBSSSSSLOSSRRLLELRARLISSLFSBHBIS 
2 s Qmintma Ho now 4 Q.00 DIO LO 
® + SRRRRRERIS IS LFISGRRESE Pe SHARRRETRARR RIE DS TEAL BBDSsTsSBARy 
: Pin ote teas Series cea eo ere ae 
B . eeek BOWBSOMAPORSOR GR 
29 er ae Bie 3 i S°KQTR SOR QR Ql gogo gr gogogogogogo 
z Re sees 2 2 8. 8) 8b Se Aes ge Sy 
mE AnAEDnOSeseTeRNneee 
wm 5 » TPSABBELASSY TSS QA aasam DO NO MEMO AW IO MMA HO AW NO WTI = O Qe 
5 2 L MMMAAAAAAAAARAAAAAAAIAA SSSR KATA IMS NL LTOAK LIS SS STHISI ABS 
E AAGARARARADORAHAARAAATAAAROA MANN 
4 » ~ oo goo 900999900 
ag PAN RSE ORRE RRP PHMR BAO RAeRoagageoaRgaeargRags 
8 & eB a z 3 x i ¢ : z * 
8 alee WS OO SAS ORS OO PROESSAS 
Hire Bee « 4 \ MOK 
woe |e eee ee PRORRE eo On mec ee oe ea Nae meee 
a 2 i PITT TTT TIM MMMAMAMAMAMMMmamamm 
8 . OMQMOMAMQMO MOO 2°98 
‘ ~ SESE RNS RENE Cte RS eae ZRogRageceragacagageosagesoggaga 
8 e g % S 3 g 
g SACRA SAARARLSS ASTANA E aoe = 
s SORE ERSR ER ORS aaee SRAGSMAWR LAB SSRISGHARNRS LES SoBAG 
6 ReRgae SARA KARARAAKRHNOOOOOOOOOOOOOO 00 nin 
2 
& 





ogqeoenrsegegsegrsegee eB a 
TOURER RAERSOR UST SH See WEMETR STAs oRanessasesaenuensesss, 
BABAR TARENTRTR AR AR AE ROME RC Seog nou aecanecadenanccee 
PABYVIAR MS OAH ABVS Q1nO 2 108 9 29 109 nO ME HA MO ng WO MO mg mew 

= a ” + 














sro}ouloreg 04} JO 7USIPH 























& 
S 
; iad f6.08 easy So.0€ |$2.6z |Sb.6z |$1.62 |Sg.gz 9S. gz loz.gz 
; +) 4) 4] + I +{/-/-/-/f-[- 
° lo |o jo | o jo fio jo toa fo jo )o e ° | 
Rea tr Nae TOC NG, LOO. [Od OuhO) PO ioe gt” i: it 08 
ue ae I eto. fe ° o jo 1 I gett: we od) 
z 1 I zt jx jo fo po fo ft I rk fe fe $9] 
Z |e hx I TGs er oo ee 1 Rin eres ee 
Oo j¢ fe zk le I I tT son lo: fe zy [ele le le |¢ ss) 
5 ec |e z z r I ° ° 1 I z ee ie Ae os 
ye Ee z z I I ° ° I z z € «€ S 4 
s ie £ z z I ° ° I z £ ¢ Pf Is ip ob| 
9 |S £ Se ie 1 °o j° 1 e £ |* If 9 | sel 
Z is + £ z - ° I z £ 7 s 9 4 i of] 
= 3 | |9 s v € £ 1 r z . s 9 <£ g or S| 
Ir g 9 s + z 1 1 z + 9 Z£ 6 ji jer o2| 
1r jor jg Zz s v z I 1 £ v 9 g (6 jr |€ 61] 
a 1 6 Z 9 4 z I I £ s 9 g oL er [tr gt] 
levilig Hore liga dion Ge OWS. wim pm [eo dee he “for fers ise sas) + ay 
lor ler for |p |g |s | |x Jz [f |S [4 | 6 fee fer for | ge 
Sr |€r |1r | 6 Ns. ¢ I Ir ¢ 9 8 or jer |Sx jZt | $1 
gor jer jt | 6 Z $ £ 1 I + 9 g ir (€r lor |gr FI 
Zr |St jer | or g 9 £ 1 I + Zz 6 a jee Zt joc £1 
gr rier mum |6 9 r 7 2 + Z or €1 [St |igt liz er 
oz |gr jt | zr | 6 Zz v I z $ 3 i |¢r |ér itz Ir 
€r Zz + I z s g zr | Sr igi |zz or 
g s z z s 6 €1 | o1 joe |re |gz 6 
© s z z 9 or St | 61 lec le \2e g 
o 9 z z Zz zt lor |12 ‘92 \1€ [of Z) 













































oz é © z Z zr | Zr |e lige |€€ gf of9 
zz Zz |zvle |e |& |or |te fe se [re fo 9 
ve 8 £ £ 6 t1 |oz | oz |2€ jgf [Sh $ 
gz 6 € € 6 |or jz | gz |S€ jI¥ st s 
gz 6 E £ or | Zr | bz | 1€ |gf [Sh [ES b 
lhe Ze | 1€ or | + 1 | gt |oz | £€ jth [6b gS b 
es |fp €€ | oe | gt 1 |? v zt | oz | gz | of [he [ES z rob & 
Z los lee |se |ge joe jer |e |e |€t | 12 | oz | gf [ee Ss 9 roe 
B lr abs lob | gt lot [re [fx [+ |e | €: Jee [ef [re fs [p rari £ 
O |9 rgs jos | iv z2€ | fz |r | $ S |tr | tz | bE | Hh ISS fo 11 robe 
pi ji rf ps | pe | SE | Se | $1 |S s gt |gz | Z2€ | gh jo 11 1fz 10¢ z 
B gig rgS gh $ 9 Zt | 62 | oe | €S |§ gr 11€ 10 z 
1z arr Ir 1 of 9 9 41 | of | ze | SS |g siz 1S roS 1 
Fi lsc alsr ap 1 2s 9 19 |er | xe |b | 2s fax xS2 168 10h 
MQ |6c 1g t 1 vs 9 (14 oz | z& | ov | oO Ihr 162 1fh 108 1 
€€ arz 16 1 25 9 (2 [xe | oe | ge | € dz 16€ rgb roe 1} 
& € r9z 1/€1 1 O Z 14 zz | of | OS | 9 Iir1e 1g€ 1£$ ror 1} 
© \fb roe war 1 € Z |g |&e | ge | es | 6 ase ser 165 10 1 | 
. gt ive tjoz 1 8 s tz | ob | S$ | 21 162 aa 1S cos o 
g $ gf abe 1 8 g Sz | cb | gS | ox 1b IES 111 zoko 
6S 1fb igz 1 3 6 |oz | |1 1 oO I6€ 1165 1g1 cof oO 
3 s ye Jf 1 6 6 gz | oh | & 1) be rhb IIS z$z coz 0 
6 2 bS gf 1 6 (or | 6z | gb |g 1! gz 1/6 aler zz coro 
z 611 zsh or (or | 1€ (28 11 1| £€ 3{S$ a\gr cok ZO O 
4 ee ee Nam aba at dat at ad at det Met ete o 

| 

208 | 94.2 ces | aah | oth | cor | 98 | aef Jase |.te aoe 
\ aw 
3 sayoMIOULIAYT, 9} JO INBOH dy 








NOILOVYAIA NVAN JO NOLLIAAAOD 








198 ASTRONOMY FOR SURVEYORS 


Use or Tantes.—In the above table of Mean Refractions the 
value is given for the temperature 50° F., and pressure 29-6 inches, 
The rei ion, for example, for an altitude of 32° 10’, is found 
opposite to it in ‘the next column, and is 1’ 30". 
Apparent altitude=32° 10’ 00” 
lean refraction= 0 o1 30 


True altitude =32° 08’ 30” 


‘When the temperature and pressure differ from the above values 
the correction involved can be obtained from the table of Correction 
of Mean Refraction, thus : 


Correction for altitude 32° 10" and temperature 69°=—0° 00’ 04” 
Correction for altitude 32° 10’ and pressure 30°35=+-0 00 02 


Correction for both=—o 00 02 
Mean refraction= 0 o1 30 


True refraction= 0 o1 28 
Apparent altitude= 32 10 00 


Therefore true altitude= 32° 08’ 32” 


The above tables are accurate enough for most practical 
Suryeyilie Parbones, but where greater ac is desired 
Bessel’s Refractions may be used. Tables of these can 
be found in Chambers’s Seven Figure Mathematical Tables, 
from which publication the above tables have been taken. 
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tion), ‘Tus Suavivat oF MaN (Seventh 
Edition). Mopemx Prostems. Each 
7. Gd. net. RaymMonn (Thirteenth 
Edition). 108. G6d._ net. RavMoND 
‘REVISED. Gs. net. “THE SUBSTANCE OF 
Farr (Fourteenth Edition). 25. net. 
Retariviry (Fourth Edition): 15. net, 
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Lucas (E. V.) 
‘Tue Lire oF Cuantes Lamp. 2 Vols. 
£1 45, net. Epwin Austiy ABBEY, 
RA. 2 Vols. £6 65. net. THE 
Couvins AND THEIR FRIENDS, 125. 6d. 
net, VERMEER OF DELFT. 105. 6d. net. 
A Wanperir iy Rome. A Wanner 
ix Houtanp. A WaNpeur mv Lon- 
Dox. Lonvon Revistrep (Revised). 
A Wanpmen 1x Pars. A WANDERER 
4 Frorence. A WANDERER IN VENICE. 
Each 10s. 6d. net, A WANDERER AMONG 
Picrumus. &. 6d. net. EB. V. Lucas’s 
Lonvon. £1 net. INTRODUCING LoN- 
Don, INTRopucING Pants. Each 2s. 6d. 
net. ‘Tue Oren Roan. 6s. net. Also, 
illustrated by Cuaupe A. SHEPrERSON, 
A.R.WS. tos. 6d. net. Also, India 
Paper. Leather, 7. 6d. net. "THe 
Joy oF Lire. 6s. net. Leather Edi- 
tion. 78, 6d. net. Also India Paper. 
Leather. 71. 6d. net. FYRESIDE AND 
SuNsuINe. Cuaactsr AND ComEDy. 
Each 65. net. THE GENTLEST ART. 65. 6d. 
net, And Te S8conD Post. 61.net. Also, 
together in one volume. 7s. 6d. net. HEx 
Invite Vanizry. Goop Company. 
One Day axp ANOTHER. Otp Lamps 
yor New. — Lovrenen’s Hanvesr. 
Coup aN Stiver. A Bosweut oF 


AND RovING West, 5s.net, PLAYTIME 
AND Company. 75. 6d. net. Mr. 
Punch's County Sones. Illustrated 
byE.H.Suzpanp, 10s. 6d.net. “THE 
Our oF A 











ANce, OLD FRIENDS IN Ficrion. 
Each ss. net. ‘Tux Buve Lion, ‘THe 
Pea oF Betts. THE Monzy Box, 
‘Tut Onanos True. Each 38. 6d. net, 

MeDougall (William) 
AN INTRODUCTION To SocrAL PsycHo- 
Looy (Twenty-first Edition). 101. 6d. 
net, NATIONAL WeLFARE AND Na 
TIONAL Decay. 6s, net, AN OUTLINE 
or PsycnoLocy (Fourth Edition). 
tos. 6d. net. AN OUTLINE oP ADNOR- 
MAL PsycHoLoGy. 15s. net. Bopy 
AND MIND (Sixth Edition). vas. 6d. 
net. CHARACTER AND THE CONDUCT OF 
Lue (Third Edition). 10s. 6d. net. 
Ermics AND Some Mopery Wort 
Prontems (Second Edition). 73. 6d. net, 

Mackenzie (W. Mackay) 
"THe MepiavAt. CASTLE IN SCOTLAND. 
(The Rhind Lectures on Archeology. 
1925-6.) Illustrated. Demy 800, 
158. net. 

Mallet (Sir C, E.) 
A History oy THe University or 
‘Oxrorp, In 3 vols, Mlustrated, Demy 
8v0. Each £1 15, net, 

‘Maeterlinck (Maurice) 
‘Th Biuz Bmw. 61, net. Also, ilus- 
trated by F. CAYLEY ROBINSON. 101. 6d. 
net, DEATH, 34. 6d, net. Oun EreR- 
NITY. Gr, net. "Tun UNKNOWN GUEST. 
6s, net. Poums. ss, net. ‘Ti WRACK 
or THE StoRM. 6s, net, ‘Ti Minacte 
ov St. ANTHONY. 35. 6d. net. ‘THE 
BUROOMASTuR OF STILEMONDE, 53. net, 
‘Tum BETROTHAL, 6s, net. MOUNTAIN 
Pavus. 65, net, ‘Tun StORY oF TYLTYL, 
£1 15, net, ‘Tue Great Secret, 7s. 6d, 
net. "Tits Croup Tat Lirrep and Tue 
Powen ov THe DEAD. 78, 6d. net, MARY 
MAGDALENE, 25, net, 

Masefleld (John) 
‘ON thie SPANISH MAIN. 8. 6d. net. A 
Saton’s GARLAND. 6s. net and gs. 6d. 
net. Sua Live iN NELSON'S TIM. $$. net, 

Methuen (Sir A.) 
AN ANTHOLOGY oF Moneny Venss 
137th Thousand. 
SWAKESPEARE TO HANDY: An Anthol- 
ogy of English Lyrics. | 19th Thousand, 
Each Feap, 8vo, Cloth, 65. net. 
Leather, 75. 6d. net. 

Milne (A. AQ 
Not THar i Marrers. Ir I May. 
‘Tue Sunny Sipe, ‘Tue Rev House 
Mysrexy. ONce A Wesk. ‘Tut Hou 
pay Roun. ‘Tit Day's PLay, Each 
38. Gd. net, Wien Wr went Very 
Youno. Sixteenth Edition, —1692h 
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‘Thousand, Wixxte-THe-Poou. Sixth 
Edition. gut Thousand, Now We 
ARE SIX. | Fourth Edition, rogth Thou- 
sand. Tus Houst at Poon Corner. 
Each illustrated by E. H, SHeparD. 
78 6d, net. Leather, 105. 6d. net, FOR 
‘THe LUNCHEON INTERVAL. 15. 6d. net. 

Milne (A. A.) and Fraser-Simson (H.) 
FourreeN Soncs Frost“ Wusn We 
‘wert Vakv YOUNG.” Twelfth Edition. 
78. 6d. net. ‘Tepd¥ Bear AND OTHER 
Soncs rom “ Wien We WERE VERY 
Youno," 75. 6d. net. THE KING'S BREAK~ 
rast. Third Edition. 31. 6d. net. 
Sonos raom “Now We ane Six." 
Second Edition. 7s. 6d, net, Mont 
Sonos rom ‘Now WE ane Six.” 
78. 6d net, Words by A, A, MILNR. 
‘Music by H. Praser-Stwson, Decora- 
tions by E. H. SHEPARD, 

Montague (G, E.) 
Dramatic VALUES. Cr. Sto. 7s. 6d. net. 

Morton (H. V.) 
‘Tum Heart oF Lonpos. 3s. 6d. net. 
(Also illustrated, 73. 6d. net.) ‘Tue 
‘Speut or Lonvon. ‘Tua Nicurs or 
Lonvon. Each 3s. 6d. net. ‘THE 
‘LoNpON Year, IN SaRcH oF ENGLAND. 
‘Tue Cat oF ENGLAND, Each illus- 
trated. 78. 6d. net. 

Oman (Sir Charles) 
A History or THe Art of WAR IN THE 
Mippik Aars, a.0. 378-1485. Second 
Edition, Revised and Enlarged. 2 Vols, 
Mlustrated. Demy 800. £1 16% net, 

Oxenham (John) 
Buns IN AMBER. Small Pott 8e0. 2s. 
net. ALL's WeLt. ‘Tue Kino's HicH- 
way. ‘THe VisiON SpLenpiy, ‘THe 
Fry Cross. HicH ALTARs. Hears 
Couracrous. Aut Curar! Each Small 
Pott 8v0. Paper, 1s. 3d. net. Cloth, 
as.net, WINDS OF THE DAWN. 28, net. 

Perry (W. J.) 
‘THe ORIGIN OF Mactc AND RELIGION. 
‘Tue Growri oF Crvu.tzation, 
6s. net, TH CHILDREN oF THE SUX, 
£i 1s, net. 

Petrie (Sir Flinders) 
A History oF Ecyet. In 6 Volumes. 
Vol. I. From rae Ist 70 Tag XVIrH 
Dynasty. 11h Edition, Revised. 128. net, 
Vol. I, ‘Tae XVItH ano XVIIIra 
Dynastins, 70h Edition, Revised, os. net. 
Vol, Il. XIXtH 1o XXXrH Dyas- 
‘ies. 3rd Eudition. 12s. net. 
Vol. IV, Ecypr unper THe Provemarc 











By J. G. Mus, 3rd Baition, Revised 
325. net. 
Vol. VI. over tw THe Minot Aces. 
By Stanusy Lane Pooue. 4th 
Edition. x08. net. 
Ponsonby (Arthur), M.P. 
ENotis Diaries, £1 15, net. More 
ENotistt Diaries. 12s. 6d. net. Scot- 
‘TISH AND Inst DIARIES, tos. 6d. net. 
Raleigh (Sir Walter) 
‘Tue Lerrens oF Sin Watrer Rateicx. 
Edited by Lapy Ratetont. Two Vols. 
Mlustrated. Second Edition. Demy 80. 
18s, met. Seuecreo Lertens, Edi.ed 
by Lapy RaLztont. 75. 6d. net. 
Smith (C. Fox) - 
Sattor Town Days. SrA Sonos AND 
BAL.aps. A Book or Famous Sutrs. 
Suir Autgy. Each, illustrated, 6s. net. 
FuuL Sail. IMlustrated. ss. net. 
‘TaLes oF THE Ciirpen Stups. A SEA 
Cust, Each ss. net. ‘Tite RETURN OF 
‘Tae “ Curry Sank.” Iustrated. 35. 6d. 
net. A BOOK OF SWANTIES. ANCIENT 
Manners, Each 65. net, 
Stevenson (R. L.) 
‘Tue Lerrens. Edited by Sir SimNey 
Couvin. 4 Vols. Feap. 8vo. Each 
6s. met. 
Surtees (R, 8.) 
HANDLEY CRoss. Mz. Sponce’s 
Sportine Tour. Ask MAMMA. Ma. 
Facey Romronb’s Hounns. PLAt on 
Runoters? Hiitnapon Haut. Each 
illustrated, 7. 6d. net. JORROCKS'S 
Jaunts Np Joutiris. — Hawnuck 
Graxcs. Each, illustrated, 65. net 
Taylor (A. E.) 
Piavo: ‘THR MAN AND His Work. 
Second Edition. Demy 8vo. £1 15. net 
‘Tilden (William T.) 
‘Tue Ant oF LAWN Tennis, Suvoues 
Np Dountss, ‘Tie ‘Tennis Racker. 
Each, illustrated, 65. net, Tits Com- 
MON SENSE OF LAWN TENNIS. Marcit 
PLAY AND THE SPIN OF THE Batt. 
Ulustrated. sx, net. 
‘Tileston (Mary W.) 
Day Sraenora ror Darcy Nexos. 
‘gand Edition. 3s. 6d, net. India Paper. 
Leather, 62. net. 
‘Trapp (Oswald Graf) 
‘Tue AxMmoury or THB Castir oF CHuR- 
BURG. Translated by J. G. MANN. 
Richly illustrated. Royal 4to. Limited 
to 400 copies. £4 145. 6d. net. 
Underhill (Evelyn) 
‘Mysricisat (Bleventh Edition), 15s. net. 
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‘Tee Live or Tue Spiarr anp THe Lire 
oF To-pay (Sixth Edition). 7s. 6d. 
net, MAN AND THE SUPERNATURAL, 
75. 6d. net, CONCERNING THE INNER 
Lire (Fourth Edition). 28. net. 


Urwick (£. J.) 
THe Soci, Goov. Demy 8vo. 
105. 6d. net. 

Vardon (Harry) 
How To PLay Gour. Illustrated. 


19th Edition, Crotn 8v0. 53. net. 
‘Waterhouse (Elizabeth) 

A Lirtie Boox oF Lire axp DeaTa. 

23rd Edition, Small Pott 8vo. 28. 6d. net. 


‘Wilde (Oscar) 
‘Tur Works. In 17 Vols Each 6s, 6d. 


net. 
1. Lonp Arriur Savite’s Crime AND 


que Porraarr or Mr. W. H. IL, Tae 
Ducuess oF Papua. III. Poems. IV. 
Lavy Wrepernene’s Fan, V. A 
Woman or No Importanct. VI. AN 
Ira Husbanp, VII. ‘Tug _Inror~ 
TANCE OF Beina Earnest, VII, A 
Housk oF Pommoranares, IX, IN- 
TENTION. X. De PROFUNDIS AND 
Prison Lerrens, XI. Essays. XU. 
SALOME, A FLORENTINE TRAGEDY, and 
La Sainte Courisane, XII. A 
Crimiciy Patt MALL. XIV, SELECTED 
Prose oF Oscar WiLDE, XV. ART AND. 
Decoration. XVI. For Love or THe 
KING. (ss. net.) XVII. Vera, on THE 
Nunusts, 


‘Williamson (G. C,) 


‘Tue Boox oF Fanue Rost. Richly 
Illustrated. Demy 4to, £8 81. net. 


PART II. A SELECTION OF SERIES 


The Antiquary's Books 
Each, illustrated, Demy 8v0, ros. 6d. net. 

‘The Arden Shakespeare 
Edited by W. J. Crate and R. H. Case. 
Each, wide Demy 8vo. 65. net. 
‘The Ideal Library Edition, in single 
plays, each edited with a full Introduc~ 
tion, Textual Notes and a Commentary 
at the foot of the page. Now complete 
in 39 Vols. 

Classics of Art 
Edited by J. H.W. Lato. ack, pro= 
fusely illustrated, wide Royal 8v0. 152. 
net to £3 34. net. 
A Library of Art dealing with Grest 
Artists and with branches of Are. 

‘The Connolsseur's Library 
With numerous Illustrations. Wide 
Royal 8vo. £1 114. 6d, net each vol. 
Eunorean ENAMELS. Five Books, 
Gass. Gotpsurriis’ aND Sitven- 
satis’ Worx, IVORIES, JEWELLERY. 
‘MINIATURES. 





English Life in English Literature 
General Editors: EMzen Power, 
M.A., D.Lit., and A. W. Rexp, M.A., 
D.Lit. Each, Croton 8:0, 65. net. 

A series of source-books for students of 
history and of literature. 

‘The Faiths: Vanterizs oF CunistiaN 
EXPRESSION. Edited by L. P. Jacks, 
MA., D.D., LL.D. Each, Croton 800, 
5s. neteach volume. The first volumes 
are: THE ANGLO-CaTHoLic Farr 
(T. A. Lacey); Mopensisa ix Tue 





Enoist Cuurca (P, Garpwer); THE 
FAITH AND PRACTICE OF THE QUAKERS 
(R, M. Jones); Concrecartonauism 
(W. B. Serum); ‘Taw Farrn or THE 
Roman Cuurci (C. C, MARTINDALE) ; 
‘Tue Live aNp Farr OF THE BAPrists: 
(H, Warren Rosinson); ‘Te Pres 
HYTERIAN Cxtuncuns (Jantes Moreart) 5 
Meriopism (W. BARDsLty BRASH) ; 
"Tue EVANGELICAL MOVEMENT IN THE 
Exotisit Cuuncn (L. BLtiorr BiNNs) ; 
‘Tue Unrraatans (Henry Gow), 


‘The Gateway Library 
Feap. 8v0. 35. 6d. each volume. 
Pocketable “Editions of Works by 
Hivane Beuioc, ARNoLD BENNArT, 
E, F. Benson, Grogs A, BIRMINGHAM, 
Manjous Bowen, G. K. Cisrenron, 
A. Cuurton-Brock, Josurit CONRAD, 
J. H. Conte, Gronot Gissino, Gera. 
Gouin, Kexera Grawame, A, P. 
Herne, W. H. Huson, Rupyarp 
Kirtino, E. V. Knox, Jack Lonvon, 
E. V. Lucas, Ronext Lyxp, Rost 
Macavtay, JouN Maseriety, A. A, 
Muxe, Anritr Morrison, EDEN 
Piuutrorrs, MaRMapuxe PiceTHALL, 
Cuanixs G.'D. Roserers, R. L, STEVEN- 
sox, and Oscar WILDE. 


AHistory of England in Seven Volumes 
Edited by Sir Crants Owan, KBE. 
MP. MA, F.S.A, With Maps, 
Deny Sco. 12s. 6d. net each volume, 
ENGLAND BEFORE THe NoaMaN CoN- 
Quest (Sir C. OMAN) ; ENGLAND UNDER 
‘Tus NORMANS AND ANGEVINS (H, W. C. 











‘The Wayfarer Series of Books for 
‘Travellers 
Croten 8vo. 73. 6d. net each. Well 


‘The Westminster Commentaries 
Demy 8vo. 8s. 6d. met to 16s. net. 
Edited by W. Lock, .. 
Snarsox, D. 

The object of commentaries is 


the English text in the Revised Version 
their basis. 


THE LITTLE GUIDES 


Small Pott 8vo. Illustrated and with Maps 


‘THE 65 VOLUMES IN 





‘THE SERIES ARE >— 
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